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O ttmpore^ qtto fiatui ntinnuUa Opm- 
fcu/a mea typis xommittere j> me tum ehicubrata+ 
quando id rnibi pr^tfiare non prohibttit jjfsdua tum 
publice , tutff privatim in MatbemdtJcis Seiemtk 
eos erud/endi otcupatio -, qut bac 4e sauffa ad sue 
(onwniunt .: illo ipfo etiam Jecrevi ejtdem ad T* 
jmitfer*? Tegue iexorare * qucmadmodum fach -, at 
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ea , vetuti fi a Te fuijfent iompofita \ reeiperes . 
tlon /evis autem ad id me caujfa impuJit j nam 
hoc mibi femper perfuafum fuit , quodcumque opus 
illi potifftmtim effe tradendum , qui , utpote rerum , 
qua in opere continentur y peritiffimus > de eodem 
etiam certam , ac tutam pofeft proferre fententiam . 
Quamobrem cui nifi tibi bac mea opufcula dabo? 
Tu il/e es , qui a primis juventutis tua annis uf- 
que ad banc diem atate jam proveHus univerfas 
Scientia Matbematica partes rara difcretione co- 
Juifti y quemque admirantur , quotquot invifendi 
gratia quavis diei bora Te adeunt , imptgre ver* 
fantem in tua Bib/iotbeca copiofis^ atque fe/eHis. 
Jibris , potiffimum matbematicis , infiruHa . Tu il/e 
es , qui , cum univerfa/i po/Uas Tbeoria , cuique 
Te de 1(ebus Matbematicis interroganti ve? prom* 
pte , ac di/ucide fatisfacis , vet certos indicas fon- 
tes , ex quibus fingu/a pofjint depromi . Cumque 
pcrfeHifftma Tbeoria pracipuus ejfe debeat fruHus 
aque perfeHa , atque accuratifftma Vraxis , Tu in 
quocumque ejufdem genere excel/is • AnteaHis enim 
annis\ quamquam graviffunis tam privatis, quam 
publicis ejfes diftenttts curis , ut genio tuo indu/ge- 

,. res % 



res, modo unam y modo alteram Maeb/nam manu 
tua folebas exftruere , modo vitra polire , modo in* 
ftrumenta matbematica cujufcumque generis perfi- 
cere, idque tanta perfeHione praftabas quanta te» 
ftatur in fua Specula Domeftica (a) Clarifjimus 
Marinonus Matbematicus Cafareus elaboratum 
fuiffe Quadrantem Aftronomicum dono eidem , ut 
Viro tibi amicijjimo , datum . Tu ilie es , quem 9 
cum in rebus & fpeculandis» & exercendis exper- 
tiffimmn , quicumque bas callent fcientias , 4g»0- 
verint* ad pracipua ideo munera felegerunt . 'N.am y 
cum de 1(eno Bononienfi dirigendo ageretur , qua 
de cauffa prima Matbematicoruin lumina illuc con- 
venerant- inter qnos Grandius* Marinonus y Z,en- 
drinus , Corradus , Manfredii , ex Urbe noftra 
evocatus es* ut Tu etiam confuli pojfes j cum vero 
de Ticini curfu moderando varia effent Celebrio- 

rum 

*mm^^mi^mm~i^^mmmmi^^^m^^^^*mmm^mm*mmmmmmmmm^mmmmt^^ma^^mmmmmmmmm^am mmmmmmmmmmmmmmmmmmmmmmmmmmmmmmmmmmwmmmmm—^mmmmmmmm 

(a) Lib. z. dr Organico Apparatu Aflronomico Paragr. 3, pag. 
nz. Hunc Vir cximius • diu nuima mihi amicicia con- 
jun&us 9 Carolus Jofephufc Mcrula Mcdiolanenfis CoIIc- 
gutus , & ad inrcgri Scacus confinia depucatus Gcomerra, 
Civilis Archire&iirae, Hydromecriae» Diopcricac t * aliarum- 
que parcium Mathefeos \apprime do&u$,-a domftfcco R$e- 
chauico fibi conilrui curavit , ipfeque in gttdus * & mi- 
nura peculiati srtificio divifir , tubcs teleicopicos leptibus 
a fc politis inftruxit, deinde^ad ufum, tncx Specul* » *n- 
feulpro fuo nomioe , mihi donavit . 



rum Hominum fententia , tuam /pfe 5 ($ verbp * 
i$ fcriptis ita firtqafli^ ut probabilior baberetur^ 
in *Hovoc<>*»enfi autem /igro ita alvei omnes tuo 
confilio , •($ arte fuerunt expurgati , & -aqua di* 
duBa? ut deinceps Comenfis Civitas txundationi» 
bus multo tninus fuerit obnoxia. At^quidtgo per* 
gam per ftngula ^ eum miverfi bi noftri Cives 9 
quanti fis , tbunde teftentur ? Tibi tnim prsecipue 
eommittunt 9 Ji qua ardua funt vel in adificiis con- 
ftruendis , vel in Macbinis moliendis , vel in aquis 
derivandis^ vel in qualibet Matbtmatica s\e.per- 
ficiend* . Quart quem alinm , preeter Te , veHm 
operum tneorum Judicem ? Qaamquam bac tecum 
alia etiam de taujf* trant tommunicanda ) abftra- 
Bas fiquidem , atque %eometricas tantum tontinent 
propofitiottts bac mea Opufestla $ nullam tgo antt* 
bae inauditam Mecbanic* Ugem, nullam stfque 
rmdo incognitam matura vim y aut tjufdem motum* 
nullum Satellitem^ aut Jidus novum detego,wbiI 9 
Inquam uno Tuerbo , torum , q ua Eruditorum Homi* 
mm admiraiionem , ac Jefiderium txcitare pofftnt «. 
Cum itaque taTu mibi neceffitudint fts conjuth 
Mns , ma nulla magts ? *ufim dieere 9 familiaris 9 
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gp ?#t)w4) quamque teftatus es femper bumamjji- 
wis quihufcumque officiis tuis y prafertim ver& cutn 
dikHiffimum tuum Filium % iltumque unicum tnibi 
tAatbefi imkuenduw tradidifti > patienter » atque 
*quo animo teges > quod fortjffe alii defpicient . 
Atcipe igitur boc > quidquid eft % amicitia > ac vete- 
ris confuetudinis noftr<$ vetuti pignus , fi enim tibl 
uni probatum id fuerit % fatis emolumenti ex. bifce 
tucubrationibus tneis me percepifje judicabo . Vate* 
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THEOREMATA, 

I N QU I B US 

Plures Circuli ad Polygona , Spbarce ad Solida infcripta » 
& corporum regularium inter fe proportiones 

dembnftrantur . 




NNO quadragefimo nono fupra millcfi- 
mum , & feptingentefimura , cum_. 
fuum de Etrufca Eloquentia opus clc- 
gantiffiraum confcriberct Congrcgatio- 
nis noftrae Vir docliffimus Salvator Cor- 
ticellius , aliquid a me clucubratum_. 
quasfierat eidem infcrcndum . Videram autera paullo 
ante Eximii Viri Francilci Zanotti duo illa univcrfalia, 
ac nunquara fatis coramendata Theoremata de propor- 
tione figurarum planarum ad circulum,& folidarum ad 
fphasram Infcriptam , de quibus litterarias Ephemerides 
Florentinas mentionem feccrant . Quamobrem mecunu 
ipfe cogitare coepi, fi quid fimile etiam evcniret in cir- 
culis refpeclu ad figuras reclilioeas , ac in fphasris ref- 
peclu ad folida , quas iifdem infcribuntur . Tum igitur, 
ut Hominis , quem plurimi femper feci , voluntati ob- 
tcmpcratcm, tum ut defiderium meum , quo jam tene- 

B bar , 



4 THEOREMATA 

bar , explerem , hsc ipfa ad trutinatn revocavi ; quod 
ut rite peragerem opportunum elle maxime arbitratus 
fum iifdem Zanoiti Theorematibus uti • Nec male res 
ceffit ; vix enim circulo polygonum , & polygono cir- 
culum , fphaeras folidum , & folido fphaeram infcripfi , 
mt ftatim animadverti bas figuras conftantem inter fo 
proportionem habere . Sex itaquc Theoremata inveni ; 
principiis ex Zanotti propofitionibus dedudlis eadem de- 
monftravi : atque , ut eorum ufum , & utilitatem indi- 
carem , plures Veterum propofitiones longis , implica- 
tifque ratiociniis olim demonftratas, exbrevibus, perfpi- 
. cuifque demonflrationibus erutas tradidi . Ubi vero opus 
abfolvi , ea ad Corticellium mifi , ut de illis tum per 
fe ipfum , tum per alios examen infiitueret , & 9 quid- 
qiiid fentiret , decerneret . Theoremata confidcravit in^ 
ter ceteros Zanottns , nec cenfuit contemnenda ; Mo« 
dum interea cogitabat Corticellius , quo eadem in opus 
fuum induceret : fed cum nimium ab infiituto fuo di- 
grediendum fibi videret, fi omnia compledleretur, unum 
tantum fibi affumpfit Theorema ; reliqua vero , ut iJL* 
fymbolis fuis imprimenda curaret eruditiffimus Vir , ac 
de Republica litteraria optime meritus Pra?pofitus Anto- 
nius Gorius, effecit . Cum vero paullo pofi; ea perlegif- 
fet Comes Gregorius Cafalius in Bononienfi Infiituto Ar- 
chite&urse Militafis Profeffbr , qui , cum in Phyficis , 
«que ac Mechanicis Rebus fit apprime verfatus , ut fQ- 

ler- 



DE FIG. ClRCUMSCR. AD INSCRIPT. 5 
lertiflimus quoque Mathematicus mcrito eft Uudandus , 
pfsefertim ob Tetrabedri , Hexahedri , & Octahedri in- 
fcriptioaes incomparabili facilitate , mira brevitate , ac 
perfpicuitate demonflratas , atquc ea probaviflet , ac fu» 
pra meritum commendaftet , aaimura mihi addidit , uc 
kerum .ea t/pis committerem uoa cum pluribus aliis 
Thcofcraatis, quorura nonnulla Clariffimus Zanottus fibi 
communicata non improbaverat , fperans fore , ut om- 
nia apud utruntque eandetn inirent forcem , nec fortaflb 
ceteris cflcnt iojucunda . 

THEOREMA L 

Ambitus cujuslibet figure pl&nas reclilinese, cui cir- 
cumfcribi , & infcribi poteft circulus , eft ad circumfe- 

1 

rentiam circuli circumfcripti , ut re&angulum ex peri- 
metro in radium circuli infcripti , feu ut dupla area_. 
figurae redlilineae infcripta? ad re<5hngulum cx peripheru 
minori in radium majoris . 

1 

Demonflratio . 

Sit circumfefeotia cicculi circumfcripti =: C 
.— — — r- — — — iofcripti = c 

— — periraeter flgurae re&ilinea; = p 

— — — — radius circuli majoris = R 

— — — — — — minoris = r 

erit C : c = R : r; 

B 2 fed 



4 THEOREMATA 

fed ex Th.T. Cl. Zanotti c:p=cr : pr,&Cc:cp=Rcr:pr*; 

ergo C:p = Rc : pr. Q, e. d. 

Corollarium L 

Si triangulo aequilatero circumfcribator , & infcri- 

batur circulus, erit r = R , ac proinde c = C ; cum igi- 

T~ * 

tur fit C : p = Rc : pr, erit etiam G : p =_CR : pr; 

» 

fed CR eft area circuli circumfcripti , pr dupla area_ 

trianguli asquilateri , feu area hexagoni eidem circulo 
infcripti ; ergo circumferentia circoli triangulo asquilate- 
ro circumfcripti cfl ad perimetrum trianguli infcripti,' 
ut area ejufdem circnli ad aream hexagoni . 

CoroUarium IL 

Hinc erit fuperficies prifmatis, cui infcribi, & cir- 
cumfcribi poteft cylindrus , ad fuperficiem cylindri cir- 
cumfcripti, fcclufis bafibus, ut dupla bafis prifmatis ad 
redhngulum ex radio bafis cylindri circumfcripti in pe* 
ripheriam bafis cylindri infcripti . 
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DE FIG; ORCUMSCR. AD INSCRIFT. J 

« 

CsroUarium UL 

Quod fi prifma triangularc cylindro infcriptom ba- 
fim habct aequilateram , erit fupcrficies cylindri ad fu- 
ptrficitm prilmatis, non confideratis bafibus, ut bafis 
cylindri ad bafim prifmatis rcgularis, cojus bafis fit hc- 
xagonum in eadem cylindri bafi infcriptum per Cor. L 

THEOREMAII. 



Area cujuslibet figurse plana rectilineas , cui infcri- 
bi, & circumfcribi poteft circulus, ell ad aream cttv 
culi circumfcripti , ut parallelepipedum , cujos altitudo 
eft perimeter , & bafis quadratum diametri circuli in- 
fcripti , ad parallelepipedum , cujus altitudo cft circum* 
fercntia minor , & bafis quadratum diametri majoris . , 

Demonfiratio . 

Sit area circuli circumfcripti = A 

— — — — — iofcripti = a 

— — — figuras infcriptay = a 
circumferemia circuli circumfc. = C > 

— — — — — infcripti = c 

— — — perimeter figurae — p 
■— diameter circuli majoris = D 

— — — —«— minoris =: 4 . 

erit AxazzD* :d*i 
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« T H EOR E M A T A 

fed per Thcor. I. Zanotti a : a s c : p ,' 

& A«: *a = D*c: J*f; 

ergo .<* : a = D** : <**p . Q. e. d. 

CoroUarium L 

Si tciaogulo asquilatero infcribatur , & circumfcri- 
batur circulus, cum tunc fk d = D, erit etiam r = C; 

1 Z 

quare erit A : a =^£D* : pD* = iCD*:pD*=2C:p; 

* 4 

Area igitur circuli circumfcripti ad aream trianguli asqui- 
Jateri iafcripti doplam habet rationem ea , quam habec 
circumfcr cntia circuli circumfcripti ad perimetrum triao- 
guli ; fed circumfcrentia eft ad perimetrutn , ut areo-. 
circuli circumfcripti ad. aream hexagoni infcripti per 
Cor. I. Thcor. I. ; ergo area circuli circumfcripti ett ad 
aream trianguli , ut dupla area ejufdem circuli circum- 
fcripti ad aream hexagoni infcripti ; ex quo infertur 
aream hexagoni duplam efle area trianguli asquilateri . 

Corollarium 1L 

Quod fi circulus infcribatur, & circumfcribatur qua- 
fdrato ; tunc d = D , ac proinde cD* = CD * ; ergo 

f* "p2~ 

u*:a=CD* :D*p ; fedp =^D; crgo A : »= CD* :4D» 

= CD*:aA?J = Ct£, 

a Coroh 
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DE FIO. CIRCUMSCR. AD INSCRIPT. «7 

■ 

Corollarium UL 

Vel hexagono; quoniam D* c ~CdD % crit At*=. 
CdD:d*p; led p = j£>; ecgo A : i-CdD : jDi* = 
C: $d. Ell igitur arta circuli majoris ad aream hexa- 
goni inlcripti , ut circuroferentia ejufdem circuli ad pe- 
rimctrum hxxagoni circulo minori infcripti; fed pet Co- 
rol. I. Thcor. I. arca circuli circurafcripti eft ad arcauL- 
hexagoni infcripti, ut ejufdem peripberia ad perimetrum 
trianguli aequilateri ; crgo ambitus trianguli asquilateri 
circulo majori infcripti adsequat perimetrum hexagons 
circulo minori infcripti. 

Corollarium IV, 

Hinc fi circulo infcribatur bexagonum , & hexago- 
no circulus , & huic altud hexagonum , atque ita in in- 
.finitum , tam hexagonorura perimetri, quam eorundem 
areae crunt in proportione continua ; nam , 11 cuilibec 
circulo intelligatur infcriptum triangulum «quilaterum , 
& vocctur perimeter hcxagooi majoris = E ; pcrimeter 
fccundi = E; & perimeter tenii s: e ; item ambuus trian- 
guli aequilateri roajoris = T , ambitu&i lecund = T, & 
ambiuis tertii zz t , erit E : T = E : T ; fcd per Corol. 
ptcec T =: E ; ergo E : E — E : T; paritcr efit E :T = 
\4 : /; fed pec idem CoroL T=<; ergo E: $ ~e : t zz E- : E; 

ergo 



6 THEOREMATA 

crgo E :£ = £:/ ; Sunt igitur perimetri E, E $ e iiL* 
proportione continua > & > quia areae funt in duplicata 
ratione perimetrorum , hx quoque erunt in proportione 
continua ; fed circulorum circumferentfce 9 & triangulo- 
rum aojbitus funt, dt perimetri hexagonorum , quemad- 
roodum eorum are«, ut arcas hexagonorum ; ergo funt 
in proportione ccntinua : imo quascumquc fint figurae 
-fimiles circulis infcripts erunt in proportione continua-. 
tam earutn perimetri , quam areae . Suppofito ergo pe- 
rimctro hexagoni majoris = i. f eorum ambitus , ficuti 
omniu.m figurarum fimilium, juxta hanc numerorum fe- 
riem progredieutur i. \/% . ? . 1/27 . 9 &c. in infinitum, 

atque eorum areasjuxta hancaliamferiem 1. 3 . 9 • *7 • §1 . 

&c. in infinitum '. 

Corollarium P* 

Quod fi intelligemus du&arn efle diametrum tum^ 
circulos , tum hexagona, tum triangula asquilatera bifa- 
riam dividentem , aique circa hanc revolvi concipie- 
mus five femicirculos , five femihexagona , fivc femi- 
triangula 9 ex primis orientur fphaeras , cx fecundis cor- 
pora compofita ex duobus conis , & cylindro, ex ter- 
tiis denique coni , quorum corporura fuperficies crunt , 
ut arese figurarum ca produccntium , cum dcbeant eife 
in duplicata ratione laterum, & foliditatcs erunt, ut cubi 

peri-. 
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DE FIO. CIRCUMSCR. AD INSCRIPT. 9 
perimetroram , cum fint ia triplicata rarione laierura . 
Quarc foliditatcs hanc numerorum feriem conftituenc 
i *jy$ • *7» 811^3 &o in infiaitum ; quod a?que verum 

8 <*4 51» 

erit de foliditatibus omnium fimilium corporum , qu« 
his infcribi poffunt fph&ris , ut patet • 

THEOREMA III. 

Superficies corporis , cui infcribi , & circumfcribi 
potcft fphasra, eft ad fuperficiem fphasras circumfcript» 
io ratione compofita rationis fuperficiei corporis ad fu- 
perficicm fphaeras infcriptas 9 & ejus , quara habet qua- 
dratum diametri fphasras minoris ad quadratura diamc* 
tri fphasras majoris. 

Demonfiratio • 

Sit fuperficies fphaeree circumfcriptae = A 

— — — — — - — infcripta? = a 

— — — — corporis infcripti = a 

— diameter fphajra? circomfcriptas — D 

— — — — . — — infcripta; =: d 

crit A : = D*:i»; 

fed per Theorema II. Zanotti a:a = da: ia ; 

T" ~ 

quare Aa: a2 = daD % :id*; 

6 ~1T~ 
ergo A : a = «D* :ai*. Q.c.d. 

C CoroU 
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Corollarium U 

Si corpus , cui infcribitur, & circumfcribitur Iphi 
ra , fic conus aequilatcras , cum ia boc cafu fit 4 : =D 

ttit A\ zzzgp*: ap» zz a:z; fed * : 3 = 4: ? , ac 

4 4 

proinde a = 4a; ergo vf : a z: 4a : a = itf : j. 

* T *4 

CoroUarium U. 

Sed (i efl cylindrus quadratus; tunc, cum fit D*=2i*, 
&<» = aa,erit^:a=: aaD* ;a4* = 2D*:4» = 4J*: 

1 J 3 ~T" 

4 * = 4 : 3 . Quod fi cylindri fuperficies confiderabitur , 
feclufis bafibus , quas adaeqoant terriam ejus partenL» , 
erit A\ »a r= aaD*: «a4* = D* : 4* = 2: i« 

1 } J 

CoroUarium IIL 

Hinc, cum fit fuperficiea fphasra? ad fuperficiem 
cylindri quadrati infcripti , ut 4 : 3 , & eadem fuperficiea 
fphaera; ad fuperficiem coni asquilateri infcripti, ut itf : 9, 
feu, ut4:p, erit fuperficks cylindri ad illam coni, uc 
1:9; fed 3 : * = 4*3» crgo fuperficies fpharrar, cylin- 

~ ~ dri 
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<fri quadrati , & coni ascjuilateri » quae funt in fphaer 
inknpta , eandcm coatiouant proporuoaejn . 

CoreUarium IP*. 

Cumqoe fit fuperficics fphaerae circomfcriptae ad fu- 
perficiem integram cyltndri quadrati , ut 4 : 3 , & illa_, 
ad hanc fine bafibus , ut 2 : 1 , feu , ut 4 : 2 , erunt fu- 
perficies fphaerae , fuperfieies cylmdri quadrati intcgra^, 
& eadem fine bafibus in proporiiooc ariihmetica conti- 
nua , idcfl, ut 4; $ : 1. 

Corolhrium V. 

Infcripta , circumfcriptaque fphaera quadrato rhom- 
bo conico , habctur i = D, & : a = <* : D; crgo Ax a= 

vx 
4D % : Dd* = D : d = ri : 1 , idcfi , fuperficics fphasras 
circurofcnptae elt ad lupcrficicm rhombi quadrati conici , 
ot fphaerae circumlcriptae diaraeter ad diaraetrum infcri- 
ptas, fcu, ut diameter iphaerae circumlcriptae ad latus qua- 
drati choaibum gigncntis. 

« 

Corollarium VI. 

Et,quoniam ^:a=D:i, & a : a = d: D, atque 
convenendo a : a = D : i, erit A : a = a : a, hoc e(i ft*. 

C 2 p cr . 



ts thboremata: 

perficies rhombi crit media proportionalis inter fupeifi. 
ciem fphxras circumtcriptae , & infcriptas. 

Corottarium Vlh 

Quod fi fphcera infcribitur , & circum r cribitut te- 
trahedro ; quia a : »D*, & d = D, ac proinde a—A^ 

crit A: a = AD *t iD*= ^: iD*;fcd, pofita circumv 

P 9*7 ^3 

ferentia circuli maximi fphaeras circu mfcriptas = C , crit 

A = CD; ergo A:z = CD: aD* = C: tD. 

Corottarium Pllh 

Sed , fi corpus , cui infcribitur fphaera , & circum- 
fcribitur , eft octahcdrum , cum &i*zzD*f$,d = D, 

& azzA, erit ^: a = AD *t aD» = ^: D % vi\ dcno- 

7 3 3 

minata autem circuli maximi fphasras circumfcripta» cir* 

cumfercntia = C, cum fit ^ = CD, erit wf : a = CD : 
D*^3 = C: D^3. 



Coroh 



m FIG. CIRCUMSCR. AD INSCRIPT. lf 

Corollarium IX. 

Ft quia , infcripta , circutnfcriptaque fphaera cubo^ 
8= iD», 4 = D, c< aD l = A D* , erit A : a = 

«£D * lafl»:^! z D * j fcd , fuppofita circumferentiaJ 

3 % 

circuli nisximi fphaerae circumfcriptxe = C, cura Gt Azz 

CD t tx\iA: a = CD : aD* = C:2D;& qoia,ut C:sD| 
ita ctrcolus maximus fphasrse ad quadratum in eo infcr> 
ptum per Corol, 1L Theor. II. ; ergo fuperficies fphaeras 
circumlctiptas eft ad fuperficiem cubi , ut ejus circulus 
inaximus ad quadratum cidem circulo infcrtptum* 

Corollarium X. 

» 

Suppofita fphaera infcripta, & circumfcripta icofc 
hedro , crit a = 100*1/3 , & d - * D+ Dvj , adcoque 

5+-f1 "30*- 1/180 

aD* — AX f4 f>* «»-' 0*1^180 ;crgo A : a s 

30 +• (/180 

i* X «4P* — P*^i8o : a X HD^*- D' 1/180 *=? 

30 •♦- 1/180 304-1/480 

^ : iop»i^3 • icd , fi circumfercntia circuli maximi' 

fphas- 



»4 THROfcEMATA 

fphasras circumfcript» dicatur C, erit A ~ CD\ crgo 
A i *=, CD ; ioD*^3 =. C « ioDi^3 • 

V 

Corollariam XL 

Si tandem fphasra infcribitur , & eircumfcribitur Do- 
decahedro» cum Gt a = ioD* , & 4 = 3D 4- Di/f f 

# ^iof 21/5 ^30 +• 1/180 

crit « D* = i< X 140*4-0^180 ; quarc A : a =: 

30 4- K1S0 

^l X 14O* 4- D* 1/180 : aX 14 D* *-D*t/i8o = 

30 v +- ^180 30 +■ 1/180 

A ; * ioD* ; quod fi fuppoaatur circumferentia cir- 
*/ — — — 

•^IO 4-2^5 

culi maxJmi fphasras circumfcriptas = C, crit A zzCD\ 
ergo i:i = CD : 10O* = C : 10 D 

*^io 4- 2*/f ^io 4-2^5 

Corotlorhm XII. 

Hinc erit foperficies tetrahedri ad fuperficiem ocTa- 
hcdri , ut 2:3; nam , denominatis corporibus , & ipha> 
ra circumfcripta per eorum littcras inhiales, quod pras» 
(labitur etiam in fequentibus Corollaxiis , erit 
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T : S =^2,? C 

S : = C : Di^3 ; 
crgo T: = iD : Dk'} = iD : j D 3 2 : $ » 

CoroNarim XIII* 

Soperficies tetrabedri ad fupcrficicm cubi , feu hc r 
xahedri , ut i : V } ; oam 

7* : S zz iD : C 

5 : H s C : *D; 
ergo T : H s zD : »D = iD » iDf} = I %V%% 

Corolhritm XtP. 

Superficies tetrabedri ad fuperfickm Icofohedri , ut 
^4-^5 : 15 j nam 

T ; Sz: iD ;C 

"3 

1+-V5 
ergo T j / siD: toDf i = i : %V% S 5*K5 : ij» 

Coroh. 
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Corollarium XP. 

Tandem erit fuperficies tetrahedri ad fupcrficiem-. 
, ut i *_5^3; nam 

T: S = £D : C 

"3 
S : A = C: ioD ; 



ergoT:A=*D: ioD = t : y = i: fi/$ 



"3 "io-f-ak^ "3 ^10+2^5 «'io-i- i^S 

«• 

Corollarium XVI. 

Proportio fuperficiei oclahedri ad fupcrficicra cubi, 
(eu hcxahcdri erit , ot v % : 2 ; nam 

O : $ = Df3 : C 
S : H= C : »D; 
crgo O : H = Dk'?, : 2D = V 3 : s • 

Corollarium XFZ7. 

Et foperficies oclahedri erit ad fuperficiem icofahe-i 
dri, nt 5+-J*5 * X°5 q ui * 

0* 
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: $ = D^j : C 
5 : / =. C : loDi^t ; 

5+-K5 
crgo OilzzD^s : ioDv$ = 1 : 10 = 5 4- f; ; id 

•5«-*'J 5«h^5 
Corollarium XPUl 

Soperfieies deoiqoe oclahedri eft ad foperficiem ao- 
decahedri , ot v 5 : 10 ; nam 



^jo+- 21^5 
0:5= Dv% \ C 
S : A = C : 10D 



y io+-ii^5 



ergo : A = Dfj : 10 D = ^3 : 10 



^Ift4- *!••* ^ 



Corollariuxn XIX» 

Ratio foperficiei cubi, fcu hexaaedri ad foperficiem 
icofahcdri erit, ut 5^^; : 5^3; qoia 

H: S= 2D : C 
5 : J = C : \oDi/$ } 

5+-»^5 
ergp H: JsaD : loDt^ = tl 3¥$_ =5+1^5: 5^3. 

5+ ,^5 5+1^5 

D CctW- 



W T « « 011 ir JLT h 



Corollarjttm XX, 







Etproportio fuperficiti cubi, fc» hexahedri *d pro- 
portioncm fupcrficJei Aodeahcdri, m i ; y ; nam 

5 : A = C : 10D ; 
crgo H : A = *D_: iqD = 1 : j * 



10 +-21^5 ^io ■*- 21^5 



» « 



Corottarium XXU 

Erit tandcm fuperficies icofahedri , ad fbperficicm- 
Aodccahedri , ut t_j : 1 ; feu, ut J/30+-0V5 : 



•■^ 



5 -»-^5 "101-21/5 
j +- ^ 5 ; nam 

J ; S =: ioDi^ . : C 

5tKJ v 
5 : A = C : 10 D ; 

t l ' ■ 'i 1 . ■■ ■ 

^W+.2l/5 

ergol: A= ioDi^? : 10D = v% : 

5-+- "5 Vio +»41^5 ; JJ" "£ ^io+xvs 
^TTovJ : 5 .*. V 5 . T. /_" 



1 = 



» • 



THEO 
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THEOREMA t V. 

Soliditas corporis , cui ' iofccibi , & circumfcribi po- 
teft fphaera, eft ad foliditatem fphserae circumfcriptas ta 
rationc compofita rationis fupcrficiei corporis ad fuper- 
iiciera fptaere infcripta; , & cubi diamctri mjnoris , ad 
c^bum diameirj majoris • 

Demonflratio . 

* * * # 

Sjt folidjtas fphasrae circumfcriptas = 5 

— .,— — — .— infcriptas = s 

— — . — — — corporis = / 
*Jiaqpetcf fyhxtx circumfcripta? — D 

— ..— • — — — infcriptae = 4 
■ / fbperrtcies fphasra» circumfcriptas = A 

— — • — - — — infcriptae = a 
T ; i— — — — ' — corporls = a 

crit S : s zz D* : d* i 
fcd per Thcor. II. Zanottf s : f = a : a ; , 

. & tf x : j/ = «DT: ai«; 
crgo S :/ = «Di: aiJ.Q.e.d. 

Cffhllarium L 

Si po.natur, corpns , cui infcribi.tur, & circumfcri- 
bitur fphaera, effe conum sequilaterum, cum fit a : a = 

D 2 4 : yf 



*o THEOREM AT k 

4 :p, & <*=£>, erit <* =41, &d*=Di; ergojt/s 

^ 9 • 

4aDt :aDi=4:i=52:p. 

Corollarium 1L 

N 

Quod fi fuerit cyliodrus quadratus ; quoniam a =: 
2 a , d = D , ac proiode 41 = D» , crit 5 :/= taD> : 

aDJ ; crgo $:fzz 2: 1 = 2f8 : 3 = 1^31 : 3 • 

Hioc , cjim foliditas coni aequilateri fit ad foliditatenL» 
fphasras = 9:32 = 9:4, & foliditas fphaeras ad foli- 

7 

ditatem cyliodri quadrati = 1^32 : 3 =4 :_£ , erit fo* 

f8 
liditas primi ad foliditatem fccundi = 9 : tf » fed 9 : 

Tf 1/8 . . 7 

tf = o* : 4; ergo foliditas fphasras, cylindri quadrati, 

& coni a?quilateri , quae in fphasra funt infcripta , hanc 
cominuant proportionem 4 :_£_ : 9 • 

^8 7 

Corollarium 7/7. 

Sed, fi cfl rhombus qoadratus conicus; quia <i : a = 
'i:D, &i = D , cft £:/=4DS:D4s = D»:4» = 

K2 

D* 
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B* i D* s x ; i ; eft crgo foliditas fphajra dupli fott- 



2 

ditate rhombi. 



» • • 



« . 



:i .- . . CoroUarium JT. . 

Hinc, cora fit fupcrficies fphaeras ad fuperficienu 
rhombi iofcripti , ui fa : i per Corol. V. Thtor. III. , 

&foliditas uoius adl9lidiutcm.aherius.ut 2 : 1, fupex- 
ficies luoi ut radices. foliditatum. . 

j 

m * 

Corollarium V, 



T-:>r 



Erunt iofuper foliditaies fphajr» circumfcriptas , 
tbombi, & cobj rc&i iofcripii in prpportionc continua, 
nimirum ut 4 : 2 : 1. 

Corollarium Vh 

r -' 

Infcripta , circumfcriptaqae fphasra tetrahedro , eric 
a r ztD* 9 d —£ » ac proptcrea a -A\ crgo S : fzz 

1/3 3 p ' " 

u#Ds : iDS^J 1 aD* ; fed, pofua circumfercotia^» 

7" »7^3 3"3 

circuli maximi fpfuer* circumfcripta» = C, eft u# = CD j 

ergo 5 :•/ = CD : aD» = C: »D . 

3K3 3^3 

CoroU 



Corollarium Vlh 

- % 

. »' ' ' ' t 

Quare , cum fuperficies fphasrae fit ad fuperfidenu 
tetrahcdri , ut C : £& =pet Ottofc VIL Thcor. III. , & 

foliditas fljius acj fotidhatem hujas, ut C t iD, etit ra- 

* • '■ . . . ..-'.:/'. ■•"•,' ~~Z~~~~- 

iyx 

tio folfditatfs fpKaera; ad foliditatem tetrahedr i : inftripf i 
tripla rationis, quamtiaDet ' taperficics ejufdetn fphaerfe 
ad fupcificiem tctrabedri... ^ 

• •: ?^%W W tt \ - > 

• • 51 bclahedro tnfcHpra ,' & >«ef rcuitf ftflpfia cft fphasr a ; 

erit a = D*k'3 , i = D , adeoque *«'c>^#;-ergo S:/c 

1/3 3 

_4DJ : D* = -4 : D*;' fed, nippblita circumferentia cir- 



• • • 

• • ♦ i - 



V -5 -?":... . ,f >. • U -^ 'f 

•^ f - .«• • ••,. J .'«..._ . , , 

culi raaximi fphaeras circrjmfcrjpue = C t cj\ J - CD j 
ergo S:f-zCD: D* = C: D'. 



i* > 



Corollaritm IX. 



*» * 



" Et quia /olictitas rhombi folidi cft dimidium folidj- 
tatis fphaeras circumfcriptfe per Corol. III. , erit foliditas 
hujus ad folidiutcm o&ahedri, ut _C : D, ut C: :D. 

2 

Corol- 
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CoroUaritm X* 

i ficd,,-mft-Htfapcificic3 fphier» ad fupttfidcm cubt 
infcripti , ut C * a D ; circulus maximus iprweras ad qua- 
draiuia tn eo- infcrjptutu , ur C? 3 D per Coret. IX. 
Thcor. U/., crit foliduas rhombi ad foliditatem octihfr 
dri , ut \fupesficies fphapra: ^d^upcxftcicni cipbi isfcripti, 
m circulus" maXimus fptiacr^e ad quadratura infcriptum • 



Corollarium £l 



t -• 



• t I »-• « 



* • • '-Infcrfpta $ cwcinnfcrlpttcjiie fptea cobo ; crfta =: 
iD*, rf=t_b_vac jjroindc Vi: A j ergo $rf'zz JtD* ; 

^3 T 3 

2P * — ^: »Q * ; 8c quonlam j denornloat* circutnfeccn- 
3^3 ^3 

tia circuli maximl C, efl: ;# =: (?E> j; ergo £z/i.CJD : 
aD» = C: iD , fed eiiam fuperficics fph*r« «ii ad lu- 

^3 - ^3 . 

perficicm tetrahedri , iit -C : » D per Coroi. VII. Theor* 



• 

III.; crgo fuperficies fphgras ert ad fuperficicra tctrahc- 



/ 1 ~ 



dri 9 ui iolisittAS ipb*r«.ad ioliditatem dubi 



*ri ;« J 



C*w/- 
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Coroilarium XIL 

Vcl icofehedro ; cum fit a = ioD»^3 ,"4i = 

5+.K5 
t D +• Dv$ , guarcgD» = AX 140^0^180 , etit 
^o+.^i8o 30 - "80 

SzfziJDX i4D»-f>D*^i8o : ioP»^3 X 

304-1^180 5 + ^5 

14 D* 4- D* 1^180 X <* =^ •' *° OKJ X <* J fcd ficircum- 

30+- 1/180 5"*-^5 

ferentia circuli roaximi fph«rae circumfcriptae dicatur C, 
«ftJ = CDj ergo S :f = CD moD^ X <* = C* 

'ioi/j X <*t & fubfiituto pro d ejus valore asquali , d = 

5+- 1/5 
3D+-DI*'*; ^c aclu multiplicando , terminofque ad 

^jo*- K180 

minimam denominationem reducendo ; 

S :/= C : tfD-t-aDk^ 



^10 +• 1^20 -f ^* +• y± 



= C : SP4-PK5 



Vi+n+Vx~»% 



Cmb 
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Corollarium XIII. 



Vel taodem aodecahedro; quoniam a= 10D* 



/^io 4-21^5 
&<* = }D+-D^5, erit *D* = ^X I4D*+-D» 1^180; 

^c7m/i8o 30 +.1/180 

ergo S:f = ADX i4D*+-D*i/i8o ; ioD* X 

I4D*+.D*^i8o X d = ^ : 10D X <* * fcd, fup. 

30 +.^180 A / io+-2^5 

pofita circumferentia circuli maximi fphsras circumfcri* 
ptae = C, eft ^ = CD ; ergo S :/ = CD : 10D 



A'lO+-2k'5 

Xi = C? 10 X<*> & fubfthuto loco J, ejus va- 

^I0+-2^5 

lore aequali , d = 3D+. D1/5 , & aclu multiplicando , 

atque produclum ad minores terminos reducendo, 

S 1 f = C : 3 P +-01/5 . 



• 



E Corol> 
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Corollarium XIF. 

Erit ergo foliditas tetrahcdri ad foliditatem odhhc- 
dri , Ut J ; 1^17 ; quia 

T : S = *P : C 

S : = C : P; 
ergo T : O = *P : D = * : 3 1/3 = 2 : ^27. 

3^3 
Corollarium XP. 

Sed fuperficies tetrahedri eft ad fuperficiem o<5tahe- 
dti , ut 2:3 per Corol. XII. Theor. III. ; ergo iupcrfi- 
cies illius eft ad fuperficiem huius , ut duo ad radicem 
cubicam vigioti feptem , & foliditas primi ad foliditatem 
fecuodi , ut duo ad radiccm quadratam yigioti Xeptem. 

Corollarium XTL 
Et foliditas tetrahedri ad foliditatem cubi,ut 1:3; 

nam 

T : 5 = *P : C 

31/5 

S : H = C: aP ; 

ergo 7* : H = *P : *P =1:3. 

3^3 ^$ 

Coroh 



\ 
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Corollaritm XVII 

Hinc, cam fit fufccficies tetrahedrl ad fuperficiem 
hexahedri , ut i : 1/3 per Corol. XIII. Theor. III. , fu- 
perfieies horum corporam eruat , ut radices folidiutum . 

Corolhrium XPlll 



tetrahedri eft ad foliditatem 
Ut 1 : 0^34-3^15 ; quoauia 

T: S=z +D i G 

3^3 






' * 4 " * *0 

*rgo T : I = ip : ^^$D + Di/j = 

* * 4 r » »• 



#/10 +■ •'io *• fa +. #/"* 

Corollarium XIX. 

SolMitas tetrahedri eft ad foliditatem Aodecahedri ,' 
Ot I ; 9 +-31 ^} ; quia 

* + y *I 

E * J*: 



»8 THEOREMATA 

T : S = aD : C 

S : A = C: 3D4-Di^y ; 
crgo T : A = «D : jD-t-Di^j = i : 9*-%is$ 



3^5 /^ 



j-Kf **rt 



Corollarium XX. 



Solidltas oclahedri cft ad foliditatem cubi, ut f$ : a; 
nam 

O : 5 = D : C 

S : H = C: iD ; 
ergo : H = D : aD = 1^5 : *. 

Corollarium XXI* 

Sed fuperficies oclahedri eft ad fuperficiem hexahe- 

dri , feo cubi , ut i^ j : 2 per Corol. XVI. Theor. IU.; 

ergo horum corporum fupcrficies fuat, ut eoruadem fo- 

liditates . 

Corollariuvt XXIL 

Soliditas dclahedri eft ac} foliditarem icofahedri , 
ut 1 : 3-Ht^y ; qaoniam 

O; 
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O : S = D : C 

S : l =: C i jD-i-Di^y ; 



/* - •l* /i - /i 



*• 

crgo : I = D :_ jD-hDi^ 



?i+/i+A+/i 






i/i«yi*/i«Y£ 



Corollarium XXIll. 

Soliditas oclahedri crt td foliditatcm Aodccahedri ; 
ut x : 3-HK5 ; natn 

O : S = D : C 

S: A = C: %D*-DVj $ 

ergo : A = D : |D+- Di^j = i :_%±y$ • 



v* +■ j/j kj <- 1/| 



CoroUarium XXIV. ■ _ ■ 

« 

Soliditas cubi eft ad foliditatem icoiahedri , ut i \ 
%v%*-V\i ; quia 

yi9 +• vio +• yi +- ■/♦ 



)• THEO&EMATA 

H: S = iD : C 

*■■■»■■» 

S : I = C : %D+DV$ 



/* «V* * K i */£ 

ergo H : 1 = aD : sD+-Dvi = i : 

31/34.^15 



yio-+k'ao +- p * +- ^i 



Corolhrium XXP. 

Soliditas cubi, fcu hexahedri eft ad foliditatem ao- 
decahcdri , ut 1 :j*^JJ quoniam 

H : S = * D : C 

5 : A = C : 3D4-Di^5 ; 

1 

«rgo H : A = j*£, 5 i£i£j^l= * : J22ii2I 
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Corollarium XXPl. 
Soliditas dcnique icoCahedri eft ad foliditatcro Aode- 



cahedri,uti : \/{+- ^I *■ /l + j/i . 



nam 



«IWMHP 



*^»*P-W*| 



Vi+Vi+Vi*fe 

* $ : A = C: %D + Dvs ; 

crgo I : A 55 3D» DKy * 3D +• DV$ 

* • 

THEOREMA V. 

Tota fuperficies cujuslibet prifmatis cylindro circum- 
fcripti cft ad fuperficicm integram cylindri,ut ptnmc- 
ter bafis prifmatis ad .tirctiinfcrcmiam, tafia cylindri . 



• * 



♦ « 



/ M 



Demow 
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Dmonftratio . 

Superficies prifmatis, & cylindri duo adasquant rc* 
Aangula, quorum bafes funt perimetri bafium ucriufquc 
corporis , & altitudo ell communis , feclufis tamen ba« 
fibus ; led hasc redlangula , cum fint asque aha , funt , 
ut bales ; ergo luperficics prifmatis e(t ad luperficiem^ 
cylindn fine bafibus , ut perimeter bafis prilmaiis ad 
circumferentiam baiis cyliodri ; fed per Theor. I. Za- 
notti baies etiam funt in eadem perimetrorum ratione; 
crgo , tam prilmati , quam cylindro addita bafi , erit 
integra fuperficies priimatis ad integram cylindri , ut 
perimeter bafis prilmatis ad peripheriam bafis cylindri. 
Q. e. d. 

Corollarium h 

Sed foliditas prifmatis eft ad cylindri asque ahi fo- 
liditatem , ut bafis prifmatis . ad batim cylindri ; ergo 
horum corporum foliditates, fuperficies , bafes , & ba? 
lium ambitus fuot ia eadem proportioae . 

9 

Corolhrium II. 

• Si priftna cylindro circumfcriptum triaogulum asqui- 
laterum nabcbit pio bafi, & prilmati alius crit circura* 

icrfc 
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fcriptus cyliadrus, fuperficies cylindri circumfcripti zd 
fuperficicm prifmatis infcripti, non confideratis bafibus, 
duplam habebit ratiooem ca, quam habet fuperficits ia- 
tegra cylindri infcripti ad fuperficiem integram prifma- 
tis per hoc Theorcma, & pcr Corol. II., & III. Theor.L 

THEOREMA VI* 

Tota fuperficies pyramidls cono circumfcriptas efl 
ad fupcrficicm integram coni,* ut perimeter bafis pyra- 
midis ad circumferentiam bafis coni . 

Demonfiratio • 

Superficiespyramidis, & coni fine bafibus funt asqua- 
Jcs duobus triangulis , quorum altitudo eft communis , 
& bafes funt ut perimetri bafium ; fed hasc duo trian* 
gula aeque atta funt ut bafes ; ergo fuperficics pyrami- 
dis eft ad coni fuperficiem , exclufis bafibus , ut peri- 
xneter bafis unius ad circumferentiam bafis alterius ; & 
additis bafibus , qux funt in eadcm perimetrorum pro- 
portionc per Theof . I. Zanotti » • tota fuperficics pyrami- 
dis efl ad cont fuperficiem , ut ambitus bafis pyramidis 
ad peripheriam bafis coni . Q. e. d. 



Corok 
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Corollarium I. 

Ei , quia ambo corpora pyramis , & conns fdnc 
asquc alta , eorum foliditates funt , ut bafes ; «rgo foli- 
ditaics funt, ut fupctficics, atque folidiiatcs, fuperficics, 
baies , & peiimctri bafium eandem habcnt rationem . 

Corollarium II. 

Satis maniteftum efi illud idem , quod duSlutn fait 
in Corol. II, Tbeor, pr*c. , verum efle etiam dc fupeificie 
coni circumfcripii refpeiJtu ad fuperficiem pyramidis , 
cujus bafis eft tiiangularis , & aequilatera . 
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V A R I A 

AX Reftanguhrum Summas , ac Diffcrcntias in Circuh 

pcrtinentia . 




Tiliffima femper inter rellquas Geome- 
triae propofniones ca judicarunt Theo- 
remata Maihematici , quas de lincarura 
potcntiis , hoc cft de quadratis agunt 9 
qusequc rcdaogula varia e rc&arum auc 
bifariam , aut utcumque divifarum par- 
tibus nafcentia cooferunt cum redlangulis integrarum li- 
nearum , vel quadratis , vel alteiius lincae fegmentis • 
Hinc cclcberrimus apud ipfos eft totus kuclidis liber 
fecundus , qui hasc cominet ; propofuiones item trige- 
fima quinta, & trigefima fcxta Hbri tcrtii, aliasque hu- 
iufmodi ; illumque prascipuarum operationum algebrai- 
carum fundamentum appellare , atque ubcrrimura veri- 
tatum calculo detegendarum fontem pradicare confue- 
yerunt . En igitur tibi in hoc Opufculo tredecim Theo- 
remata , qua de rcbus ab his non alienis pertralhnt . 
In prioribus fiquidem , dudis in circulo , detcrminata-. 
^uadam ratione , lincis vel numero finuis, vel infinms, 

F z modo 
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tnodo reclangulorum ex earum fegracntis proda&orum 
dififerentias inter fe invicem , feu a rectangulo omnium 
maximo , modo eorum fummas confidero ; aliquando 
fummas linearum, earumque differentias vel inter fc_» 
vel a diametro examini fubiicio. ln reliquisvero circu- 
lum cum aliqua ex SeAionibus conicis , vel cum Cy- 
cloide ita comparo, ut diameter circuli , & axis curvas 
cadem fit Iinea ; duclifque tum circuli , tum aherius 
curvas ordinatis , reclangulorum proprietares ex fumma 
femiordinatarum utriufque curvas in earundem differen- 
tiam trado . Theorematibus autem omnibus gcometrica 
demonfiratione firmatis, plura alia ia eorum CoroIIa ri is, 
ac Scholiis deduco ; & potifftmum ex primis nonnulla— 
ad accelerationem motus gravium pertinentia ; aliqu«u» 
infuper de curva , quam defcribunc gravia horizontali- 
ter proiecla . Nec difBcile effet ex iifdem principiis ali- 
quam inferre propofitioncm , quas in Mechanica tradi- 
tur , de viribus centrifugis , ac centripetis . Ex alteris 
vero , fuppofitis circulo , & alia curva circa proprium_» 
axem revolutis , plures corporum , quas inde oriuntur , 
proportiones affigoo . Fateor cquidem , plurimas ex his, 
quas fcribo , veritates faciliori ratione erui poffc ope cal- 
culi integralis; puto tamen , hunc geometricas rerunu. 
demonfirandarum rationi non efle praferendura ; cum 
per calculum quaelibet inventa vefitas fe fe exhibeat fine 
ulk> ut plurimum ad alias yeritates refpeclu: non ita_. 

vero. 
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vcro , duni veritas aliqua ex geometricis principiis cli-' 
ciiur ; Tunc coim Jponte fua innumeras fe fe oobis of- 
ferunt retationes, quarum ufu maihcmatica facultas mi- 
rifice amplificatur . 

THEOREMA 1. 

Sit in circulo AOCZ (Fig. i. a. 3.) chorda ZO f 
quas fe&a bifariam fit in B, ducla ABC, & huic paral- 
lclis , vel in unum punclum concurrentibus, vel fe mu- 
tuo fecamibus DEF, GHI, LMN, erunt differentias 
rectanguloium DEF, GHI, LMN a reclangulo ABC 
a?qualcs quadratis diftantiarum BE, BH,BM ab codcm 
rectangulo • 

Demonflratio . 

1 

ABXBC =ZBXBO = BO*,ob BZ = BO per 
hyp., fedDEXEF = ZEXEO, &ZEXEO4-BE» 
= BO * = ABXBC;ergo ABXBC—DEXEF=BE*. 
Pariter GHXHI = ZHXHO,& ZHXHO +- BH» 
= BO» = ABXBC;ergoABXBC— GHXHI=BH*. 
Cum igitur idem conftamer demomlretur de omnibus 
reclangulis fegmentorum per femichordam BO, conftat 
differemias horum reclangulorum a reclangulo raaximo 
sequales effc quadratis diftamiarum ab eodem reclangu- 
Io • Q. c. d. 

Corcl- 



|8 THEOREMATA 

Corollaritm L 

Re6Ungulum fegmemorum ad pun&ura O ferapcr 
erit «quale zero : pariter differentia rcdanguli ABG a 
fe ipfo ferapcr erit «qualis zero . Ergo lumma diffcren- 
tiarura rccSangulorum ABC, DEF, GHI, LMN, o 
arctfangulo ABC =o 4-Bt l i-BH l f BM^BO*. 

Corollarium II. 

Poteft fcmichorda BO fupponi divifa in parres in- 
finite parvas , & asqualcs ; ergo fumma differentiaruiiL* 
infinitorum redhngulorum ABC, DEF, &c. in infin. 
a re&angulo ABC asqualis erit lummas quadratorum.. 
© *-BE* -»-BH*&c. in infinitum , quorum maximum 
erit BO 1 ; fed ratio, quam habet iunima omnium qua- 
dratorum ab o in infinitum continuatorum ad fummam 

4 

totidem maximo sequalium eft ut 1:3; ergo lumtna-i 
it,finitarum differeniiarum di&orum rectangnlorom ad 
fummam quadratorum totidem maximo BO* asqualium 
eft in affigaata ratione • 

Corollarium III. 

r 

Summa omnium rectangulorum ABC,DEF,GHI 
&c, quorum ultimum cft zcro, aequahs cit re&angulo 

ABC f 
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ABC, fcu BO* totics accepto, quotus ctl nuroerus 
clorum rectangulorum , dcroptis quadratis diftantlarnm 
ab eodcm rcclangulo ABC; nam ABC +- o = ABC , 
DEF + BE* = ABC,GHI*-BH*:= ABC, LMN 
+ BM* = ABC, o +• BO» = ABC ; crgo lumma = 
5 ABC — • — BE* — BH* — BM* — BO* . 

Corollarium W* 

Suppofita fcmichorda BO divifa in partes infinitc» 
parvas, & asquales , fumma infinitoruro lelrangulorum 
ABC, DEF &c. in infin. aequalis erit rcclangulo ABC, 
feu BO* toties acccpto, quot lunt quadrata ab o in in« 
finitum continuata , lubtra&is iifdem infinirs quadratis; 
fed fumma quadratorum ab o in infioitum continuato- 
rum cft tertia pars fummae quadratorum totidem roaxi- 
mo aequalium ; ergo lumroa borum reclanguloruro elt 
ad fummam totidem maxiroo aequalium , ut % 1 $ ; & 
corundem diflerentia ad ipforum iummam , ut 1 $ i . 

Corollarium V* 

Sit BO femichorda, & Ia (Fig. 4.) altera ferol- 
chorda; utraque luppooatur divifa in partes infinite par- 
vas numero aequalcs ; erunt fumrose rec^angulorum cx 
fegmentis pcr uuamque femichordam, & diffcrentiarutn 

. ; a ma- 
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a maximo intcr fe , ut cubi fetnichordarum ; nam , cla- 

ritatis gratia , fumma quadratorum ab o in infinitum* 

continuatorum o + BE* +- BM* &c. in infin. , cum_. 

maximus terminus fit BO, eft aequalis BO J +• BO 1 +- 

i * 

BO; & fumma quadratorum ab o ia infinitum conti- 

6 

nuatorum o +-IS*+-IY* &c. in infinitum , cum ma- 
ximus terminus fit Ia,a;qualis eft Iai +■ Ia* +. Ia; lcd 

termini BOi, & Iai funt infinite majores, quarn^ 

~~l 3 

BO* , & BO, Ia*, & Ia, adeoque pro nihilo haben- 

di ; ergo fumma prima eft ad fummam fecundam = 
BOJ : Ia* ; fed h# ex diclis funt fumma; differentia- 

« "T" 

tum reclangulorum amaximo; ergo huiufmodi fumrcus 

diffcrcntiarum funt , ut BO» : Ia* , feu BO* : IaJ ; 

3 "T~ 
fcd ex dicTis pariter fummas difierenttarum fuot ad fura- 

mamredtangulorum, uti :2=BOi:2BOJ=IaJ : alaJ; 

3 3 3 3 

ergo etiam fumma reclangulorum A B C , D E F , L M N 
&c. in iafinitum eft ad fummam rectangolorum HIK, 
PSG, VYd &c/ in mfinitum , ut BOi : Isi. 



Cbrsfc 
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Coroilarium n. 

Si ad pundlum A ducitor tangens SA, (Fig. 5.) 
& producuntur lineas OT in S, NL in R&c, eft re- 
c*UnguIum OST = S A*,NRL = RA* &c; ergo fam- 
ma reclangutorum OST, NRL &c cequalis eft fum- 
xn& quadratorum SA*-t-RA*&c, quorum ultimum 
in A eft zero ; fed fumroa re&angulorum o 4- L M N 
4-GHI 4- DEF 4- ABC = jBO* — o — BE* — 
BH* — BM* — BO* ; ergo fumma illorum rcclangu- 
lorum e(l ad fummam iftorum,ut fumma quadratorum 
SA» +- RA» +- QA» +.PA» 4- o: 5BO»— -o— BE» 
— BH» — BM* — BO*. 

Corollarium Plh 

« 

Quod fi tum tangens, tum femichorda BO fit di- 
vifa in partes infinite parvas, & xqualcs, er.it fumma^ 
re&angutorum O S T, N R L &c in infin. = S A 1 , fum- 

s 

.xna reclangutorum ABC, DEF &c. ininfin. = aBO*; 

3 

ergo illa erit ad hanc , utSA!:aBOS;& illa eadem 
ad futnmam dirlerentiarum ABC, DEF &c. in infiair' 
tum.a reclangulo maximo ABC, m SA» : BOi . 

Corok 
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CoroUarium Flll 

Si ABrG, & ZBO (Fig. <?.,) funt du«e diaractri fc 
fecames ad angulos rcdtes, fe» AIC fccat chordara RIP 
bifariam , & ad angulos rectos , & fupponuntor tunu 
tangens , tura femichorda , feu femidiarocier divif* in-. 
pawes infinitc parvas , & cequales, reliquae vero reclag 

DEp, LNb &c. parallelte , tunc crit YA^BO, FA 
= RI* quare erit fumma omniura rcftangulorum YO* 
-h RFco &c, in iofiniium = YA* ; & fumma omnium 

■ i . ., ] 

icaangulorum, ABC, HEp &c v in iofinitum = lBOi 



«.■* ~ j 



as »YA > ; crgo illa crit ad hanc , ut" YA J : iYA» ss 

3 3 1 

i : 2 , ut quadratutn ioftriptunv ad circumfcriptum . 
Idem demonllratur, & eodem roodo de fumma reclan- 
•gulorura R F co &c. rcfpcclu fumme, rcc^aogulorum AI C, 
HKp &d ; 

THEORE M A II. 

lifdem fuppolTtis , qua? io Theo^rrrate pracedearii, 
difleremias reclangulorum inter fe inviccm funt «quales 

w l ■ 

differentiis quadratorum diltantiarum a maximo , hoc eft 
aiffercmia inter re&atjgulum >BC, &| EitfP ""eft B£* - 
— ©; intcr D£F,& GHrcaBH«^E*rFrgh. r i:3. 
..'.> Dmott' 
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Dmonflratio * 

*•-■.„ 

Hoc Theoreraa effe poflet Corollarium pneceden- 
tis , fed , ut faciliori ratiooe procedam , idem ita demon- 
ftro: ABC+-o = ABC,DEF *- BE* = ABC,GHI 
+• BH* := ABG, LMN + BM* = ABC, o +• BO* = 

ABGpergQ ABC^- 0.5: PEF^BE* = GHI4-,BH* 
s? JUAlNtib B&* = * BO»; ergp ABC — DEF = 
BE»-o, DEF — GHI =BH* — BE*, GHl — 
LMN = BM* — BH*, LMN — o = BO» — BM* . 
Q. c. d. 

Corollarium L 

... * 

Erit ergo famraa differcntiarum • ioter rcclaogula^ 
ABC,:& D^.DEF., & Gfil.few squalis reclan^ 
gylo ma^mo A£C S feu quadrata femichorda BO; id- 
qne; , fiv* tcnwchof da (H diviia io partcs finit3s , fivt, 
infinitas, ac proinde five numcro finita fint reclangula 
five iafinitainam fuuiraa omniuro diffcrentfac«m = BE* 

^o^;BH*^^E^BM*^B^**BO*--.BM»; 
trgo *qu*li* #0», feu ABC. * 

1 ■ • •• » •- 

Corollarium IL 



1 • 



Si femichorda BO ell divifa in partes nutnero fiai- 
tas , vd infinitas , fcd ajquales , differcntias re#angulo« 

G z cum 
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rum imer feJnvicem conftituunt progreffionem arfthme- 
ticam numerorum imparium ; differemias enim quadra- 
torum numerorum naturalium funt numeri imparcs • 

* • 

CoroMarhm H7. 



Summa differcntiarura reclangulorom ABC, DEF 
&c. a maximo ABC eft ad fummam diffcreotiarum co- 
rundem inter fe , ut fumma quadratorum diftantiarum 
a maximo ad ipforum 



Corollarium IV. 

Si ABC, & ZBO (Fig. 7.) fuot circuli diametri; 
fumma dinereotiarum reclangulorum ABC, HEP&c. 
in femicirculo aequalis eft quadrato radii , in toto cir- 
culo duplo quadrato radii ; fed duplum quadratum ra« 
dii asquale eft quadrato circulo infcripto ; etgo fumma 
differentiarum reclangulorum ABC, HEP, hcp in- 
toto circulo «qualis eft quadrato infcripto: eft aotem 
quadratum infcriptum ad circulum, ut diameter ad fe- 
micircumferemiam ; ergo fumma dinerentiarum omnium 
rec*taogulorura ex fegmentis per diametrum eft ad cir- 
culum , ut diameter ad femicircumfcremiam • 



CoroU 
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Corollarfum V» 

Ex dictis conftar , quod fi in eodem , vcl diverfis 
circulis ducupiur ptures chorda; , quae utcumque dividaa- 
tur, & per pua&a divifionum ducuatur linea? utrimque 
ad circomferentiam terminata?, lummas difiercntiarum 

* * 

reclaugulorum ez legmentis mter ic invicem funt , ut 
quadrata lubtenfarum ; quod fi cnordae in diverfis cir- 

» 

culis fecabuot arcus fimiles, easdem erunt, ut quadrata 
radiorum , boc eft , ut ipfi circuli • 

Corollarium VI. 

' Si duo ctrculi GMHN, LMEN (F!g. 8.) fc mu- 
tuo fecant , ducla fubtenfa communi MN, & per eius 
puncla reclis EG, RS, &c. ad circumfcrentiaro cbnca- 
vam utriufque circult terminantibus , cum reclangulura 
EIL fit aequaje GIH, ROT = SQQ, atquc iu con- 
ftanter ; erit fumma re&angulorum y item fumpia difle- 
rentiarum a maxioao rcclangulo , & inter fe in uno cir- 
culo , sequalis fummas reclanguloruro ^ item diffcrcmia- 
rum a maxitno , & inter fe in altcro , circulo . 

THEORRMA III. 

r 

Si duo circuli.GMIiN, EMLN fe mutoo inter- 
fecant, ducta a punclo M ad N fubtenfa MN, & alia 

qua- 



4* THEOREMUTA 

quacumque recla eam fecante ROS, erit RQ s ST £ 
QO:OT. 

Demonfiratio • 

ROXOTnMOXNO.QOXSO^MOXNOi 
ergo ROXOT - QOXSO, & RO : QO = SO: 
O T ; fed dividcndo RO — QO : QO = SO — OT : 
O T ; ergo R Q : QO = S T : OT; & altcrnando R Q : 
ST = QO : OT . Q e. d. 

♦ 
• ■ • 

• Corolhrium h 

Patet efle RO:SO = RQ:ST; nam RO : QO 
'= SO : OT; & akernaodo. R Q : S O = QO : OT; fcd 
etiam RQ:ST = QO:OT; ergoRO:SO= RQ: 
ST. 

. * 

Corollarium IL 

tilnc data qualibet linea EG otcumque fecla in H, 

& L, fi RH fit minor EL, fecari taliier poterit in I, 

ut fit EH:GL = HI:LI, fcu EH:GL = EI:G1, 

hoc modo : Bifariam dividatur E L in C . Centro C , ra- 

dio CL "defcribaturr circulus EMLN: rurfus bifariam 

dividatur GH in F , & centro F, radio FG defcriba- 

tnr circulus GMHN priorem fecans in M, & N; a_> 

puncto M ad N dacatur. MN dico factam . Paiet ex 

theorcmate . , : 

THEO- 
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THEOREMA IV, 

Datp circulo DFIR (Fig. p.) fi in eo ducitur dja- 
metcr RD, atquc ab cius excrcmo R ad quascumquc* 
circumfcrcptiae puntfa recftos RI, RF, RG, RH , di- 
co , du&a taogcotc R X , & cx puoclis H , G , F, I , 
parallelis HS,GT,FV,IX ufque ad tangentcm RX 
produclis, cOcIX:FV = RI»; RF»; FV: GT = 
RF*:RG»; GT:HS = RG*:RH»; HS;DR s 
RH*:RD*. 

Demmflrath . - 

Ducamur line« DI,DF,DG,DH, crit triang^- 
lum X I R Ciwite I R D, F V R iimilc F RD< G T R liraile 
RqD,HSRGroi!cRHD;ergoIXsIR = IR;RD; 
FV:FR=FR:RD; GT.:GR = GR : RP; HS; 
HR = HR:RD;ergoIXXRD = IR»,FVXRD = 
FR», GTXRD = GR», HS"kRD = HR* ; crgo 
IXXRD:FVXRD=JR*:FR»j GTXRD:HS 
XRP-GRMHR^^djlXXRDJiFV^RX)^!^ 
rFV^TXRrO/HSXRpFGT^HS; c^oj*; 
F V = 1R* ; FK», F V : GT =- FR* : GR%GT ;HS 

= GR»:HR»,ftS-iRI>=HR»:DR.». Q eLd. 

• / 1 
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Corollarium L 

Erit ergo fumma linearum IX+-FV^-GTfHS 
+- DR:DR = IR*+.FR*+- GR*+- HR»<-DR»! 
DR*;namquia IX: FV = IR*: FR* , erit compo- 
nendo IX t- F V : FV = IR* +- Fk*: FR*; ledFV: 
GT = FR*:GR»; crgo cx *quo IX +- FV : GT = 
IR* +■ FR* : GR 1 ; & itcrum componendo IX +- F V 
+-vGT:GT = IR*+-FR*+-GR*:GR*; iedGT: 
H§=GR*:HR»; crgo ordinatc IX +■ FV+-GT: 
HS=:IR* +-FR* +• GR*: HR*; & denuo coropo- 
nendo!X+-FV+-Gl +-HS:HS = IR* +- FR*+« 
GR*+- HR*:HR*; lcd HS : DR = RH* : RD* ; 
crgo IX+- FV+-GT+- HS:DR = IR* +■ FR* +.. 
GR*+- HR*: DR*; & tandcm componendo IX +- 
FV +• GT +- HS +- DR : DR = IR* +- FR*+-GR* 
+- HR»+- : DR*:DR*. 

Corollarium 1L 

Ex Cbrollario prascedente conrtat cfle I X +- F V -*• 
GT+-HS+-DR:DR = IR*+-FR*+-GR*+-HR* 
+-DR*:DR*; ergo IX+-FV +- GT +-HS +-DR= 

IR*+-FR*+-GR*+-HR* +- DR*X DR = 

DR* . 

iR* +- FR» +- GR*+. HR» +• DR* . 

PR 

Conk 
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Corollaritm 111. 

Eft aatem IR* = DR* — DI*, FR* = DR* — . 

DF*,GR» = DR*— DG*,HR»=DR» — DH», 

DR* = DR* — o; crgo IX+-FV+. GT+-HS+., 

DR = 75 DR»~-D1* — DF*~-DG* — DH* — = 

; T~ DR 

5DR — DT» — DF* — DG* — DH* — o : Eft igi r 

* i^^mmmmmmmmmmmmm i 

DR 

tur fumma omnium parallelarum a quibufcumquc fcmi- 
circumferemia? pundfcis ad taDgeotem du&arum , inclu* 
f* diametro, sequalis diametro totidem acceptas , quot funt 
quadrata ex chordis ab extremo diametri ad di&as pa- 
rallelas dudlis , quarum minima femper erit zero, dem- 
pto qpoto, qui oritur ex dividone eorundem quadrato- 
rum chordarum per diametrum . Determinantur h» 
chordas a puo&is in femicircumferentia acceptis, & ex- 
tremo diametri , per quod non eft dudla tangeos . 

Corollarium IV. 

Si chord» DH, DG, DF, DI, conftituunt fcrietn 
•rjumerorum aaturalem 1. 2. 3. 4. , crit fuioma lincarum 
DR,HS,GT&c. = 5DR— JM». — DI» — _pi; 

$DR 2DR 6DR 
H oam 



_>' 
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nam per Corol, prasccd. IX^FV-t-GT&c, sjDR 
_DI* — DF* - DG» — DH* — o; fcd DI* 4- 



«mMH*«MP»^FWW 



DR 
DF*+- DG*4-PH*+> o = DIi * DI* 4. DI; ergo 

DI* «i- DF» 4- DG* *• DH* 4- o s DIJ 4. DI» +. 



■w^^-»» 



DR 3UR sDR 

DI ; ac proindc IX 4. FV 4. GT &c. =: 5DR — 
tfDR 
DH — DI* — Dl . 

5DR 2DR $DR 

Corollarium P. 

SuppoGta qualiber chorda DI divlfa io partes ioft- 
nitc parvas, & aequales, fi ficnt cbordfe DH, DG, DF 
«equales uni , duabus , tribus partibus infinitefimis ipfius 
DI &o in jnfinitum , erit farama omnium linearum IX, 
FV &c. «qualis tot diaroetris DR, qoot fuot quadratt 
chordaruro , demptis infinitis quadratis carundero chor- 
darum per diametrum divifis ; fcd fumma iofioitorum_. 
quadratorum ab zero sequalis tcrtias parti cubi maximi 
termiui, sequalis Dli ; ergo, cum numerus quadratorum 

cbordarum aequalis DI, erit fumma omnium lincaruov 

sDlXPB-— P* 1 » 

. «DR 
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CwoUarium V% 

■ 

Qusclibet circuli chorda eft diatnetri fubmultiplex ; 
pofita crgo diametroDR=m, & qualibet chordaDI=m, 

r 
& fuppofita eadcm chorda DI divifa in partes/infinite 
parvas , & asquales , erit fumma omnium linearum IX 
+• FV +• GT fifc arqualis m* — m» . 

r 3** 

Corollarium Pll. 

Si femicircumferemia circuli DFIR (Fig. ib.) fup- 

ponitur divifa io partes infinite parvas , & aequales , & 

a fingulis partibus ducuntur parallelas diametro ufquc* 

ad tangentem produclae , fumma omnium linearunL» 

iequalis eit produclo ex femicircumfercmia in diametrum. 

detnpto quoto ez divifione orto quadratorum chordarum 

per diameuum arcubus unius t duarum, trium par- 

tiom infinitarum in femicircumferentia correfpondea- 

tium . Et genemim quaelibet fumma linearum a fiogu- 

lis parribus infinite parvis , & asqualtbus alicuius arcus 

ad tangentem duclarum acqualis elt producto ex diame- 

tro in didum arcum , fubtra&o eodem quoto ex divi- 

fione per diametrum quadratorum chordarum arcuuou 

unius, duarurn, uium partium infioiurum. Sic, fi DFI 

H x C ft 
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efl quarta circumferentias pars, fumma linearum ex fin* 
gulis partibus dicli arcus infinite parvis ad tangentem RX 

du&arura «qualis eft D F IX D R — DI*— DF»— DG* 
&c. in inrmitum divifis per DR. 

THEOREMA V. 

Dato circulo D F I R ( Fig. 1 1. ) duclifque Iineis D R, 
HS, GT,FX, ut in fuperiori Theoreraate , erunpdif- 
ferentiae harum linearum inter fe,ut differentias quadra- 
torum DR», HR*&c , hoc eft DR— HS: HS — 
GT = DR* — HR*: HR* — GR», HS — GTt 
GT — F£ = HR» — GR* : GR» — FR* . 

Demonflratio * 

Cum per fuperius Theorema fit DR : H S = DR»; 
HR», HS:GT = HR»:GR», GTtFX^GR.»^ 
FR», erit dividendo DR — HS : HS = DR» --HR» 
j HR»; fed HS : GT = HR* : GR* , & per convcr- * 
fionem rationis H S : H S — GT = HR*:HR»-^(3R» 
crgo erit ex a;quo DR — HS : HS — GT = DR» — * 
HR»:HR»— GR*. ParitetHS — GT;GT=HR* 

— GR*:GR»; fed GT: FX = GR* : FR», & per 
converfionem rationis GT:GT — FX = GR*:GR» 

— FR*.; ergo ex aequo HS .^ GT: GT— FX = 

HR» 
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HR»-GR»:GR*-FR*j crgo DR — HS:HS 
— GT = DR*-HR*:HR»-GR», HS — GT 
f GT — FX = HR* — GR* : GR» — FR» .Qc.d« 

» 

Corollarium T. 



CumfitDR — HS:HS — GT = DR*— HR» 
: HR* — GR* , eih coroponendo DR — HS +- HS 

— GT: HS— 'GT = DR*— HR* +1HR*— GR» 
:HR*- GR»; (edHS — GT: GT- FX=HR» 

FR* ; crgo DR — HS + HS — 

-HR* 4- HR*— GR** 

- FR*: V & iterum componendo DRr-HS-t- 

GT +-GT-FX : GT — FX=DR*— HR» 

» 

-FR*:GR* — FR*;ec-: 
go DR- FX:GT— FX = DR» ^- FR*: GR* — 
FR*;fed DR* — l»iUi3l)P*,JGR* — FR*=DF» 

— DG*;ergoDR — FX:GT — FX = DF*:DF» 

— DG* j hoc eft-ftrairaa orannim difkieatiarom linea- 
rum DR, HS &c.J!etf*ad drffcremfara penriltima; GT 
ad uhimaai FX,i&quadratani -majotis rhopdae'DF ad 
differ^ntkm 'imcr ^QaSratum h&ft, & ktiofdar fJtokim* 
miQons. ' ;: : .'•.'—■■ . £' * ' ' • - - ; 



— GR*: GR* 

GT:GT — FX = DR* 

GR* 

HS- 

+-HR* — GR*+-GR* 



•1 



1» 






.4. 



.1 .' . ' 
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• * • 

Corollarium II. 

Me non monente , patet fummam differentfaranL* 
femper asqualem e(Te lincae AP intercepta; inter chor- 
dam majorem D F , & tangentem AD;e(l enim aequa- 
lis DR — FX: patet eiiam fummam differcmiarum- 
femper asqualem effc AF, five finita», fivc infinitas fint 
lioe* diametco parallela» ducta? inter D, & F. 

Corollarium III. 

* 
Ciim exceffus maximas DR fupra minimam FXfit 

«qualis AF, erit diSerentia maximas a minima sequa- 

lis fummas differemiarum inter DR, & HS, HS, & 

GT &c. 

m 

Covllariam if** 

» v - . 

Per hoc Theorema eft DR — HS : HS — GT = 
DR* — HR*:HR*— GR», HS-r-GT:GT— • 
FX = HR» — GR* : GR* —• FR*. E(| autem DR* 
— HR» = PH», HR» — GR* = DG* — DH», 
GR» — FR* = DF*— DG»; ergo fi chordae DH , 
DG, DF fecundum feriem numerorum naturalem pro- 
cedunt, diflerentias linearum DR, HS,GT &c. erunc 
inter fe inviccm , uc numcri imparcs • 

«. . , a| — . •» %*m<mtwm — ~ •" m> — ■ — -- * — • — •» 

THEO- 
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THEOREMA VI. 

. Dato circulo DFIR, ducTifquc lioeis DR, H8 t 
GT, FX, ut ia iupcriori Theocemate t dirTcrenti* oa- 
rum linearurn a diamctro DR funt , ot diflcreqtia? qua- 
dratorum DR*,HR*,GR* fcc, boc eftjUtDR*-^ 
HR* ad DR* — GR», fcu , ut DH* ad DG* fy, 

« 

DemonflrattQ » 
Eft fcR «HS:=DR*?Hfc*, HSi gt=hr*i 

GR*, GT; FX=;GR»? FR*; ergo DR ? GT 3 
DR»? GR», & DR?FX;sDR*?FR*, atquc di- 

videndo , ac invcrfendo utrarpque hanc propoptorulit*- 
tetn t(l(jT; DR — GT^GR* ; DR* — GR», & 

FX:DR-FXssFR*?DR*-*FR»* fcd cft DR 
— HS;HS=:DR»-^HR*?HR*,HS;GT=HR* 
?GR*,GT;DR — GTs;GR»?DR* — GR*$ei> 
goDR-HS?DR — GT;=DR*— HR*?DR*~ 
GR»; fci iofupcr cft DR ~ GT ? GT ==DR* — > 
GR*?GRSGT?FX=?GR*?FR* f FX iV&-~ 
FX = FR*?DR**-FR*j ergo DR — GT?DR~ 
FX zs DR* — GR* ? DR* — FR», Eft wtem DR% 
— HR»^ DH*,DR*— GR*== DG», DR* ~ 
FR»=:DF*; ergo DR — HS ? DR — GTkDH*? 
DG», &DR-*GT;DR-^FX:=DG*tDF*,Q.e.d, 

Corok 
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Coto}larium L 

Summa ergo omnium differemiarum DR, HS , 
fe T , F X a diametro D R eft ad diSerentiam tnaxurjae 
DR a mioima FX, ut fumma quadratorum chordarum 
6 + DH +- DG +- DF ad quadratum chordae majoris 
DF;iamDR-DR:DR- HS = o : DH*, & 
componendoDR — DR+. DR -HS:DR- HS = 
©+. DH*:DH l ;(cdDR-HS:DR-GT=DH» 

t DG«; crg? DR — DR +- DR — HS : DR — GT= 
o +- DH l : DG», & compooenda DR-DR +• VK 
— HS + DR — GT:DR — GT = o +- DH* +- 
DG*:DG*; fed iterum DR— GT :DR — FX = 
DG*:DF*;ergoDR— DR +- DR — HS+. DR — 
GT : DR-FX = o +• DH* +■ DG*: DF*;& rur- 
(w componerjdo DR-DR+- DR — HB +• DR — 
GT+- DR — FX:DR — FX= o + DH* +- DG* 
+-DF*:DF*,hoceft 4DR — DR — HS — GT — 
FX:DR — FX = o+. DH* +■ DG* +• DF*:DF*. 

■ 

Corollarium IL 

DR — FXeft fumma difreremiarum linearum DR, 
HS &c. inter fe invicem; ergo fumma .difiereatiarum* 
lincarum DR, H S &c. a diametro DR elt ad fummani 

dtf- 
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differcntiarura earundem inter fe, ut fumma quadrato* 
rum caordarum ad quadratum chordaj majoris . 

• Coroltarium III. 



» r» 



Summa differcntiarum linearum DR, HS, GT, 
FX a diametro DR sequaUs eft furomae quadratorunL* 
chordarum per diametrum divf* ; oam fumma diffcrcn- 

Miarum lhi.;anim t D R , HS, GT &c. asqualis eft 4DR 
~-DR~HS;—GT — FX;fcdDR-n HS+-GT+- 

. FX=>4DRv-OF»-DG 4 -DH» — o; crgo futn- 






DR .•■.',•.:. '• 
*Tna dlfferenilarora DR +* HS &c; a diimetro DR = 
4DR — 4DR VDF» +. DG* +• DH* +-0 = > 



*DF* v OQ* 



t»i. .'1 ' 




^-* 






Corollaritim IV. 



Quodfi chordae DF, DG, DH &c. conflituum 
progrcflk$ne,m ,a|ithractjc«m, oawrakm, fumraa differcn- 
tiarum tupradi<5iarttm aequahs erit DFJ +- DF X ■»• DF; 
,..;.-. ..,:■■ jtfR ^DR tfpj% 

qupdifk lofOFW; chorda DF c(l divi(a in partes iqrinite 
V»y^%A WfliaWfci. $ JB% P£ fo»i ;»na , du^p &c. 



1* ' tttlOfcBWAtA ' 
In inf. (tertes infinitefiro^, eadem differemiarura furomt. 
«quali* crit DFt . Denominata autcm diametro ra , & 

chorda jn , crit caderh funimi* t='in * . 



• * 
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Corollariun V\ 






• ' Patet diffcrcntias ' linearum . D R , H &, G T &c* > « 
diametro DR cfle 6, CH, BG, AF; cruot crgo h» 
lineae, ut quadrata ehordarom correfpooderuium o, DH, 
DG, DF, ~& carutn funjfna' «qualls crit fummae dtfto- 
f um quadrttorum. per diamctrum divii».. Quod fi chox- 
das conftkuum progreffioncm. arithmeticam naturalcra , 
& funt ihfinit» , erit fumma «qualis terti* parti produ- 

« 

cli ez chorda rnajori in diflcremiaw majortm j hoc t(i 
fi cborda major fit D F , d hTcrcmia nujor A-p-ftnrrma 
diffcrentiarum a diamctro «equalis crit AFXDF . 

5 

CoroIIarium Vh 

* v. ... » „ * . 1 ^ - • . j :. 7 ', h ; . } 

'• : Htac dato< clrculo DFR (Figi II. )y & quatibet 
chorda DI rdctcrminari^poterunc infioita pvo&a curr$ 
parabolie* , cuius parametcr fit circuli diamctcr , & or- 
dmata majdr ciroili chordai Mam fit Df dtelfaPto p*r- 
tei iriflniie partift >& fcquafca ffiaDH /JDG/ Of. 

* acqua» 
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cqpales uni , duabus , tribus &c. infimteftrafs ; ducan- 
tur AF.3G, CH paralieia; dlametro, & EH, OG, 
M F parailclae tangenti , quas producaotur in i , 1 , o , 
doiwc^ , 0\ s Mo fin* «Qualcs chordis DH, DG , 
DF: dico puncla i, 1, o eflc in curva- parabolica^ ; 
Cfttntenitn DE: DO = Ei*:Ol*, DO: DM = OI» 
: M o * , adeoque erunt abfciffa j ut quadrata ordinata- 
rum. Poteit etiam quaslibet chorda DI lupponi utcum- 
que divifa . 

€orollarium Fll 

Sit chorda D I latus quadrati circulo infcriptt , cc 
Jpvcnrantur puncla curvas parabolicac infinita mod), 
quo ducirnus in Corollario prcecedenti ; erit fumma or- 

» a 

dinatarum tx diclis punctis ad axem = ZS* = DI* ; 

2 . * 

fed r>I=|^DR*, DI* = DR*; ergo fumma dk5a- 

** «mmbm mmmmmmmmmm 

* 4 

f um ordinatarum = DR», elt aequalis quadratb radii ; 

4 

fed area parabolas DZ S = D R K 7 D R * ; ergo fummi 

^mmm^mmBm^mmmmmWmmmmmmmmmmWmi 

«rdinatarum dicto modo ductarum in parabola DZS 
major cft eiufdem area . EiV autem fumma linearura ia 

ipatk>IFDXT = DRKj D K»* — Dr/-DR» = 

1 2 5&& 
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w _ __ '*. • * 

v 



5DRK ^DR* ; & fumma Uneariim in fpatio DST3C = 



I c 



DRr 7«R* ; crgo, hac dcmpta a pdraa* fumma It 






•• ' •• «• • y r 

nearura in quadraote circuli DFIS=DRK -DR*. 



* » • 



asqualis eft areae parabote DZS. 

Conlhrium Plll 

* . « 

Sit chorda circull diameter ipfa DR (Fig. i$.) fit- 
que paraboia '£) Z R fuperiori modo defcripta; erit fum r 

ma infihitarum brdinatarum in parabola' =. DR* ajquft- 

; • .'''.• . •■ 

* ' • 2 

lis dimidio -quadrato circumfcripto ; fed arca parabolas 
se<$ialis<e(l iDR*; ergo arcaparaboke major cft fum? * 

■■■■■M^ 

3 
ma diclarum ordinatarum . Eft autem etiam fumma li- 

« r 

nearum ex punclis H , G , F &c. ad tangentem RZ 

duclarum , quse fint parallelas diametro , asqualis z D R * ; 

.- ' i • < • • ' - : • . r~ 

• .... . . . . . f* ' ■ 

crgo huiofmodi fumma' iequalis eft areas parabolae. 

» . ' . ..... 

> • ».. * 

Corollarium IX. 

* - .x 

CumTutnrna:diffcrentiarum (Juppofita diaaetro P£ 
pro circuli^cfrorda) linearum HS, GT &c. a dianae* 

tro 



-■' 



DEREGftAKCUL.^UJilft.iACSlFFER: <tt 
trd OR fit £fequaiis . Dfl^ &dftfmt»a lirie-ajum t H £ , 

■. r *..r ,. ' ,*. "A " " « ! " ' "* ' *' * '" ** I 

& R &c. ih infin. fit^aqnalis «DR * ; pttot tomafg 

1 •. • • i - i ' ' f 

•* « '..♦.. ^ • , *. „ '■?'*■• ! • * t '• * *• 

Sifercfltfatum: o, HC, BG &c. in tnflfi.tum; &ti& cuaf 
furama Mneatum DR, HS, GT&c. !n iafin. ajqaaleai 
eifc quadraro circumfcripto . . 

....•'• l^ f .• « • , . .* 

•:'..-■'*:•.-.■ ; Scbolian h . :: i 



« * 



Cum. fummas infinitarum Iincarum fupra traditas 
CorolJ. YIL VIII. IX. cxhibeant quantitates . fuperficia- 
l«s Fi cx.cajfum cpmparatione. cum nonoulliji. fuperficie- 
bus A .ita ut ^iflis aliquando majorcs,_aliquafido minores, 
aliquando aequaies.dicantgr ;nitiil inde fequitur contra^, 
dcfinitioncm quantitatum homogenearum . 

- • '» • > ■ 

Scbolion 11. 

Gravia iuxu hy r)ot1iefim ' (Satltceariara dcfcendunt 
motu unifbrmiter accelerato , ita nt teraporibus «quali- 

& 

qU4- 

"clrata teropoftfrri , iterir', uf 'qrTadrata •/eIocitaturr/^ ; Ex-riis 
'igifur , quW/diximus in ttieore' mTtfe J V.- 6c VF., eorflm- 
* quc CorollaYiis conrtati quod fr ' gra vc iliquod dcfccridit 

**per && ( Fig. * i. J )*, ! & tem^^e^ctrirdsf ' per tota mu 

DR, 



bus jjercuttaht ,'jpatia , qiias fint, urnutneri impares, 
fpatiorura fummW 1 in Bai <JtriuYqr/e tefflporrs ttm , J utqi 



•»"*L 

*»«V 



0% :,* tr ?.0*JL* Mj*.T-*.--:: 

Dl. 9 ieft^GCfocita i« • 699 (laip^ fpatjj ;«equifita , fqpp*. 
flitur defignata ipfa OR; hac fjivifa io partes infiniio 
.parara* ; & «quales , vel etiatn. fiuitas , faclifque DH, 
DG,DF «qualibus.uni , duabus, tribus partibus ipfius 
B R v fi&^sm h#>, paft.es- expjjm unt teroppra cuiuslibct 
ckTjQQQtTms ti JlftPtaycJlgcjrWf itfifine cuiuiquc fpaiii acqai- 
fius: lineae CH, BG, A.F denotant luramam fpatio- 
rum in fine cuiuique temporis: diffcrentias vero Iinea* 
rum , HC a BG , BG ab m\F indicant fpatia finguli» 
temporibus percurla ; nam HC: BG = DH»: DG* ; 
adeoque iumraas fpatiorum , ut quadrata temporum , ac 
velocitatura , & AF — BG : BG — HC - DF* — 
DG»;DG»-DH» = j: 3; BG— HC :HC=DG» 
— D H * : DH 1 ^ j:i, ac propterea fpatia fthgutis 
tcroporibus peicurfa , ut numeri impares . 

Sebolion tlt. 

\ Hinc dato tempore, quo grave.ex altitudtne data 
dcfccndit , facile defiaientur fpatia , quae fingulis ifiiut 

* « 

temporis partibus confccjt boc modo . , Fsprimat. D A 
(JFig. 14.) fpatium toto teniporc copfcclum , & Dl to- 
tumtcmpus; (debet autem DI efle vel aqualis, vcl ma- 
|or linea DA fpatium defigoante) fi Jbl major elt DA, 

, « 

]n A erigatur perpeodicularis indefiuita AI, quasdeter* 
n^actur centro D, imcmllo DI, defcnbcndo arcma^ 



DB REGTAtfGttt* SOMM/, AC tHFFER. 4% 
Tccantcm A I io aliquo puo&o I ; a puoclo D ad I di*»' 
catur DI; in I clevetur perpeodicularis ISj producaiur 
D A , doocc coocurrat cura l S io S 5 fupra D S urq- 
■ <juam ' di^toci r (i a«icftb*U»r ; circolo$ trar>fiena pec uUu 
piin^h 0,1,8 w ,re<5taDI dftidatur ih partes asquaksj fiat- 

- quc D H *<|ti8li4f tfniy DG xtaabtrey DF tri&us- paitibot 
.■fpfosEf-ty 4 ^«&'* j HvG ,- ; F docamur f6rpeodi«u- 
*«rtf«s «V, <3»0-y FS i |! Sf*jfc D 1 », BC>, ««Vfi A; D^A 
•••Jjpatfe jpri*»* i' (ecQoct» j ffcrtft , quarta paitc lcsftporis* , 

& *ot$ t<r%porc Dl pe#*ci»r*, Qockr 0f ;£ D#, 

- ftrtftjtfa £> A 'gmtjuVta cTTaaJccro , dcfci ftaftit 3 tfrcofiis ; 

- d^daturr' DA ,io partcs ^lti f W&H ^ualis -k)i 

-pfciit ipfibidiaii*tfi, $ • f ctetcraV& fojjrla. V#nWlitec daio 
tetopbre , ^uogtave in medro 'oori teTrfteote pe? fpa- 
' tium d<«um dclceodit, deternffitteifuf teflipus^cjdo aliud 
Hpatfum daturrritV «o&rW fttm sbW&t* Sftft «cf>iia- 
c^patJadata DA ■ WWiflafyti& utrfljpt* £»f>e*odfcii- 
larw AIj dWerrtfrietutf ioAC p«ri#um , ad : cj&od du- 
^enfdi Di e<ptfmedtf tefopu* ^'D^i^ttf I- cJeVetor 

-Jp«i^3icfo*to i JS$$ WcrWqr-citof^fc^ *&« 
i fef* tfWWafi^fc^olfjB^uf '«fVtib? <Jcfl|8l^ t%m- 
"tur^er/ D^-| <{*<& ft D fc mfa (H^ jafS^iiHflof* eita» 
-Ttt **Uo «H+D A i rfvJrtira , cVfimfcuor dettomlf aao 

^ptfkmjM^diitiBV 1 n: i*'!dt-;:t « ^i-i j *ij-;rr:aii f.li 3», rp 

. sijrnwciuiib iiioii.i ii ina i:^q 

*& K% Scb** 
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ScboJion W. 



« 

« 



Sit fcmicirculus DIM, (Fig. 15. )• cuius 
. DM fu divifa in partes finttas , vcl jnfinuc parvas , & 
- £qu&les. .Siqt DH, DG, DF &c. «qualcs uoi, duabus, 
-tUibas par|ib.UjS d,i*met*j. QucaRtur pcrperjdiculajjes H X, 
-<3Q t P? &9'fi &oW& a%iqd : movebjiuj mp$u ^ofli- 
pofito, ex hpcizpniali ,, & umformi ter accejerato ; . ita_. 

i * 

tamco , jut( Ipatiahorizonulia. fingulis tcmpoc|bus aequa- 
jljbus a. mj>biii .pcrcur.fa a^a^u^n.t . djfiqr^fs , pefpfn- 

if dicularium :<*',? HX », &&*■$& .djca , /q^ di&uflu 
isobile ia fine cuiuslibct, tctrjporis crit. iq circumfercn- 
ti* circuli. Huius, rei vcrjtas partim patet ex di&is, par- 
tira cx hypothefi » etcn^m cum, in D perpendiculaiis iit 

. .=, q. «it % cafientc mptyli in, D ,. diflcrentja = ^H = 

. DCjergo cx hypothc.fi, motu- hqijizpntali.percurrc.tJX:; 

. fed eodem tempore cx dictis motu acccjeratq percurre- 
re debct JlG;,erjo in fine prjuii temporjs rDobUccrjc 
jn H j, paritci; difcrenm intfir H#j, & QQ = Hftiqt- 

. go fecundp temppreiigot/uborizpnuli^trar^fcr^wr, ro j; 
fed matu accelcrato defcendet in G; crgojn^ fine ; fe- 

, cundi temporis cric ,in punclo G circurafcccotiai; cuflp- 
quc iit iu femper ; ergo mobile io fipe^cujdiQue \W 
poiis crit jn circuli circumfcrcntia . 



* >4 
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L-u« Scbolion V» 

Factle patet etiam ex di&is , quod mobilc ; quod 
movetur motu compofito ex aequabili fecuodum lineam 
horizonti parallelam , & uoiformiter accelerato , debec 
parabolam defcribere ; nara fiat Dc:Db = DH:DG, 
& ducaotur ch, bg paralleke, & asquales CH, BG, 
erit ch : bg , ut quadratum temporis DH ad quadra- 
tum temporis DG ; fed fpatia Dc , Db eadem veloci- 
tate percurfa funt, ur tempora ; tempora autem funt ea- 
dera , qua? fpatiorum ch , bg ; ergo Dc : Db = DH : 
DG; ac proinde ch : bg = Dc*:Db*. Sunt igitur 
abfciule ch,bg, feu DX, DQ, ut quadrata ordina- 
tarum Dc, Db, feu Xh, Qgj ergo mobile, qood mo- 
vctur , ut ab initio fuit diclum , parabolam defcribit . 

THEOREMA VII. 

Dato circulo ASXC (Fig. itf. ) fi defcribitur pa- 
rabola AOQ, cuius axis AX , tranfiens per duo alia— 
quaelibet circuli pun&a S, & C, reclangulum ex linea 
compofita ex femiordinata circuli , & femiordinata pa- 
rabolsc in interceptam inter curvam parabolicam , & cir- 
cularem asquale cft re&angulo ex fegmentis axis a-. 
ycttice ad ordinatam afiumptam, & ab eadem ordinata 

K ad 
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ad ordinatara communcm circulo , & parabolas ; 
rum reclaogulum EVT, fcu ZTV eft aequalc reclan- 
gulo ARD, & reclangulum FQY, feu OYQ cft acqua: 
te rectangulo A P D . 

Demonflrath . 

« 

Eft ARX AB ( AB eft patametcr > = RT* , & 
ARXRX = RV*; «rgo cft ARXRX:ARXAB = 
RV*:RT»; hoc eft RX: AR = RV* : RT»; & di- 
videndo RX — AB: AB = RV* — RT» : RT»- icd 
RX — AB = RD, ob AB = DX, RV» — RT* = 
EVT=:ZTV; ergo RD: AB = EVX VT : RT»; 
eft autcm RT»= ABXAR; crgo RD : AB = EVX 
VT:ABXARj&RDXABXAR = EVXVTXA% 
crgo , utroquc produclo divifo per AB, E VX VT = 
ZTXTV = ARXRD- Eodem modo demonftrabitur 
rcaangulum APXPD = FQXQY = OYXYQ. 
Q. e. d. 

Schotion . 

Poteft parabolas tranfeuntls pcr pan&um* A circuK 
ASXC parameter AB efle minor diametro circuli AX^ 
ut fig. \6. , huic e(Te aequalis , ut fig. 17. , HJo cfTe ma» 
jor, ut fig. 18. Iu primo cafu parabola traniiens pev vcr» 
ticem A circulum- fecat in aliis duobus puaclis , ut S , 

. &C; 



r 



DE HECTANGUL.SUMM. , AC DIFFER. 4*7 
& C , in rcHquts cafibus nulli alteri circuK pun&o oc- 
currit , fed tantum , quo roajor eft paramcter dkmetro ,' 
eo inagis curva parabolica divcrgit a circulari . Quid 
coatiogat in primo caXu jam oltendimus in fuperiori 
Theoremate ; fupcreft ergo examinandum quid dicen» 
4um fn ia aliis cafibus. Sit igitur. 

TH EO R E M A VIII. 

Sint omok , ut fupra : dico reclangulum ex linca 
•corapofiu ex femiordioata parabolas , & femiordinauu 
circuli , fuppodto paramctro asquaH duroetro , in inur- 
ceptam intcr curvam parabolicam , & cixcularcm aequa.- 
lem effe quadrato abfciffae a vertice ad ordinatam af- 
fumptam . Hoc cft reclangulum ZTXTV = AR* ; 
FQXQY = AP*.(Fig. 17.) 

Dtmonfiratio , 

ARXAB = RT»; ARXRX = RV»; ergoABs 
RX = RT*:RV»; & dividendo AB — RX:RX = 
RT* — RV*: RV»; fed.quiapcr hyp. AB=AX, 
elt AB — RX = AR;ergo AR:RX=RT* — RV* 
: R V»; eft autcm RT*— R V» = ZTX T V, & R V * 
= ARXRX;ergo AR : RX = ZTXT V: ARXRX; 
& ARXARXRX = RXXZTXTV;hocelt AR* 

Kz =ZT 
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= 2T X TV . Eodera modo demonftrabitur FQX QY 
= AP» . Q c. d. 

THEOREMA IX- 

Sinc omnia , ut in Theoremate VII. , & VIII. , & 
fit parameter AB (Fig. 18. ) major diametro AX;dico 
reclangulum ez Iinea compofita ex femiordinata circu- 
Ii , & parabola; io interceptam inter curvam paraboli- 
cam , & circularem cequalc cfle differentise reclanguli 
ex pararaetro in abfciftam ab ordinata aftumpta deter- 
tninatam a re&angulo ex fegmentis axis per eandcflL* 
ordinatam determinatis; hoc eli Z T X T V = AB X AR 
— ARXRX; &FQXQY = ABXAP — APXPX. 

Dcmnflratio . "■ 

ARXAB = RT»; ARXRX= RV*;ergo AB: 
RX = RT*:RV»; & dividcndo AB — RX; RX = 
RT* — RV*:RV»; fed eft RT* — RV* = ZTX 
TV, & RV*= ARXRX; ergo AB — RX:RX = 
ZTXTV: ARXRX; ergo ABXAR — RXXAR 
■- ZTXTV. Eodem modo dcmonftrabitur FQXQY 
= ABXAP — APXPX. Q.e.d 



M 



Scb+ 



\ 



DBRECTANGUL.SUMM.; ACDIFFER. *» 

Scholion L 

Si AX (Fig. 16. 17. 18. ) axis circuli, $c parabol* 
dicatur m , quaelibct AR exprimi potcrit pcr m ; & AB 

r 
parabola» parameter axi AX vel sequalis, vel raultipler, 
vcl fubmultiplcx defignari poterit per m . Suppofita cr- 

■ • 

n 
go qualibet AR divifa in partes infinite parvas, & a»qu«- 
lcs , & a qualibet partc ad curvam parabolicam , & cir« 
cularem ductis ordinatis , fingula quadrata femiordinata- 
rum parabola? cxhibcbit ha;c formula univerfajis m 

rn 
o 4- m» — ra •♦- m* — am 4- m » «— 3 m & c. Ex huius 
n rn n rn n rn n 
formulae infpeclione conflat qnadratum m * efle conftans 

• • ' rn 

in fingulis terminis,& in qualibet fumma quadratorura 
femiordioatarum parabolas tot cflc huiufmodi quadrata , 
quot funt partes in abfcifla AR, quarum fumma exprt- 
mitur pcr m ; ergo fumma inflnitorum quadratorunL* 

r 
m * = m » V rn = ra? . Pariter ex eiufdem formutas 
rn rn r r*n 
confideratione patct terminos — o — m — im &c; 

n n n 

con- 
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conftituere progreflionem arithmeticam infioitam nume- 

roram naturalium ex .tot terminis conftamem , quot 

partcs continet m , quorum tcrminus maximus ell m , 

r T 

& qoilibet «ft duclus ia m ; fed fumma iofinitacuau 

n 
Buracrorum naturaiium s quorum maximus terminus m 

r 
= m * ; ergo hac ducla in m habebitur fumma infinito- 

.. ar* n 

rum tcrminorum o -t- m 4- im &c = mi ; ergo 

tT n n ar*n 

fumma infinitorura quadratoruin femiordinatarum para- 
boke = m 1 — m J = a'i . 
T*n" ar*n 2r*n 

Scbolion JL 

» 

» * 

Suppofita adhuc AX (Fig. itf. 17. 18.) = m , & 

qualibet AR: 

1 
£c sequaJca , etfc quselibet R X = m — -_m ; crgo erit re- 

r 



aangulum ARX^-X = m — o X «» — jn +• o ; ret 

T r 

ctangulum ez rccla AR dimibuxa parte infinitefima in 

ftfam R X parte infinitefiina au&am = m — 1 X 



m 



=1 

i 

I 
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m-nn-.i; idem dicatur cum proportione de teliqufe 

r 
reAangulis ex fegmemis dlaf&etri . Si pctu igitmr mul-; 

tiplicabuntur haec latera , ut habeantur fingula reclan- 

gula , obtinebitur haec formula expriaicm idfiniut rc-. 

fflangula fegmentorum diametri , nimiiunv 

m * — m* +- Q — o — o 

r r* 

+■ m» — m^atn- • m.-A- 1 '•' 

r r* f .,._..; 

+. m* — m* +• 4m — zm — 4 

7* 



m.+^m^*m~,,*c 



•** 



r r* * r 

<jootaroi fuinnu aquatis erit nn. -» - mi j nam fomnuu 

omnium m* = m* X m = nu; fumraa omnium — m* 

r r r r* • : r* 

= — m* X m zz — mi ; fumma terminorum. Of-im 

r* r r? r 

+- 401 •+• 6tn &c. = +- m*X m = +. mJ; fummaom- 

s ' r • " ** r r,J • 

nium terminorum — o — m — zm — 3 m &c. ss — 

m* X nj zz — ro t ; fumma. denique. omaium terrai- 

2r* 2r* 

norura — o — • i — 4 — p &c. *:s — taV; ! cfgo fumm* 

3 ri 

om- 



/ 
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omoiam reclaagaloram asquahs cft m* — m i +- m i — 

7*" TT 77 
P 1 — m* » quas ad fimpliciores termioos reda&a eft 
:ar* $r» 
acqualis m' — mi . 



ar* 3r» 



Corollarium L 



Si abfcifla AR pooitor aeqoalis radio, aequalis para- 
metro AB, ( Fig. 16.) tunc m , & m z: m ; erit ergo 

r n t 
famma omnium qaadratorum ordinatarum parabolas 
D A C , quas eft m J , aqualis m i ; fed fumma omnium 

ar*n xtf 

qoadratorom ordioatarum quadraatis OAVC cft osqoa- 
lis m* ; crgo, fi ab hac demitur prima, fumma omnium 

reclanguloram ex liaeis compofitis ex femiordinatis cir- 
culi , & parabolas in interceptas ioter curvam parabo- 
licam ATC,& circularam AVC eft asqualis m ? . £ft 

ergo fumma quadratorum ordinatarum qaadrantis ad 
fummam quadratorum ordinataram parabolas = 4:3; 
& utraque fumma ad fummam differcntiarum inter fo 
inviccm := 4 : 1 , & 3 : 1 . 

Coroh 
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« * 

Corolbrium 11 
Soppofita AR = ra = AX= m , & parametro AB 

r 

= m = ra , (Fig. 16.) fumma omnium quadratorum fcmi- 

02 
ordioataritm parabola? ad axem AX= <m cft asqualis 

nu; fed fumma omnium quadratorum femiapplicaurum 

parabol* ad femiaxem ADell asqualis mi ; ergo fum- 

15 

ma quadtatfertira femiapplicatarum parabole ad femiaxem 
DX cft sequalis jmJ . Eft* autem fumma quadratorum 

\6 - 

ordinatarum quadrantis DXC aequalis mi ; crgo fumma 

- ■• ■ ! • - 12 .. ..• 

infinitorum reclangulorum fqy, FQY cft asqualis yra». 

Corollarium UL ' 

» 

. Com (Fig, 16.) fumma quadratorum fcmiordinau- 
rum ad axem A X parabolae S A C fit aequalis mi; fum- 

4 1 • 
ma excefluuo» . quadratoruiii femiprdioatar ura . c^irculi . fjp* 

pca quadrau fcjnjord^ftruq parabote a$i axcm^AD, 

L una 



"7 * t -* 



una cura furama cxcciluum quadratorum fcroiordinatt- 
rum parabol» fupra quadraw {craiordioatarura circali ad 
axem DXfit «qualis . mi +- ymi ^tfmi ;m> ; fum* 

; 4« .48- ; «48-' & : 

ma tandem quadrttorura feraiordioatarura circuli ad dia- 
'TBctram AX fit gquaRs' ra * , patct primam cffe ad fe-. 

<j 

ctradam g ni* ? «■* — *'M, & fcamdaoi «d tcniama: 

4 8 
mi;tn! d; 1 M 4 « « * • 

t r ' 

CorQUarrum 1F, 

Suppofica diamctro AX «quali pacamctro AB, 
(Fig, 17,) crit fumma quadratorwB temiordjomarvuu 
parabolg ad axcra AX = mi , & furama quadratorum 

fcmiordinatarum circuli ad cundcm axcm - rai 5 crgo, 

- O 

fcac dempta a prima, crit fumma inflnitorum rtclaogu> 
lorumZTV.ztu.FQY&c.smJ— mJ =<JmJ-.nu 

2 0* 12 

= mJ . Moc idem poterat immcdiaw itffcrw <x Tbcor. 

VII I. , rnquo demooflratur quodlibct rectanguluraZTV 
>quale ; cflc 1 quadr ato coi refpondemis abfcHfe AR \ fup- 
-pofita thimtharactro AXsm dtvlfa to patte* iofitite 

pai. 



#» . -r 
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ptnrac ,;«5e «purios t da&ifique ltflcis ZT K zt &C fiira? 
ma redlaogulorum ZTV, zto sequalb eft fumouequa- 
'drawriBO qumworum- natUralium •, jtjujQrujp maximue 

AX = m; haec autem eft aequalis in J ; ergo etiam illa. 






Oofoltartum 

Inveniraus Corol. I. fummam quadratorum femior* 
dinatarum paraboUe ad axem AD radium circuli ( Fig. 
itf. ) sequalem effe m J ; & Corol. II. fummam quadra* 

torura femiordtnatarum parabola» ad axcm AX diame- 
trum circuli aequalem cfl c , m ? ; crgo illa eft ad hanc t 

4 

ut qoadratum radii ad quadratum diamctri , ut - : i , 

,ut fumma excefluura quadratorum ex ordlnatis quadran- 
tis DAVC fupra quadrata ordfnatarum pziabo\x'D A C 
ad axem AD ad fummam quadratorum ordinatarum_. 
quadrantisDAVC. ' 

■ 

« : ••■ i -CorottatimfVh •■'■■ -i ili n 



* -M 



• *. *• * 



'* * 



Si pooitor ( Fig, i7.)AX = AB = m, fumma om- 
oium quadratorum femiordinatarum parabolae ad axem 
AX-^jm/j , famm& anxnium .cxcctfuum /jftadpa*^rpm_. 

(emiordinatartUB pacaboJ» Jfttpna qgadrata ^fcmjqf djoaja*- 
- i L 2 rum 
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ram circuli r m> , iumma dcoiquc omaiara quadratch 

3 
tum femiordinata?um circuli = rai ; crgo prima cft ad 

© * . . : ..♦ ~.. . /• 

fecundam = - : -, fecunda ad tertiam = -:--, hoe 

* » i 

eft fumroa re&angulorum £TV,.FQY &c. eft media 
ariihmetica inter primam , & ultimam fummam • 

'•'• • '. '1 * " V 

* ' •• .'■.'..-•. 

arottaritmjni 



V • 



Suppofita adhuc AX = AB = m , (Fig. 17.) fumma 
qutdratorum femiordioatarum parabola; ad,a*em AX = 
£i, ad fcmiaxem AD = mjj ergo prima clt ad fccuni 

2 8 

tfam , ut quadratum diametri ad quadratum radii. Bft 

autcm fumroa quadratorum . ordinatarom quadramis 

DAYC-ra» , jfumma dirferentiarum quadratorum pa« v 

— — . ■•• •• • » V i- (.. i-.'; 

I* 

rabolas fupra quadrata quadrantis = m* ; ergo fumm&* 

24 
m 1 eft media arithmetica inter fummam m * , & nu; 



ii 8 24 

CortUarium Vllt 

. • . - 

. Hme ,<• fi. ( Fig; 16, ) pooitttt A D = n* = AB , fer*. 

. 2 

muta uhfrerljrils « fummae quadratbrma fcmiordinatarum; 

parar 



parabola ad axem AD- rai commutatur in hanc aliam 



•vwmrn 



*r*n 
mj_, & forroala aniyetf^lis fpmro» re$a^g^um ec 

i$ 

fegmentis diametri roj — * m» rcducituc «d haoc aliam 

-.. . .«* . 3-\ J : . ,., 

m i rr _mi = m.J ^ : erga , : & ab &g ? m > fiibtrAhif ur m t , 
Mnunct; m.i i-fgrom^r-f^gijlQrop ^YT,' cu* &* 

. •» • ^ » ■ •#«.-.*•*.• , 

in infin. Paritcr, fi ( Fig. *7vJ fit AD = m , AB = m t 

'.* •; '. i . : : l. :, u: : - r* j .» :-.• . .c ..'?'**-• r?:-j,. r •<•*» 

formula fuperior mt, «quiyalet huic atteri m J > & a!«- 

#^» ) »» ) » ) »"»»»<p»»'» «■*» * »^» ) ttw*«sj» m ji 

« 2**0 • • 8 

tera mi!— roJ -buic n*J — • raJ =:m 3 : ergo, fi jfltu 

12 8 T_~ 

.uu &c. in infin, zz m* . SimiKtcr , fi (Fig, 18. ) poafc- 

V"' *4 

tur AD = m,AB=2m, eadem foraida^ro «(*.{. gqnaf 

— «•»..«. .,«■»«-— f- .111 11 «^ •» • •» 

lis m 1 , & alia m J -» m.f jcft aequalis jnJ — m 1 = m ?• 

~4~ ar* jr- 8 «4 "T2 

ergo^c acr^'i-t)cJ®nftAaa^ 

jjtu &c*,iti infin. =; nfi • 

AY. t -j:'jci-6q daumfov?. zs 3 *o £*>?Iodi# .*«*]> * z oaQ* .n* 

*-'••? . Gw«J- 



\- 
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Corollarium IX* 



■ j < 
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Soj^bfita : «ahuc 1£D =-rb '£ AB , (F»& itf.) fi ini 

telligitur rerfcltf tum parafeola D A C , tum quadrans 
DAVG circa azem AD, ex revohitione priraae oritur 
<^^ra parabolicaj TcctiTKii ct^fpherttm ; crit aoteflfl hoc 
ad Hlam , ut fumtna quadratorum R V ,'r u &ci- ad furh- 
iuanr qiiadrato/um R9;'tfeati$UctflffMa fumma afcqua. 
lis cft m * , fecanda s m J ; crgo cmifphcrium cll ad 
« ,:1 ''Ta" < '• • • : '•» ' j itf 
conoidcm pac abolicam , ut m i : m i = 4 : 3 . Erit vcro 

, , .1. i. . . . I4 rf _. 

eadem cohois ad cxceffum cmifphcrii fupra ipfam co- 
noidcm, ot fumma quadratorum RT^r t, ad difleren- 
tiam corandcra a quadratis RV , ru &c*; fed prima— 
eft-^ rfjJ , fccunda t= rrii; crgo conois parabbiica.cft 

"iT 48 

ad exceffum emifpherii fupra ipJam conoidem, ut toi : 

48 4* ^4* 

*. Ju — v • 

jm, conow paraboUca oru cx rc^ttjonc parabcJ* 

circa 



/, ..... t 



i & 







♦ circa axcro AX crit ad fphseraro cx rcvoluiionc ferot* 
circuli ACX gcnitam'., «t.n i : mi, & hasc ad excefr 

^uro^coibidfs fupU* tpfaro fptoeraro , ut tnti «*■} fc# 

habcbuat cfga 'ibfcf fc invWero, ut tni ? (n*fnl » f fw t 

' : ''' ■ 4 - tf . '« - 

jut j m *• • tre* * m * 4 hoc cft , ut 3 ; 2 ; i « Scd in ca- 



••»»» • 



dcro ratione funt etiara cyliodfua circorofcfJptus , fph«- 

Ta ACX5 iftfcri$aVck coaue-ciofdclQ^^-r-d-^t^ 
dipis curn cylindro • crgo cooois diclo roodo gcoiuu 

'a^ualis '-^^ii^VW^^^^^^pMA coqoicfc 

fupra fph»ram, aeoualis. cft cooo ciuldcm bafis , & alth 
tudiqis curo cylindro »r •"•-'••••/■'• **■» «■■■•■ ■ 



... f t > 



. » v • :•; :. •„ . ' ■ 

Exccflus portlonis conoidia SMXNC fupra croif- 
phcrium CXSerU ayJ; cjcdlqro <ro«fp|rcrii SAC iupra 
partcro conoidis C A S *"" y * i , patct cx Corol, praced , 
cc IV.vQnarc ; erft ^mk cwcOo^d WQidcrtrCAS 
~*? »'f /'•& Wt atJfccanduiW ciscvMi'--:; $*.*/» tdw- 
quc ctit conbis Clit cacdta arifbractica iotcr UM^ni^ub 



<•. * » 



cxCcffuro-. • > ' r * * •• '■ • t — -*■■* *"-•.: 

- ••..»•».[... #....,„ «■. ... , . 1 4 . ,j,,|. : vi _, fi;j,'*J.; 

t ... .'!,-.< ;.»,fi i?3 «iit-q^-.-i *•..••": ;:;, '\i\ynJi 7C«»:.';..'. 
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, CtnUarium XIL 



" i 

» * . n k 



t i 



_: ; Si\.modo <Fig ? .i^.) pacamctcr jVB :s AX = m^, 

ctit coaois parabolica cx revolutione parabolas AXN 

f cfrca axem AX ad fplweipm genitam a fcmicirculo ACX 

= ra 2 :'m!j & fphasra ad cxceffum coaoidis fupra ip-. 

-,• .*..<? 



: t « r 

* » * . 



fam fphaeram = m> t m » , hoc cft crit conois ad excef- 

T : '\ . ...•r'j:j:. ; -i:«r.f > : 3' ..•* -» t . : . j.-. 

fum eiufdcm, Jfypra fphasram 3 m J : am J , & hic.ad fpha> 

mmmmmmmmmmm mmmmmmmmmmm .' 

•W • * - . l ■ . J . ♦ ,, , ', • - f 

xaqi p ^m? ; jflJ ; eft ef§9 cooois^ad e*ceitum eiufdem 

tf 6 

fupra fphaeram , uc cylindrus fphsre ACXS circiim- 
fcriptus ad fph&ram iofcriptam , & idem exceflus ad 
fphasram , ut fphasr* Ad cooutn^ eiufdem bafis , & alti- 

tudinis cum cylindro . 

'...-.•■'* •» . * 

THEOREMA X. 

^Dato circnlb ASXC, (Fig. 10.) & qualibet hypcr- 
bola AOQ, ctjus axu fit AX comtnunis circulo , & 
hypecboke:, dica fcclangulum ex linea cqmpofita ex fc- 
miordiaata circuli , & hyperbolas in iaterceptam ioter 
curvam circularcm, & hyperbolicam acqualc efle diffc- 
reotis re&aoguli c* Unca compolita cx affc tranfverfo , 
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& abfctfta in abfciffam divifi per quadratum dcnomina- 
toris raiionis eiufdem axis tranfverfi ad axem coniuga- 
tum a reclangulo ex fegmentis diametri circuli: hoc eft,' 

CRT» >RV»,ZTXTV = BRXAR — RXXAR; 

D* 

& fi RT* < RV* ; ZVX VT = RXX AR— BRXAR.' 

D* 

Demonflratio l 

Sit AB axis tranfverfus , HI couiugatus, & deno- 
minator rationis AB: HI = D,(exprimat D numerum 
quemcumque integrum, vel fraclum ), erit HI = AB. 

Cum vero hyperbolse latus reclum , fen parameter fit 
tertia proportionalis axi tranfverfo , & coniugato , eric 
latus reclum = AB • Hoc fuppofito : ex natura hyper- 

D* 
bol* , eft AB : AB = BRX AR : RT» ; fed RT* = 

D* 

RV* 4- ZTXTV = ARXRX +- ZTXTV; ergo 
AB:_AB = BRXAR: ARXRXt-ZTXTV; crgo 

D* 
ABXBRXAR = ARXRX +• ZTXTV , hoc eft 

ABXD* 
BRXAR — ARXRX = ZTXTV; ex iifdem prin- 

. D» 

M cipiis 
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cipiis conflat, fuppoGto RT*<sRV*,eOcZVXVTs 

RXXAR — BRXAR. Q. c. d 

D* 

CoroUarium L 

Si hyperbola AOQ erit aequilatcra , & axis tranf- 
verfus A B =: A X diametre circuli , tunc quodlibet re- 
clangulura Z T X T V erit aequale duplo quadrato cor- 
refpondcntis abfciflae = aAR* ; nam BRXAR = RT*i 
& ARXRX = RV*;crgoBR:RX = RT»; RV»; 
& dividendo BR — RX x RX = RT* — RV» : R V*j 
fcd BR =AX^-AR, RX^AX — AR, RT* — 
RV» s ZTXTV, RV*= ARXRX; ergo zAR : 
RX = ZTXTV:ARXRX,&aAR* = ZTXTV. 

Corollarium JL 

Si pci* circuli punc"lum tranfit hyperbola aequilate* . 
ra , cuius axis tranfverfus fit «qualis diamctro circuli , 
& parabola , cuius pararneter pariter iit asqualis diame- 
tro eiufdem circufi , erit fumma infinitorum rectaagu- 
lorum ex lineis compofitis ex femiordinatis circuli , cc 
hyperbolse in interceptas inter curvam circularem , & 
hyperbolicam ad fumrnam infinitorum redlangulorunL* 
ex lineis compofitis ex fcmiordinatis circuli , & parabola 
in imerceptas inter curvam circularem , & paraboiicam, 

« 

Qt 



DB RECTANGUL.SUMM., AC DIFFER. 83 
ot 2:1; oam ez Corol, praec. quodlibet re&anguluiiL* 
fupradi&um hyperbolae eft aequale duplo quadrato cor- 
refpondentis abfctffe ; & ex Theor. VIII. quodlibet re- 
claogulum parabolae eft aequale quadrato correfponden- 
lis abfcuTae . 

Corollarium III. 

Si femiordinata hyperboke major eft femiordinati* 

circuli , quodiibet quadratum femiordinatas primas e(l 

aequale quadrato feraiordinatae fecundi , & reclangulo ez 

linea compofita ez femiordinata hyperbolae , & circuli 

in imerceptam inter curvam circularem , & hyperboli- 

cam,nimirum RT» = RV* 4- ZTXTV=ARXRX 

»ZTXTV;fedARXRXt-ZTXTV = BRXAR; 

D* 
ergo RT» = BRXAR. 



*m 



D* 



Offotlariwn Ifc 

Viccverfa quodlibet quadratum femiordinat» hyper- 
bol« equale eli quaJrato lcmiordinatas circuli , dempto 
re&angulo ez linea compofita ex feqiiordinata primas % 
& fecundi in interceptam inter curvam circularem , & 
hyperbolicam s fi femiordinata pnma minor ell fecun- 
da;hoccttRT* = RV* — ZVXVTzARXRX- 

M 2 ZV 
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ZVXTV;fcdRXXAR — 2VXTV = BRXAR; 

D* 
crgo RT* = BRXAR. 



D* 



Scholion ; 



Suppofita diametro circuli A X = m 1 qualibet A R 
= m , axc tranfverfo = a , dcnominatorc rationis axis 

tranfvcrfi ad coniugatum = d ; & infupcr fuppottau 
A R divifa in partes infinite parvas , & asquales , crit 
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omoium quadratorum femiordinatarum byperbolas ad rc«j 
tftam AR asqualis erit 



am +■ m* 



rd* r*d* 
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hoc cft gqualis crit am»+> mi «— mi — am* w 

r*d* rTd* rid* ac*d* . 
m) •= am* +■ m» . 



«V 



jrJd* ar*d* *rid* , . 

Corollarium V. 

Si hyperbola crit arquilatera, & axis tranfverfus AB 
asqualis AX, erit fumtna omnium quadratotum fcmior- 
dioatacum ciufdem = mi *» mi . 

2r* jrJ 

CoroUarium Vh 

Sit AXN hyperbola aequilatera , culus axis AB arqua- 
lis diametro A X , & revolvatur una cum femicirculo 
circa axera AX, erit conois hyperbolica genita ex re- 
volutione primas ad fph&ram ex revolutiooe fccundi ;= 
5m» : m i , & conois eadem ad eiufdem excefium fu- 

6 6 

pra fphasram - $mi : 4 m J ; ergo funt Inter fe , ut j s 

6 ~T~ 

4 : 1 ; fed , G per -punclum A tragfiret parabola , culus 
pararoeter = AX, conois genita ex hac parabola eflet 
ad excetfum eiufdem fupra fphasram =.3:2, & hic cx- 
ceffus ad iphaeram = 2 : 1 per Corol. XII. Theor. IX. ; 
ergo conois hyperbolica, exccffus eiufdcm fupra fphae» 



u 
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ram , conois parabolica , exceffus eiufdem fupra fphse- 
ram, & fphasra, efTent ia progreffione arithmetica coa- 
linua , nimlrum =5:4:3:2:1. 

THEOREMA XI. 

Dato circulo ASXC , (Fig. 20.) & Ellypfi AFXY, 
quarum figurarum axis communis fit A X , erit reclan- 
gulum cx linea compofita ex femiordinata circuli , & 
ellypfis , in interceptam inter curvam circularem , & 
ellypticam aequalc reclangulo abfciftarum ab utroque ver- 
tice diminuto eodem re&angulo divifo per quadratum 
denominatoris rationis axis tranfverfi ad conjugatum . 

« 

Demonftrath • 

Sit AX axis tranfverfus ellypfis , FY conjugatus, 
& fit denominator rationis AX:FY = D; erit FY = 
A X ; cum autem tertia proportionalis axi tranfverfo , & 

~D 

conjugato ellypfis fit latus rectum , feu parameter , erit 

paramcter = AXj fed ex natura cllypfis AX : AX a 

D* D* 

ARXRX:RV»; crgo RV*=ARXRX; fed ult*> 

~m 

riusRT«=ARXR.X;ergoRT*— RV»=ARXRX 

— ARXRX, hoccft ZTXTV = ARXRX — 
D* 

AKXRX. Q. C; d : • . » 

U>> Scb+ 
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Sebolion h 

Suppoftta A X x 01 , qualibct A R = m , quadrato 

r 
denorainatoris rationis axis tranfvcrfi ad conjugatunu 

= d», erit fumraa infinitorum quadratorum «llypfis KV* 



m*****-r-mm-mmp 



ar*d* $ud* 



C&rollariuw h 



Per Scholion Thcor. IX. furama infinitorum reclan* 
gulorum ex fcgmentis diamctri circuli ell sequalis mi — 

*r* 

niJ ; fed cx hbc Theoremate quodlibct reclangulucu 



It 



XTV=ARXRX— ARXRX; crgo fumnuu 

mmmmmmmmmmmmm —mmmmmmmmmmm, 

D* 

infinitorum rcclangulorura ZTXTV = tn* -roi* 

ar* jn* 

mJ +. mi ♦ 



•p 



ar*d* jrJd* 

Corolhrium U. 

■ 

Ex rcvolutione femicirculi ACX , & femiellypfig 
AYX circa axem AX oritur fphaera , & fpfceroides, 
erit autem ilia ad hanc , ut fiimma quadratorum RT, 

rt &c. 



h 
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rc &c. ad fummam quadratorum RV, ru , & illa ea- 
dern ad exceiTum eiufdem fupra fph&roidem, ut fumma 
quadratorum RT, rt ad differentiam eorundem a qua- 
dratis RV,ru, hoc cft •= m* — ra? ; m* — m» = 

2 3 ad* 3d* 

mJ': m* = i : i , & mi — m* : m* — mJ — mi+- 

tf tfd* d* ' 2 32 3 2d* 

nH = m J : m» — m) = i:i — 1 . 
3d* "T" ~tf~~ tfd* cf*~ 

Scbolion 1L 

Eodem ratiocinio determinari poteft etiam propor- 
lio , quam babet foliditas cuiuslibet fegmenti fphserici ad 
foliditatem fegmenti i phasroidalis , vel conoidalis , five_* 
hyperbolici , five parabolici , quorum vertex idem , & 
. idem axis , ut fatis eft per fe clarum ; imo determinari 
poteft etiam proportio foliditatis tum -intcgrae fphaere , 
"tum fegmenti eiufdem ad foliditatem oonnullorum cor- 
porum fphasras circumfcriptorum, vel infcriptorum . At- 
que , ut huius rci exemplura aliquod affignemus . Pro- 
ponamus primo inveftigandam proportionem foliditatis 
fphasras ad foliditatem coni asquilateri infcripti , erit pri- 
ma ad iecundam , ut fumma quadratorum R T * , r t * &c. 
(Fig. 21.) in infin. ad fummam quadratorum RV*, 
ru* &c. in infin. ; fed prima fumma =mi, fecun? 

dl 



DB RBCTANGUL. SUMM. , AC DIFFER. 8* 
da =jroi, quia quadrata RV», ru* &c. funt quadra- 

ta numerorom naturalium ; ergo foliditas fphasras eft ad 
foliditatera coni sequilateri infcripti = 32:0. Propona- 
rnus fecundo determinandam proportionem foliditatis 
fegmenti fphaerici AESGCTA ad conum aequilatcrum 
infcriptum ; crit prima ad fecundum , ut fumma qua- 
draiorum RT», rt* in fegmento fphasrico ad fummam 
quadratotum RV», ru* in cono a»quilatcro; fed prtma 
fumma ajqualu» 9 m * , fccunda 3 nu ; ergo foliditas fcg- 

menti fph^rci cft ad foliditatem coni a?quilateri = 3:1^ 
adcoque fegmentum fph&ricum circumfcriptum cono 
sequilatero arquale cft cylindro eiufdem bafis, & aUku- 
dinis cum cono . Proponamus tcrtio inveniendam pro- 
portionem loliditatis cylindri circumfcripti ad fphsram 
infcriptam; erit fumma omnium quadratorum «qualium 
cylindri = m 3 f & fumma omnium quadratorum iphas- 

r« = m 3 ; ergo ille ad hanc = 6 : 4 = 3 : 2 . 
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Sit dtculus A Z B V ( Fig. 22, ) getihor cycloidts 
SAC, ctit qoodltbct re&angulura cx linea compofita-. 
ex leaiiocdiaau circuli , & cycloidis ia intercepum ia- 
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ter cqrvim circularera , & cycloidalem «eqq*lo quadc* 
to tangentia ducl* a punclo communi femiocdinaue , & 
curv« cycloidalis ad circulum geoitorcm « 

DemQnflratU « 

Deraonflratio patet ex elera,; nam fi a puncloquo* 
libet extra circulum ad circuroferentiam concavam du- 
citur linea , reclangulum fub tota Unea , & parte intcr- 
cepta inter punclum afluraptum , & peripheriara eft 
«qualc quadrato tangcmis ab eodctn puncla ad circor 
lum duclcB , 

Corollariwn l 

Patet fuperiorem proprietatem competere etiam re- 
ctangulis cx lineis corapofitis cx femiordinatis circuli , 
. & aliarum curvarum in interceptas intcr utramque cur- 
vatn ; ut funt conchois Nicomedis , fi circulus fit de- 
fcriptus, cuius diameter fit axis conchoidis, parabola, & 
hyperboU habentes parametrum 9 & axem uanlvcrfura 
majorem diametro circuli , & ali« , 

Corellariurn 11 

Hinc , ccitn diclum fit Thcor. VIII, quodlibct re- 
^tangulum ZTV (Fig. 17.) parabolaj babentis parauie- 
trum «qualera diametro ciccuii «qualc effc quadrato 

cor« 



DE RECTANGUL. SUMM. , AC DIFFER. »? 
«oreefpondentis abfciflfe, crit asquale etiam quadrato tan« 
gentis ducl* ex punclo T ad circulum , & haec eric 
aequahs correfpondenti abfciffas . 

t 

Corollarium llh 

Pariter Corol. I. Thcor. X. diclum fuit reclangu- 
Jom ZTV (Fig. ip.) hyperbola* asquilateras , cuius axis 
tranfverfus a?qualis cft diametro circuli , aequalc cfle du- 
plo quadrato correfpondemis abfciff»; ergo idetn reSanr 
gulum aequale erit quadrato tangemis ex punclo T ad 
circulum ducla?, & quaelibet tangcna erit aequalis 
duplt quadrati abfciffce refpondenus . 

THEOREMA XIII.' 

Dato circulo AZBV (Fig. 22.) geaitore cycloidis 
&AC, Ch fupponitur divifa fcroicircumferemia AVB in 
panes-tnfinhe parvae , & aequalcs , & imeUigumur du- 
cl* a qaovis punclo ad curvam cyoloidalcm lineas V T, 
ut parallcla;, erit fumma omnium harum Iinearum ad 
circulum genitorem , ut circulus genitor ad quadratum 
iofcriptum . 

• •* . 

Demonfiratio . 

* 

Ex natura cycloidis qualibct VT eft aequalis cor- 
refpondenti atcui AV circuli genitoris; crgo iu noilra 

;:, ' N 2 hy- 
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hypothefi prima ordfaata V T unl , immeditte fequens 
duabns infinitcfimis femicircumferemia; &c funt atqua- 
les; ergo huiufmodi ordioat* conltitount progreffiooem 
arithmeticam naturalcm , & earum fumma cft asqualis 
BC* ; fed area circuli genitoris , fuppofito eius radio 

,a - 
srquali R, eft asqualis BC XR» er 8° di&a fumma eft ad 

circulum , ut BC* : BCX& » ut BC : zR, ut kmicir- 

cumferentia ad diametrum ; fed in hac cadem rationc*» 
eft etiam circulue genitor ad quadratum infcriptunu. ; 
crgo eft fupradicla fumma ad circulum genitorem , ut 
circulus genitor ad quadratum infcriptum • Q. c. d, 

Corollarium I. 

Cum fpatium AVBCTA cycloidale fit asqualc* 
circulo genitori , erit fumma ordinatarum V T , u t &c. 
ad hoc fpatium , ut idem fpatino) «4 quadratum circur 
lo genitori infcriptum. 

Corollarhm II, 

> 

Pttet fpatium AVBCTA minus eflTe fumma Hnet- 
rum V T , u t di<5to modo in hoc fpatio duclarum . 
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Corattarium III. 

Cum fomma linearum TV, tu &«. In infinltasu 
Ct «qualis BC>, fitque BC» area trianguli ifofcelis, & 

z *~ 

reilanguli , cuius latera sequalia adaquent fingula femn 
circumfercntiam A VB in lineam reclam praduclam , 
erit huiufmodi mangulum ad circulum genitarcm , nc 
citculus genltor ad quadraium ei infcriptum j fcu erit 
idem triangulum ad Ipatium cycloidale A V BC T A , ut 
idcm fpatium ad quadratum circulo geniiori infcripuim, 
vcl dimidium quadrati femiperipherla AVB erit adcir- 
culum geoitorem , aut fpatium cycloidale AVBCTA, 
ut circulus genitor , vel fpatium cycloidale ad quadta- 
tutn circulo infcriptum . 



THEO- 



'theoremata 

Ai Trifelliontm arciu Jfteiiantia, . 

Vm fextutn volumen Hiftorix , quam 
lilterariam dicunt , quod nempe a_. 
; Matiio incipk Anni millefimi feptin- 
gcntefimi quinquagefimi fecundt , & 
ufquc ad Septembrem eiufdem anni 
protrahitur , fortoito legerem ; incidi 
ja gcoraetricam folutionem Problematis de Enneagono 
circulo infcrihendo , propofitatn a Domino Jofeph An- 
tonto Chaurarct Du Clos . Problemate autem vix infpc- 
£to efficcre flon potui , quin mirarer prxclarum hunc 
Auctorem ad latn fublime inventum pervenifle , pro 
quo infelici prorfus esitu univerlum Maihcmaticorum 
genus hactenus defudavii . At vero multo maion cor- 
reptus fui admiratione , cum , quid de huius problema- 
tis natura omaes fentiam Mathematici , aliquanto atten- 
tius confiderare ccepi . Veterum fiquidem Matbcmatico- 
rum , atque recentium communis opinio cil , comme- 
moratum problema , & generatim problema omne de_ 
Trifcflione arcus , Seflionum conicarum ope , relolvi , 
ut revera per has tantum curvas ea varie refolvunt ; 
nrc dcfunt , qui huiufmodi problemata e numero pro- 
blematum , qu« Plana appellantur , quasque pcr rcdtas 

lineas, 



AD TRISECT, ARCUS SPECT, $5 
ljneas,& ckculos «pediut»ur, putcnt eflc cHrainanda, 
cum ca natura. fua fohcU cilc iudicent . Vcrum noa iu 
facite ipfis potfum affcriari , ruG id gcometrrcis. cteraon- 
flrationibus probatutri vidcam , qu# mc hac dc rc cri- 
'denter pcrfuadeant . $i cnim ab ipfis qua»ritur , cur h#c 
problemata folida (int ,. hoc unum , ut pluf iinurri rcf» 
pondenr : quia , quomodocumque per Analyfim . e0rum 
folutio tentctur , ea femper in sequariones folidas iocur- 
rit • At novum non cft apud Algebrifes plura problc- 
roata tamquam folida fe fe offcrre , quae immuutis prin- 
cipiis, per qu<e fojida apparebant, hTquc ftjbftitutis, quaj 
ad problcmatis. naturam prosimjus accedunt, c nurrfcrQ 
planorum oon cxcluduntur , Ut igitur problema dc Tri- 
feclione atcus folidum cffc rhe concluderetur , proban- 
dum eflet , ea fuiffe atTumpta in folutione principia-, , 
qu« problcmatis naturam intimius pervadunt , eaquc* 
ad cequationem folidam conducere ; quod cum pon ita 
facile fieri poflit, improbandus profeclo noh erit Auclor 
folutionis de Enneagono circulo infcribcndo , fi ea.ro* 
tentavit folo circulo , 6c liheis reclis , quafi ignoraret 
naturam problematis^.quad foivit j imo laudandus, fi- 
cuti commendandi elTcnt quotquot aliorum djclis haud 
facilc credcmts , -aliqoid , caotc qnidcm , ncJllris 1 etiam 
ttmpaiibu? dc ii* fcribcront !pDobfletin*trf)us. 1 . qwe. Qfp- 
inctri* kgrbos jj6h d&J&bkfoquamftftirtmt gtwti |ar- 
taife xderoBL; .fiari coin\fic' pouat , ut gpt gqe&wijfcs 

co> 
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cogoitioni aftera accederet , doncc tot obtinerentur , 
quet fufficercat ad ea folvenda geometrice problemata, 
quaj ad hanc diem per Geometrtam infolubilia fueruot iu- 
dicata . Sed quidquid de his fit , Dominus Chautard Du 
Cfos de Enntagono regulari circulo infcribendo Proble- 
rna , vel folidom illud fit , vel planura , geometrice re- 
folvit . Examinanda igitur eft eius geometrica confiru- 
clio , ciufque demonllratio , quae fi vera erunt , incon- 
cuffum erit propofitum problema , aeque ac univerfale 
problema dc Tnieclionc arcus, cfle problema planum; 
il faifa , adhuc lob Iite erit , utrum plana fint , an fo- 
lida didt* problemata , donec evidentes hac de re ab 
aliquo Mathematico tradantur demonftraiiones • En_. 
quemadmodum ab Auclore fuo proponitur , 

PROBLEMA. 

Dato circulo Enneagonum regulare infcribere . 
Datus circulus eft ABC;(Fig i.) ei Enneagonum 
regulare cft inlcribendum . 

Conflru&h • 

I. A cemro A ducatnr lioea- A B D asqualis diame- 
tro eiufdcm circuli . Fiat triaogulom asquilaterum ADE, 
& fasic infcribatur circulus BFH, Ducatur reila DC, 
qu* em perpcndicularis AE t & fecabit rirculum BFH 



AD TRISECT. ARGUS SPECT. yf 
ia duas partes aequales per prop. ip. lib. 3. Elem. 

II. Fiat centrum in A , & intervallo A F ( punr 
clum F determinatur a perpendiculari DC (ecante cir* 
cumferentiam circuli BFH) defcribatur circulus ALF. 

III. Fiat centrum in C , ubi linea A E fecat cir- 
cumferentiam ABC, & defcribatur circulus ABE «qua- 
lis circulo ABC . 

IV* A centro A ad punclura Z ducatur linea AZ, 
punctum Z ell punclum Hlud, ubi circumferentias duo- 
xum circulorum ALF, ABE fe mutuo fecant verfas F. 

Dico arcum CT circuli ABC e(Te nonam partent 
circumferentias eiufdem circuli, ac propterea eius chor- 
dam in diclo circulo novies repetitam Enneagonum ex- 
hibere , quod petebatur . 

Prwparatio . 

V. Fiat feclor ALM, qui eft fexta pars circuli 
ALF . Producatiir radius LA ufquc ad circuii ALZ 
circumferentiam in X. 

VI. Ducatur linea ZX . A punclo M ducatur tt» 
nea MG ad pundtum G, ubi circumfercntiae circulorum 
ABE, ALZ fe mutuo fecant verfus X: has daa$, cum 
iint asquales per prop. 29. 3., fe mutuo fecabunt in eo- 
dem pun&o -, ubi easdem fecanc lioeam A B per »tf, 1« 
Fiat ccntcum in eodem pun&o, fa&a hypothefi illud etfe 

O pua- 
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punclnm C, $c iruervallo CM, vcl CX defcribatur 
•circulus M S X • 

. VII. Ducatttr diamcter G A P j lioea P M , qnas pw^ 
ducarur ia R . Ducatur linea, L Z , qu« pariter produh 
-catm io I . 

■ 

DemonftratU • 

VIQ. AngaJus fegmeati P M L eft asqualis aogulo 
fegmemiLZM per prpp. 24.32 aogulus fegmenti PML 
cft mioor angolo cutvilineo PMS pcr prop. 16, ciuf- 
dcm libri : ergo aogulus fegmenti LZM crit multo mi- 
cor angulo curviliaeo L Z A ; cum bic angulus maiar 
fit angolo PMS: oam, ut evidens eft, cum arcus ZBA 
magis femper recedat ab arcu ZML, quam recedat ar* 
cus MS ab arcuMLP, necefle eft angulus curviliaeus 
LZA maior fit angulp curviliaeo PMS: contra arcus 
ZE, cum miaus leroper recedat ab arcu ZN, quarn^. 
arcus MO ab arcu MN , aoguhis curviliaeus N Z E 
«rit minor angalo curvilineo NM O ; fed anguli miiut- 
lmei NZI, NMR funt asquales per ax. 3. lib,r.; ergo 
uterque corumcrit maior angulo curvilineoNZE; nam 
corum uterque eft maior angulo gurvilineo N.-MO per 
(1*. 3; eigo liuca LZIcft tangens circuli ABE ad pun- 
^tum Z per de£ 2. 3 : fcd angulus LZX eft reclus 
•per prop. 31. 3 ; ergo linea ZX tranfit per ccntrum C 
circuti AfcE pcr prop. ip. 3; quare A£C cft ifofcclcs 

per 
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pcr def. 5. 1 . Et fimilitcr triangolum AZX cft ifofce- 
lcs pcr candcm definitbnem ; crgo angulus AXZ eric 
aaqualis angulo ZAC per prop* 5. 1; ergo arcusLMZ 
crit dopltfc arcus ZN per prop. 20. 3 ; & arcus ZN eric 
tertia pars arcus LN; arcus ctiam CT crit tertia pars 
arcus CK, quia hi duo circuli ftint concentrici: fedar- 
cus L N eft tertia pars circumferentiae circuli ALF, 
quemadmodum eft arcus CK tertia pars circumferentias 
circuli ABC cx nora. 5 ; ergo arcus CT cft nona pars 
circumferentte eiafdcm circuli ABC; ac proindc repe- 
tatur novies cius chorda in circulo ABC, & habebitur 
Enneagonum , quod quairimr ♦ Q. e. d. 

Haec igirur fuperius adduda Enneagoni reguhris 
conftru&io , & deraonftraiio ca cft , quam Matheoiati- 
cis propofuit Dominus Chautard Du Clos . Solutio au- 
tem problematis tamdiu defiderata , fuoque ab Auftore 
tradita , nullo praeter confuetudinem verborum praemiffo 
apparatu , quas eiufdem excellentiara , novitatem , utili- 
tatem , difEcultateraque figuificarent , mc profe&o dc^ 
cius modeiiia certiorem facit , mihkjue ^peniflime de- 
clarat , quldnam cum impulerit , cum Mathematicorum 
coetui fuum commtmicavit inventum : foJus nimirum vc- 
ritatis amor, ac promovendas Mathefeos defideriain^ . 
Quas duo , cum m mc etiarn plurimnm poffiat , hinc 
potero , chri Au&oris, quem funnnopefe ^eneror , of- 
fenfam , quid lcntiam lum de conftru&ioae, tum.dtj, 

O 2 ck- 
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demonfiratione, ne minus peiiti in mathematicis facul- 
tatibus fallantur , fincere aperire . 

Demonftratio ergo Aucloris noo innititur principjis 
apud omnes Mathematicos certis ; fupponit enim angu^ 
lum conta&us efle quantura , repugnantibus Peletario , 
Galiteo , ValliGo , Eorcllio , aliilquc magn* not* Ma- 
thematicis ; nec fane tam facile spii erit id , quod affu- 
mit evidenter demonftrare . Quod fi cum laudatis Viris 
ponamus angulum contaclus eflc nullum , & angulps 
omnes femicirculorum effe asquales , tunc dcmonftratio 
longc aliter condudet ; nam primo non amplius vcrum 
crit angulum fegmenti PML minorem efle curvilineo 
P M S , quia angulus curvilineus P M S excedit angulum 
fegmcnti PML angulo contaclus PMS; fcd angulqs 
contaclus eft nullus ; ergo angulus fegmemi P M L = 
PMS curvilineo. Secundo vel linea ZX tranfit per ccrj- 
trum circuli AZE, quod illud eft , quod eft demon- 
flrandum , vcl non; ii primum, cum angulus XZL fic 
sequalis GMP per conft., LZM = PML, erit angulus 
mixtilineus X Z M = G M L mixtilineo , & detraclis utria- 
que angulis lemicirculi. aequalibus XZA , GMS, erit 
curvilineus AZP= SMP curvilineo: pariter cum an- 
gulus femicirculi XZ^ fit aiqualis GMO, angulusfeg- 
menti X Z N = G M N , his fubtraclis , ciit angulus N Z E 
= NMO; cumque angulus NMO fit cqualis NMR, 
quia aogulus conuclus eft nullus; ergo anguli NMR, 

NMO, 
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NMO, NZI, NZE funt imer fe ajquales . Si iccun- 
dum , hoc cft 11 linea ZX non tranfiret per cemruou 
circuli AZE, tunc unus angulus iegmemi, puta XZE, 
maior cft angulo fernicirculi , alius X Z A eodem rai- 
nor : cum ergo angulus X Z L (it sequalis G M P , an- 
gulus fegmemi XZA per hyp. (lt minor angulo fcmi- 
circuli , ac proinde minor angulo G M S , his detra&is 
ab squalibus XZL,GMP,erit mixtilineus AZL ma« 
ior mixtiiineo SMP; & additis angulis fegmenti asqua- 
libus LZM,PML, etit angulus curvilineus AZP ma- 
ior curvilineo SMP; fimiliter cum angulus XZI fic 
«qualis GMR, angulus XZN fegmemi fit «equalis an- 
gulo fegmemi GMN, his fubduclis , erit mixtilineus 
NZI = NMR mixtilineo; ftd NMR=NMQ curvi- 
lineo , quia angulus contaclus eft nulius ; ergo mixtili* 
neus NZI z: NMO ; fed quia angulus fegmenti XZE 
per hyp. maior angulo femicirculi GMO; ergo, dem- 
ptis utrinque angulis fegmenti sequalibus XZN,GMN, 
corvilineus NZE eft maior NMO curvilineo; crgo NZE 
eil maior NZI mixtilineo. 

Sed his omiffis, quas omnino funt abftra&a, & du- 
bta , clarius procedo , & dico demonltrationem non iub- 
fulere defecln conftruclionis . Quod , ut appareat , fic 
defcripta Fig. 2. eo modo , quo ab Aoclore conftruitur 
pro folutione Enneagoni , erit AZ ea linea , quas per 
ipfum fecat arcum CT nonam partem circumfcrenti* 

cir- 
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circuli ABC . Ducatur autem AF a centro A ad pua- 
clutn F, ubi circulus BFH fecat perpenclicularemCD, 
& dicatur diameter AE = AD = 2a : erit AB = AC = 
BD = a; &, ob triangolura ADC reclangulura , er-it 
AD* sDC»^ AC», hoc eft ^a* = a* +- DC», 
adeoque DC* = 3a», & DC= ai/3 . Quia vero DB 
tanglt circulum BFH in B , crit BD* = DCXDF, 
hoc crt a* = a^3 X DF> ac proinde DF = a ; erit 

crgoCD — DF = CF = ak'3 — _a_= *a ; fed AF* = 

^3 K 3 
AC* -h CF* = a*+- 4a* =7«*» ergo AF*, feu AZ* 

3 3 , A 

= 7a* , hoc eft quadratum chordas AZ, quod per Au- 

&orem debet efle «quale quadrato chorda; ioo°, ut 
eius conQruclio fit accurata, habetur per hanc expreffio- 

AZ = a l/* , & A£, qua; 

3 2 

quantitas ad mentem Aucloris debet effe finus rectas 

arcus 50« eft sequalis \Y~x % So PP onatur »S itur rad ' us 
AC = a divifus in 10000000 partium aequaliuoau, 
quemadmodura fupponi folet divifus in Trigonometria 
ad inveniendos finus, atquc taogcntes; erit AZ* =7a*= 

3 
7 ooopooopoooooo = 333333333333333 J_» 

3 
& ex- 
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& cxtracla radicc quadr ata crit a p 2 3 15275251! 

quam proxime, & -2 yZ = 7^37*2* . At , fi tabu* 

las finuum confulamus , inycQtcmus fupradi&um finum 
cfle quam proxime timirn reetum arcus 49° 47' 4P":» 
non autem jo° « Chorda igitur AZ ctt minor chorda 
100 °; erga chorda ZE eil maior chorda 8o°; ergo 
arcus ZE eft maior 8o° ; fed hic eft duplus arcus C T; 
ergo CT eft roaior 40°; ergo eft maior nona circura- 
feremias parte . Patet itaque conftruclionem Problcmatis. 
deficere ; adcoque in Dcrnonitrationq paralogifoios la- 
ttrc « . - . 

Verum-conrra ea, quae dhri , infurgere quis poiTcr, 
mihique opponere fundamema adducla evidemcr non-i 
concludere miriime accuratam efie conftraclionem Pr*r 
blematis de Enneagono circula iofcribendo , cum e^u 
dependeant a tabolis trigonoraetricis , de quarum veri- 
taie- dubitari fortaUc poflet . Sed ifta obiicienti fufficiat 
modo communis Mathematicorom confenfus, qoi eas 
veiuti cxaclas receperunt, doftcc aliquo prsemifTo thco- 
remate eiufdem defedtuw cx alio caprte roihi liceatia- 
fcrce , Amequim vcro , atiquod proponam Theorima , 
plaeet quaedaru prajtnonere . Univerium hoc Opus, quod 
fcribo, quomodocumque vel ad Trife&ionem arcus^oa- 
iducerc poffit , vei ad efwes cvitandos , qui ab.fts.con- 
miwi foicnti qui tclfe&iones teotant, quod ignora, im- 

probo 
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probo ftudio , ac diuturno duorum annorom dccurfu 
fuccifivis horis cOmpofui . Si afliduis laboribus iovento- 
rum mcorum fructus refpondiflent , utiliflimum profe- 
clo , atque doclrina plenum Mathematicis opus exhibe- 
rem ; fed non h*c tentanda font Problemata, quae Ma- 
thematicis illudunt , ut ftudia noftra feliciter cadant . 
Nonnullis igitur Theorematibus , & aliquo Problemate 
totum opus perdringam , deducamque quidqoid ex iis 
deduci poffe cognovi • Fateor autem in theorematis con- 
ficicndis, rebufque adnotandis , quae cx iis confcqucban- 
tur , non earum ufum , & utilitatem , fed potius vcri- 
tatem confidcraffe ; nec fane immerito , cum de rebus 
agatur , de quarum natura vel parum , vel nthil intel- 
ligitur : Etenim , fi a Mathefi quovis tempore eae om- 
ne< arcendae fuiflent propofitiones , quarum ufus, ac 
utllitas non attingebatur , nunquam innumera propemo- 
dum praeclara, atque utiliflima inventa in lucem pro- 
diiflent • Neglexiflet fortafle Apollonius Seclionum coni- 
carum doclrtnam , Proicclorum vias non demonftraflet 
Galilaeus, Planetarum tramites non cogooviflet Keple- 
ras , pythagoricom inventum , vel propofitionem jtf. 
lib. }. aon kripfiffet Euclides , Operum , quae libelUu 
fiuot corrigendorum modura ignoraffcnt Reccntiorcs, 
tacuiffcnt Veteres , ut alia ofmittam , Progreflionum geo- 
metricaram , & arithmeticarum comparationem , Loga- 
rimmoium do&riaa tam utiiis in tenebfis denique la- 

tuiflct. 
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tuiflct. Quidquid ergo in bifce meis Scriptis verum, at« 
qoe evidenter demonftraturn continebitur , fpero Mathe- 
maticos asquo animo efle excepturos , ctfi nullius mo« 
menti inventa- , •eorumquc attentionc indigna apparere-* 
poflim , quiafepc, quod ineptum primo intuitu cenfe* 
tur, commodum fucceffu temporis evadit . Quod fi haec 
mea Scripta eorum etiam approbationem obtinebunt , 
fciant , quotquot h*c legunt, laudem omnem D. Jpfeph 
Amanio-jChautard Du CIos effc tribueodam, qui, licec 

, * ■ 

in fua Problematis folutione aliquid erraverit, rac tamea 
principiis fuis ad talia excitavit, ad quas alitcr nunquam 
snaoum admoviffem . 

THEOREMA I. 

Si dao circuli KBC, AZE ( Fig. 3. n. 1. 2. 3. 4.) 
«qualcs ita ftnt defcripti , ut circumferentia unius tranf- 
cat per centrura alterius, & centro A radio quocumque 
AZ deicnbatur circutus LZ(5 fecans circulum AZE 
in duobus qufbufcumque pundtts Z, & G; Dico,quod 
cluclis a feclionibus Q, & G per centrum A reclis LX t 
G P , & a punclo G ad L linea G L fecante periphe- 
itam AZE in O, fi addantur QO, & ZO, h* lineas 
crunt femper inter fe aequalcs , & "du<5h QZ triangu- 
lem QOZ ifofccks. 



IV* 
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■ . • ■ 

DmonflrattQ , 

» « 

Triangulum AGL ( Fig. 3, n. 1, t, 3,) ert ifofcclct 
per -coUQtuclbiittn i' crgo AGO;=AQO = AZO 25 
A LO $ ergo QOL eft triangulum ifofceles , & QO s 

- « 

LO; fed ALZ eft triangulura ifofcelcs pcr condruclio, 
nem;ergoangulu$ ALZ^ AZLjfcd ALO=: AZO» 
ergo, his deira&fc ( in Fig. 3, n, t, z,), iifcjue; additis (ia 
Fig>n. $.),OL2:=OZL}ergoLO=;OZ = QO; 

■ • • m m \ * 

crgo triangulura QO Z ifofceles , In Figur* autcm 3, 
n. 4., quando ncmpc radius AZ =s AB, patet triangq' 
lum QO Z efle ifofccles ; nam tunc puncla B , & Z 
concununt in unum, iiem Q, & G, Crailiter A, & O; 
adeoquc AB, AQ, utpote duo radii , funt aequalcs , 
Quod erat dcraonlujandum , 

CorQllarium /< 

Cum triangulum QOZ fit ifofccles, dulU Unetu 
OE, erit per Corol, V, prop. ip, partis 1, Infjit. georae- 
tricarum P, Ab, Graridi, QR X &£ i* OR* *: ZQ* } 
fcd Q,a X & Z = OR X&B; ergo OR X RE^OR» . 
-ZO»; fed ORX.RE ^,°^* =;EOXOR| crgo x 
EOXORsZO», &BO; ZO = ZO:'Oft. Caot, 
autem eodem modo dcraonftrari pofln , dufta linca QG ti 
re&angulum GO X OF = ZO», hinc pater, qaod fl 

cir- 
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rircuto aliquod «rlt tafcriptam triaogalam ifofcelesQOZ, 
& a vertice O ad bafira QZ erant duclae quaecaaiqae 
redhe omnes protra&e ufqqe «d circumfereatiam in E , 
& G , reclaoguta omnia ex totis E O , G O in partes 
OR, OF erunt imer fe asquatia, & sequaitia quadrato 
ZO latoris ciu£jera triaftguli . Si producatur linea ZQ 
(P'g-3« n.fc) cxtra circolum in q , & docacor Oq fecans 
circulum OQE te g, etiam reclaogulum qOg erit asqua- 
le quadrato QO; nam reclangulum ZqQ +• QO* = 
qO*=qOg +- Oqg;fedOqg=ZqQ;ergo, hisdem- 
ptis,qOg = QO*. 

. . Corollarium IL 

« 

A pun&o Z ad G, X, P , L ( Fig. 3. n. 1. ) ducan- 
tur linea? ZG, Z X, ZP, ZL : Cum femicircumferea- 
m AZE fit aequalis AGE, arcus AZ = AG erit arcus 
ZE = GE; lineaergo AE, qu* tranfit per centrum C, 
& fecat bifariam arcum Z E G , fecat bifarian , & ad 
angulos re&os chordam ZG. Eft igitur A E parallela— 
PZ, & arcas Ap = ZE. Similiter , quia aogulusZLG 
= ZPG=«f GAZ = EAZ = EOZ =OZLj -ergo 

OE eft parallcla LZ, "& arcus Oy = Z E = Ap . Quia 
vero angolus GZX = GLX = AGO, arcus GI = AO; 
fed QG duplus AO; crgo Gl=QI . Quod fi a pon- 
£to G per communem fe&ionem H lineanvm AE, & 
Z X ducatnr GM , erit eiiam arcus Z t -Gl = Bt. 

P 2 idem 
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Idem fere eodcm modo demonftratur in reliquis figu< 
ris o. 2, $. 4 . 

Corottarium Iff. 

* 

Cum fit arcus MZ (Fig. 5. n. i. 2. 3. 4.) intercep- 
tus inter Iineas GZ, & GM fimilis arcui Zt, & arcui 
BT, patet ducla linea AM, haoc tranfiie per commq- 
nerti feclioncm B circulorum asqualium « 

Corollarium IV* 

Quia totus arcus BE (Fig. 3. n. 1.) eft duplus AB, 

& arcus B Z , feu QG duplus A O ; ergo eft Z E du- 

pIusOB, adeoque OB = By. Eft ergo arcus ty.femi- 

difierentia inter arcum BZ, & arcura ZE; nam eft ar- 

cus BZ = ~ BZE, fi buic addatur feniidifferentia inter 

» 

arcum BZ, & ZE; fed eft ~ BZE = By +■ Zt; ergo , 

cum By *- Zt +- ty = BZ , eft ty femidifTerentia inter 

BZ, & ZE. Pariter eft pB femidifferentia inter arcum 

p y , & arcum O p ; nam dimidium fummae areuuflL* 

y p +• pO eft By; fed By +- Bp cfficit arcum maiorem 

py , & dimidium fummae OB — pB dat arcum mino- 

rem Op; ergo pB eft femidifferentia • Quia autem eft 

arcus Ap = Oy , dempto arcu Op , eft AO =,py •= 

B t ; adeoque p B = y t . Sunt ighur in proportione jarith- 

meiica arcus BZ : ZE = py ; Op, & BZ +. 6p = 

ZE 
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ZE +. py . Idem dcmonftratur in Figura 3. o. 2.; nam 
arcus BEeft duplus AB, & BZ , feu QG eft duplus 
AO ; crgo ZEeft dnplus OB ; fed etiam BZ cft du- 
plus Bt; ergo OB «• Bt = - BZE; fed OB +■ Bt +• 

t y = Z E ; crgo t y cft femidifFcrentia inter arcum Z E,' 
& BZ . Pariter cft Bp feroidiHerentia intcr atcum Op, 
& py ; nam <jimidium fumms arcuum Op -t-py ; 
OB, feu By ; ergo, cura OB +• Bp fit quamitas maior 
Op, &By— -Bp quamitas minor py, eft pB fcmidif- 
fereoiia . fcft rutcm pB - ty ; nam Ap = ZE ; fcd 
ZE = Oy j crgo Ap r: Oy, & , dempto Op , AO = 
py; fed AO = Bt; ergo Bt = py, &, addito tp, Bp = 
ty. Eft igitur in proportione arhhmeiica ZE : BZ = 
Op : py. H*c eadem vera funt etiam io Figura 3. n.4- t 
ut facile patct . In Figura autem 3, n. 3, , in qua nera- 
pe ZB eft par$ arcus ZE, erit ty femifqmma arcuum 
ZE +* ZB; nam , quia arcus BE eft duplus AB , & 
arcus ZB duplus AO, erit ZE duplus OB; fcdZE = 
OBy, quia OZ =Ey, &, addito Zy, Oby =ZE; 
ergo ZE duplus By; fed ZB eft duplus tB; ergo tB 
+- By = ZE+-ZB . Ex dicUs cooftat etiam in Figura. 



3 



3. n. 1. 2. 3. arcus By , & Zt , qni fimul efficium 
furr.nram arcus BZE eiTe fimul 6o°, & in Figura 3. 
n. 4. femidirTcremlam arcus ZE ab arcu BZ efle 60* , 

w 

Cpro/- 
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Corotlarium V* 

Ex Corollario prascedenti patet igitur portionem.* 
arcus ty (Fig. 3. n. i. ) imerceptam inter lineam LZ, 
& lineam GM e(Te femidiSerentiam inter arcum BZ, 
& arcum ZE. Item clarum eft portionem arcus inter 
communcm feclionem B circulorum KBG , AZE , & 
feclionem y per lineam LZ effe dimidium arcus ZE. 
Pariter manifcftum ell arcum Bt, vcl Zt cfle dimidtum 
arcus BZ . 

Corollarium VI. 

Si ergo linea dudla a punclo L ad punclum Z iux- 
ta propofitam conftruclionem circulum tangeret in pun- 
«5to Z , tunc puncla Z , & y ( Fig. 3. n. 1. ) concurre- 
tent In unum punclum ; quare eflet arcus ZE duplus 
BZ; adeoque arcus BE eflet trifeclus; ac proinde etiam 
arcus BC , hoc eft circulus KBG cfTet diyifus in no- 
vem partes ftquales. 

Covltarium PJL 

Cum linea OE (Fig. 3. n. 1. 2.3*4.) fit parallela^ 
Hneas LZ, & linea ZX fit perpendicularis LZ,quia- 
angulos LZX in fcmicirculo, eadem ZX erit pcrpcn- 
dkularisOE; crit ergo triangulum RZV ifofceles: nam 

ia 



AD TRISECTi ARCUS SPECT. 111 
in duobus triangulis R Z S , V Z S angulus R Z $ ~ V Z S, 
quia arcus QI - GI; angali RSZ , V S£ re#i , latus 
ZS comtnuoe; adeoque ZR = ZV. Erunt igituc fimi- 
lia ctiara cjuq triangula. O R Z , E V Z j naro angolus 
ORZ:=EVZ,qui* ZRS =.ZVSj EOZ =GZE, 
quia arcus ZE 5; GE'} ergo OR ; RZ = Z V - : VE ; 
icd ZR = ZV; crgoQR;ZV = ZV; VE, 

CQTQthrium VUl 

■ . . 

$i linca OR (Flg, 3, n, 1 e vadcrcr «qtialiY linefc 
ZR, cumfu OR;RZ=ZV; VE; taoc linc*? OR, 
RZ, Z V, VE eflent ajquales; a^cQquc triangula QRZ^ 
ZVE eflcot aequiangiila, ajqualia,& ifofcclia ; a« prq* 
inde arcus, G E =j Z : E = ZO =• QO * • 



Cwllmum l& 

Eflet crgo trlangulgm OZE ( Fig, 3, n, \< ) ifofcc- 
Jcsj qpare angulus. OEZ = EOZ =. OZL , Eifet igi- 
tur LZ ungcn§ circuli AZE. in Zj n*tn aoguJq«OZL< 
= OEZ in legmento altecno ; Effct. arcus. ZE duplus 
BZ per CoroUarium.VI*Linc*,Z;X, quap perpcqdicu- 
laris cflct tangcnti LZ tranfjre* per. centrum Q circuli 
A(Z«, Unq vcrbo Figur* ii#c in ^guratn 4. abiret , 
in qua linca AZ fccarct areum CT , qui effct nona-* 
paw fcriphciiiie ctKuli-KTC- * 

Coroh 
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Corollarium X. < 

Suppofita ergo Figura 4. eo modo coartru6la, quo 
dixi, itanempc, ut cxhibeat folutionem problematis de 
Enneagono circulo infcrlbendo , perutile erit tum ad 
fymhefim , tura ad analyfim promovendam omnes li« 
oearum relaciones, omniaque fymptomata examinare.»» 
qu« in dicla trttedtionc occurrerent . Quare , cum pri- 
mo arcus ZE fit duplus BZ per Corol. VI., fuque to« 
cus arcus BE 120°, erit ZE 80 °, BZ 40°. Secundo, 
cum fic arcus ZR 80 °, eiit AZ arcus ioo°; fed arcus 
Z.O = ZE; ergo arcus AO erit 20? . Tertio , cum fic 
GE = ZE = ZO per Corol. VIII. , crit arcus GZO 
240°, & erit trife&iis; ergo arcus GO erit 120 , adeo- 
que latus G O eric latus trianguli aquilateri . Quarto , 
cum per Corol. II. dcbeat e(Tc arcus A p = Z E , eric 
Ap = ZO, &,dempto Op, crit arcus AO =Zp ;fed 
BZ duplus AO ex dictis; ergo BZ duplus Zp; fed BZ 
duplas Zt per Corol. II.; ergo puncla t, & p Iinearum 
GM , PZ concurrunt in unum . 

CoroUarium XI. 

Gum ckculus geometrice dividi poffit in decemJ 
paues aequales , fi tuxta fuperiorcm coaftru&ioaem di- 
vidi ctiam poflct in novcm partes aequales, poflct ettaui 
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geometrice dividi in nonaginta partes ajqiulcs, & quem- 
libet arcum bifecaado ia centum ocloginta partes , & 
iterum quemlibet arcum bifariam dividendo in tercen- 
tum fexaginta partes aequales ; ergo circumferentia cir- 
culi dividi poflet geometrice in omnes gradus , in quos 
lolet a Geometris dividi ; ergo circulo iofcribi , & cir- 
cumfcribi poflet quajlibet figura , cuius latera fubtende- 
rent arcus ex integris gradibus conftantes , vel conftan- 
tes ex integris gradibus , & dimidiis , quartis , odlavis 
partibus gradus &c. 

CcroUarium XII. 

Quia per Corol. VIII. arcus GE = ZO erit linea-. 
GL parallela ZE; & AZ, quas eft perpendicularis ZK, 
etiam parallelse GL erit perpendicularis ; & quia LO 
eft paraliela ZE, & LZ parallela OE per Corol. II., 
erit OLZE parallclogrammum . Quia , vero LZ eft 
tangens circuli AZE, erit angulus in fegmento aherno 
OGZ = OZL = ZOE = OEZ = OLZ = OZR; 
adeoque triangula LZG,LOZ,OZR erunt ifofcclia, 
& Gmiiia. Erit igitur GL: LZ = LZ: ZO = ZO : 
OR, hoc cfl, lineas LZ, & ZO erunt dus medias pro- 
portionales inter G L , & O R • 
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CoroUarim» XltL 

Si in punclo E erigatur taogens E«, & product- 
tur LZ, doocc coocurrat cum Eto in u, ctiam trian- 
gulum EZw eft firoilc, & asquale triaogulo VZE, & 
RZO; ergo eft ctiam GL :ZG=ZG: ZE =ZE: 
Z«>, hoc eft linea GL coropofita cx latcre uiaoguli 
«quilateri infcripti circulo AZE, & cx chorda oclo» 
ginta gtaduum ciufdcm circuli, chorda ZG ceotuia* 
fexaginta graduum , chorda Z E oclogiota gracjuuiiL* , 
tangeos Zco quadraginta graduum fuot in proportiono 
gcomeuica cominua • 

CoroUarium XIV. 

Linea AZ (Fig. 5.) eft perpendicularis GL, ut 
dcCDonftravi; lincae PL, & GX funt perpendiculares 
GL, quia anguli PLG, XGL funt in femicirculo ; 
crgo lroea? PL, AZ, GX funt inter fe parallelas : fed 
hoc dato angulus A ZX = AXZ = ZX G ; ergo , quia 
in ttiangulis QXI, GXI anguli IXG, IXQ lunt aequa- 
les , anguli QIX, GIX funt re<5li , latus XI comma- 
ne ; erunt latera Q X , G X «qualia , & triangulum_ 
QXG ifofccles ; fcd QX = 1 Z ; ergo GX = TZ = 
PL. 
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QoroUarium XP. 

Si crgQ a puacto P per panclum T dacitar linea 
PTH, hjec cft parallcla liocas LZ, lioc« QG; cum- 
^uc triangulum QXG fit ifofceles , & fimile triangulo 
KAT, liaea PT tranfibit per punclum K, ubi linea*. 
AK asquahs radio AT; quare triangula QXG,PLK, 
TZN erunt ifofcclia, & aequalia. 

Corollarkm XFL 

Quia wLZH ert parallclogrammum , angulus wLZ 
= «HZ = ZPLCum igitur in triangulis PZH, P ZL, 
RZL angalus PHZ fit aequalis ZPL = RLZ, angu- 
lus ZPH = PZL, triangula erunt fimilia ; ergo erit 
PH ; PZ = PZ : LZ = LZ : RZ, hoc eft erant liaee 
PZ,LZ duas medias proportionales inter duas PH, 
& RZ. 

XPIL 



Cura Hnea Z H fit circuli L Z G rangens , patet cffc 
2H* = PHXHN. Et cum per CoroIL V. prop. 1;. 
Inftit. Geom. P. Grandi , Z H » fit asqoale T H X H N +- 
ZN» ; erit ergo FT X HN -h TH X HN = TH X 
HN + ZN 1 ; &, dempto utrinque reclangnlo TH X 
HN, erit PTXHN=ZN»; ac proinde P T : Z N = 

ZN:HN. 

Q s CoroL 
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Corollarium XVlll» 

Du&a a punclo P ad X linea PX , & a punclis 
T ad X , Z ad G lineis T X , Z G , erit parallelogram- 
mum PLGX fupra bafim trianguli PTX aequale pa- 
rallelogrammis fuper eiufdem latera defcriptis j naau 
PsSL = PTZL, & XsSG = XTZG. 

Coroltarium XIX» 

Quod fi producatur linea XG in x , & g , donec 
concurrat cum lineis P T , L Z produclis , erit etiam* 
P L g x parallelogrammum aequale P L G X, duplum 
PLZT; adeoquePLZT = TZgx = TZGX. 

CoroUarium XX, 

Cum reclangulumAXQ=mXG,&QX =GX; 
erit Gm = AQ; ied tota Gx = QK; ergoGm=mx; 
ergo rcclangulum M x D = DKM = Gxm = AE* . 

2 

Cum igitur re&angulum MxD fit aequale dimidioqua- 
drato diametri, fi a puoclo x ad circuium AZEG du- 
catur tangens , hasc erit asqualis lateri quadrati circulo 
AZEG inlcribendi . 

Coroh 
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CoroUarium XXI* 

m 

Si lihea ZN producatur ufque ad peripheriam cir« 
culi A Z E , h*c eidem occurric in m, ubi lioea G r 
candem fecat ; arcus enim A QG m eft menfura anguli 
AZN . Parallelogrammum autem AZmX eft Rhomr 

bus . 

Corotlarium XXlb 

Producantur A E, PD (Fig. 6.) donec concurrant in 
o . Ducatur a punclo Z ad punclum n interfeclionis U- 
nearum Gg, Ao linea Zn; triangulum AGn eric ifo- 
fceles; efgo erit AG = Gn; fedAG = Xra; ergoXm 
= G n ; ergo GX = mn. Cum igitur in triangulis A G X; 
ZmnfitAG = Zm, GX = rnn , angulus XGA =s 
GAZ = Zmn; ergoZn = Zm = AG = AX,& uian* 
gulum tnZn = XAG. 

Corollaritm XXUL 

- i # 

» . f . ' * 

Ducatui linea QT , h«c erit perpendicularis PD; 
adeoquc 'erit paratlela ZX; erunt ergo firailia trianguta 
AnZ, ACZ, A<fT;ergo,eric An: AZ = AZ:AG = 
AC, feu AT: Aq; eruntjgitur AZ, AT duae mcdue 
proportionales imer duas An, feuPZ,&Aq. 

Coroh 
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CoxoUarium XXIT. 

Quia P Z eft parallela A n , triangulum P H % efl 
(imjle triangulo H Eo; ergo PH : ZH = Ho : HE; fed 
PH:ZH = ZH:NH; ergo ZH:NH = Ho: HE; 
ergo NH XHo = ZH X HE = MH X Ht>; ergo 
MH:Ho=NH:HD. 

Corcllarium XXP. 

. . Si producatur a puoclo m pcr T lioea mT ; quia 
m n aequalis , & parallela ZT , erit m T parallela Z n, 
parallela A Q ; ergo m T producla tranfibit per e , ubi 
arcus Ae eft tfo° . Tranfibit eadem mT etiam per pun- 
clum c, obi circulus LZG fecat diametrum AE, quia 
triangulom ATced aequale, & «quilaterum triangulo 
AQT ; adeoque QT = Ac = AZ . 

Corollarium XXFl. 

Erlt ergo e m chorda arcus 140 ° . Ghorda igitur 
arcus 140 ° circuli A Z E aequalis eft fummas chordarum 
AZ ioo* 9 & Te 10 • eiufdem circuli AZE. 

CbroUarium XXPII. 

' Com AP fit paralleU Tc , ell AP : Tc = Ao t 
co =Za :Tc = An : Ac =Ac :AC = AC: Aq; 
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ergo crH AoXAcs co X Ao; Ao X AC = coX 
Ac ; Ao X Aq = co X AC; & t demptis fecuodis rc- 
clangulis a prirois, Ao X Cc =~ co X CD > 9tquc, fubtra- 
clis leniis reclaftgulis a fecundis, Ao X <}C = co XCc; 
ac proindc Ao X Cc: Ao XqC = coXcn:coXGc, 
hoc ctl c o : C c = Cc : qC . 

t 

Corollarium XXTItt. 

Quia angulus AQy ss OGZ , arcus Ay = OZ , 
detraclo Oy, AO = Zy ; fed chorda arcus Zy = qC , 
quia qyZC paralldogrammum ; ergo chorda Zy=AO 
= AF = qC = En. Eft autem etiam Cc = TZ = cm 
= ido; ergo,quia reclangulum AoXqC = co XCc; 
erit etiam uclaoguium oAF = ocm; & quia cn;Cc 
= Cc : qC , erit cn ; ran = mn : nE * 

Corollarium XXIX. 

Ducla G N , quia hee parallela QT , eft T V : V N 
•= qC : Cz ; fed T V = VN ; ergo qC = Cz ; eA ergo 
zc di&ereotia imer cbordam arcus ao° ckcoIiLZG, 
& chordam ao° ckcuti AZE • 

Gbtottarhto XXX» 

Si linea PZ (Fig. 7.) evadet tangens circuH AZfe, 
tunc puncla Z,& p concorrent in unum. Cumquc AE 

. fit 
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fit parallcla PZ, eft arcus AZ = ZE; fcd AZ= AG, 
& ZE = GE; crgo Figora GEZA cft quadratum . Li- 
rca ZG, quae eft perpcndicularis tangenti PZ in pun- 
clo contaclus Z, tranfit pcr centrum C circuli AZE ; 
item linea ZG, cum fit perpendicularis ctiarn linca? AE 
in punilo C , eft tangens circuli KBC ; cft ergo DZ : 
ZC = ZC : ZT . Quare fi dicatur radius ZC = i , eft 
DZ = i +- v 2, adeoque ZT = V i — I = i 

Corollarium XXXI- 

Demonrtratum fuit Corol. IV. arcura Bp effc «qu4- 
lem ty; ergo , dempto tp,feu tZ,Bt = py;fed per 
CoroU II. Bt = tZ, feu tp ; ergo Bt = Zt = Zy , feu 
py ; Eft igitur By 45° trifeclus . 

Corollarium XXXlh 

Patet arcum PZ efle duplum ZN , & arcum wT 
duplum TC ; adeoque arcum PZN, & coTC 13 5 
eflc trifedtum. Cum ftt PZ diametroAE aequalis, con- 
ftat PZ efle latus quadrati circuloKBC circumfcriben- 
di & eundcm circutura KBC tangere. Manifeftum cft 
«i'am triangula PZG, PAZ, AZC cfle ifofcclia, & 
fimilia ; & efle PG : PZ = PZ : AZ = AZ : AC ; 
Quare , fuppofito radio = t , erunt, ut hi numcri %V2 : 

■ *:V*:i.«. 

Corok , 
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Corollarium XXXIII. 

Etiam triangula AZE, OZS fum ifofcelia , & (I- 
; crgo eft AK : AZ = ZO : OS . Eft igitur dia-j 
tneter ad chordam p o ° , ut chorda 7 5 • ad lineam O S, 
fcu eil finus totus ad finum 45 , at Gaus 37* 30' 
ad OS . 

Corollarium XXXIK 

Per Corollarium I. cft AZ»~IZXZH; item-, 
ZO* = EOXOR; crgo erit IZ:AZ = AZ:ZH, 

hoc e(t chorda itfy° ad chordam po°,ut chordapo 
ad lineam ZH, feu finus reclus 8t° 30' ad finum rc- 
clura 45°, ut idem finus ad ZH : pariter erit EO: 

2 
O Z •= O Z : OR , idcrt chorda 1 6 5 « ad chordam 75«, 
ut eadem chorda ad lineatn OR, feu finus redtus 82°, 
3c' ad finum reclum 37 30', ut idem finusadOR. 

2 

Nota autem linea OS = ZS per CoroII. prec, & Haea 
OR per hoc Coroll., erit nota RS, adeoque etiamZR, 
item YE per Coroll. 7. 
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T H E O R E M A II. 

Si duo circuli aequales KTC > AZE (Fig. 8. n. i.) 
ua fint defcripti, ut circumfercntia unius tranfeat pcr 
centrum alterius , & centco A radio quocumque defcri- 
batur circulus concentricus circulo KTC, & fecans cir- 
culum AZE ih dudbus quibufcumque punclis Z, & G; 
dico, quod, ducla ab interfeclione Q linea QA utrin- 
que terminata ad circumferentiam circuli L H G in X , 
& L, & ab interfeclione G per centrum linea GAP, 
additaque linea LH a pun&o L ad H , ubi diameter 
AE fecat peripberiam circuli LMG,.& linea PIz^LH, 
erit eadem PI parallcla QG,& tranfibit per pun&um K. 

w 

Demonffratio . 

Ducatur a centro A ad I linea AI; quia LH = PI 

per hypothefim^triangulum LAH e(Va»cjuale, & ajqui* 

angulum P AI ; & quia arcus HX per conftraclionem 

cfl fimilisQC, fimilis AQ; ergo angulus XLH = 

QGA; led XLH= GPI; ergo QQA = GPI; crgo 

QG parajlela P I ; Q e. p. m Sed , quia in trianguli&QG A, 

PAK angulus QG A =- APK., QAG = PAK, AGc 

AP, erit AQ = AK; fed AQ efl radins ; ergo etiam 

AKeft radius ; ergo linea P I tranfit per punclum K ; 

Q. e. y. n 

Idem 
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Idem dcmooftratur, fi circulos LZG (Fig.8.n.i.) 
Jit minor circulo KCT, nam, ducla adhuc AI, trian- 
gulara L A H cfl; ceqoate , & «qoiangu-hjm triangulo 
FAI; adeoque eft arcus XH = GI, fimilis QC, fimi- 
lis QA; ergo, fi ducatur QE, angulus AEQ = GPI; 
fed anguli AEQ,& AGQ, itera anguli GPI, & GPK 
fuat asquales duobus rcclisjergo angulus GPK=AGQ, 
& linea GQ efl parallela PK. Quia vero in triangulis 
AGQjfc APKanguIusAGQ = APK,QAG=PAK, 
& latus AG = AP; ergo AQ = AK, & lioca PI pro- 
ducta tranilt per pundtum K . 

• GortUarJtm L 

DucTa A T M < Fig. 8. n. 1. ) a centro A pcr pun. 
&om T, quia triangulum AKT ifofcelcs, crit AKP= 
ATI; fcd etiaoi APK =AIT, & latus AP = AI; 
crgo triaogula AKP, ATI, &QAG funt aqmlia , & 
«quilatera . Cum igitur fit linea TI aeqnalis, & paral- 
lela QG, fi inccWigantur du&as chordas arcuuoi QT, 
& GI, erunt hc aequales, & parallelas; cum autem chor- 
da arcus GI fit aequalis radio circuli LZG , erit ctiam 
chorda arcus QT asqualis eidcm tadio . 

Corollarium 7/. 

Cum ta nriangslis LAB, IAK angoUis ALB fic 
«qual». AIKj anguws LAB cofmutrais, latus AL = AIj 

R. 2 „ crit 
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crit tr jangulum LAB = IAK,& latus A B - AK ; cum 
igitur AK fit radius, etiam AB erit radius,hoc eft duas 
lineaj LH, AI fe mutuo fecant io pundto B communi 
circuraferentias circuli KTC . 

» 

Corollarium III 

Quia triangulum IAK = PAT,erit etiara PAT = 
LAB; ftd totum triangulum PAI = LAH; ergo re- 
fiduum ATI = ABH; eft autem ATI sequiangulum 
ABH ; ergo linea LH fecat bifariam arcum TC. 

Corollarium IV, 

Cum TB fit ajqualis BC , crit etiam MI = IH. 
Cum igitur LH fit duplus IG, & M H duplus IH, 
crit LM duplus GH; fed quia arcubus LM, HG func 
fimilcs arcus KT , FC , etiam KT erit duplus F C , 
ac proinde ZG duplus KT, hoc eft arcus ZfiG cir- 
culi AZE fectus a circulo LMG femper duplus eric 
arcus KT circuli KTC fecli a linea PI. 

> • 

Corollarium V. 

Si ab «qualibus lineis L H , P I demantur squales 
BH, TI, LO, PK, refiduae KT, OB crunt asqualcs; 
quate 4tcus KQ.T = OTB =GE = EZ ; fed quia ar- 
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<?us QE eft duplus AS, & arcus QG duplqs AV,crit 
GE, ac proindc KOT, vcl OTB duplus VS V 

.Corollarium VI, 

Quoniara angulus pAR = RAE = QAG , cft ar- 
cus pR =RE=QG= SZ; cum crgo lit SZ = Rp, 
detraclo pZ, erit Sp = ZR; &cumSZ = ER, utri- 
que ad^ito ZR, erit SR = ZE = GE = KT = OB; fed 
arcus SRcil duplus SB; ergo etiam arcus OB eft du- 
plus SB ; ergo arcus OS = SB = SV. Cum igitur ar- 
cusQES fit duplus QS per contlruclioncm , arcus SR 
fit duplus SV ex diclis , etiam arcus QR erit duplus 
QV. 

Corollariutn FJL 

Quia menfura anguli NmD cft - DN — - y o ; 

&•; TB4-7KO; erit arcus DN- yo = ER duplus 

TB ; & quia menfura anguli AHy eft ~ Ay +. - EN, 

eft 7 AS ; ergo Ay +■ EN = A S ; & , dempto Ay , 
eft yS = EN , & Qy = QN . 

Corollarium FllL 

Cum AV fit aequalis arcui KO, fi a pundo Q per 
V ducitur QV,.h*c concurrit inO, ubi linca LH fc- 
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cat circulum KBC; & triangula LQV,LAG,QAO, 
duclo radio AO, fum ifofcelia, & fimilia . 

Corollarium IX, 

Si ducator linea O S , item S V , quae protrahato r 
io r, addita rQ, duo triangula OVS, rVQ funt aequi- 
latera; nam triangulum VOS cll ifofceles, quia SO = 
SV; crgo angulus SOV-SVO; fcd SOV ell <Jo° ; 
crgo etiam SVO eft o*o°. Patet etiam triangulum r VQ 
efle asquilaterum ; nam angulus rQO = rSO iu eodem 
circuli fegmento , & anguli ad V iunt ad vcrticem op- 
jpofiti • 

Corollarium X. 

Si producitur linea QB in h , & additur Sh , item 

SB producla in n, item QN, etiara triangula SBh , 

QBn funt squilatera; oara,cum tnenfura anguti OQh 

fit arcos OB , fu arcus Vb, etk OB = Vb; fed OS = 

VS ; ergo arcus S B — S h , & chorda unius «qualls 

chordas alterius; angulus autera BhS eft 6o°; eft ergo 

OV = OS = SV = SB = Sh =hB, & rV = VQ = 
Qr = QB=Qn = Bn. 

Ccrollothtm XI* 

Si a ptraclo O ad h ducitor Oh, hacc efl paralle* 
la VB;cft cnim QO : Qh = Q V ; QB . 

Corok 
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. Coroiforium XII 

Quia arcus SR cft duplus arcus SB; arcus autcm 
SB = Sh, erit Sh = hR; linca crgo Qh fecat bifariam 
arcum SR; ac proiadc , fi a punclo h per ccntrura C 
duciiur ih, irta fecabit bifariam , & ad angulos reclos . 
chordam duclam a punclo S ad R; itcm huic paralle- 
las o D , & QG . Linca ctiara S n fecat bifariam arcum 
GE; nam , quia angulus QBn eft o"o°, eft arcts Qn 
+. Sh = Qn +• nE; crgo, dempto Qn,Sh = nE; fcd 
GE efl duplus Sh; ergo GE eft duplus nE; adeoquc 
Gn = nE. 

% 

CoroUariam XIII. 

Producla linea OS in s, angulus VSs cft duplus 
anguli rSO; ergo arcus VQs cft duplus rO, cft du- 
plus QS ; fed QE = QS ; ergo QV +- Es = QS , & , 
dempto QV,Es = VS. Linea ergo Ss fecat bifariam 
arcum ZE; cft ergo Gn = nE = Es = Zs = hR = Sh 
= SV;ac proinde Rs = hZ = ph. 

Corollariutn XIV. 

Quia eil arcus QS = GR, erit SR •+- QG = QS ; 
eft ighur arcus QG ctrculi A Z E interceptus intcr utram. 
quc communcm fectionem Q, & G cempleracotura_, 

120° 
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i2o°arcos SR eiufdem circuli intercepti inter commu* 
nem feclionem S , & lineam A R doclam a cemro A 
per punclum I, ubi Iinea PD fecat peripberiam circult 
LMH. 

Corollarium XV. 

Ex Corollario feptimo triangulum QNy eft ifofce- 
les; ergo reclangulum N L X Ly +• Qy* = LQ* ; fed 
LQ* = QLX LA-t- LQXQA; &QLXLA = NL 
X Ly ; ergo Qy* = LQX QA ; fed rurfus Qy* = 
MB X By +• Q&*; quia triangulum NQy eft ifofccles, 
&NBXBy +.QB* = QBXBh+. QB* = hQXQB; 
ergo hQ X QB = Qy *; ergo hQ X QB = LQXQ A. 
Corollaria battenus tradita , fi pauca in aliquibus dttnon' 
firationibus immutentur 9 vera funt etiam in Ftgura 8. ».2. 

Corollarium Xff. 

Sint modo (Fig. 9.) circuli KTC, & AZE a»qua- 
Ies , ut in Fig. 8. , & fiat QG = AQ . Ducatur A G a 
pundlo A ad G, & cemro A radio AG defcribatur cir- 
culus L M G , fiantque omnia, ut in Figura 8. Cum per 
conftru&ionem fit QG = AQ, crit sequalis GE = EZ, 
hoc eft circumferemia circuli AZE ecit divifa in fex 
partes asquales . Igitur , cum G E debeat efle aqualis 
KT , lmca PI, qua? traofit per punftum K, ttanfibic 

etiatn 
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etiam per communem fcctionem S ; adeoque quatuor 
diverfa pun&a S, p, T, o, Figune 8. coricurrunt im- 
iinum punclum S. Similiter, cum arcus SR debeat efle 
aequalis K T , & hic fic sequalis S Z ; ergo S R = S Z , 
hoc cft quatuor puncla I,Z,R,D, quae in Figura 8. 
funt diftincla , in unum pundtum Z concurrent . 

Corollarium XFIL 

Cum arcus QEZ fit femicirculus, & Iinea A I con- 
currat in Z, angulus QAZ eft re&us, & arcusQB cft 
^o • Eft ergo trifeclus angulus, & arcus 90 . 

Corollarium XVIII. 

Quia arcus AS = GE, & y S =EN,erit Ay =GN; 
adeoque erit NL parallela PG. 

Corollarium XIX, 

Ducatur a centro C ad puriclum V, ubi linea GL 
fecat arcum AZ, linea CV fecans AB in q . Cum ar- 
cus AV fit ajqualis CB, erit triangulum AqC ifofcc- 
les ; cumque angulus A C V fit aequalis A H L , erit C q 
parallela HL; Triangula ergo LAH,ABH,AqC func 
fimilia , & ifofcelia ; eft igitur LH:AH = AH:AB = 
AB, feu AC:Aq. Sunt ergo lineae AB,& AH duas 
mediae proportionalcs inter duas lineas Aq, &LH. 

S CoroW 
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Corolhrim XX* 



F-x diclis paiet circulura KBC fccarc in tres par- 
tes «qualcs utramquc lineam LH, Pl in O, & B, in— 
K, & T. Patct ciiara circulum LMG triplum cflc cir- 
culi KBC ; nam , ob uiangulum «quilateruro AOB , 
reclangulum OHB 4- AB» = AH» ; lcd rcclangulum- 
OHB = aAB», quiaOB = BH = AB; crgoAH* = 
jA3» ; fed circuli funt , ut quadrata radiorum; crgo 
circulus LMG eft triplus KBC. 

Corollarium XXI* 

Ducla chorda A V , triangula G L A , Q V L , Q A O, 
AVO, AVS,OSB,OSh, qua; quidcm quatuor ulti* 
xna funt «qualia, & OmS funt ifoicclia, & firailja; cft 
crgoQO: AO = AO : OV=OV, leu OSjOm. 
Patet crgo AO efle tangentem circuli AZE in A,Oh 
effe taogentera utriufque circuli KBC, AZE, & hC 
efle tangemem circuii KBC in C, infuper AOhC eflc 
quadratum radii . 

Corollarium XXII* 

Triangula QO h , Q V B , B O h funt ifofcelia , & 6- 
rnilta. Facile etiam demooftratur lineam VB utrinquo 
produclam concurrere in s , & a , ubi iiuca O s , A P. 

fccant 
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fecant circulos AZE, & KBC : Item lineam VC utrin- 
<jue produclam concurrcre in n , & K , & tam lineara 
B V productam in a , quam lincam C V produftam ia 
K «quales cfle radio AH. 

Corollarium XXIII. 

Lineas LH, AH, AC, Aq, quas efle cootinuo pro- 
portioaales demonftravimus Corollario XIX. fuppoflto ra- 
dio AC = i , funt inter fe, ut hi numeri 3:1/3:1 : 1 . 

~»T 

CoroUarium XXIF. 

Cum demonftratura flt Corollario XXI. quatuor li- 
ncas QO, AO, OS, Om efle continoo proportionales, 
erit fubtenfa QO 150 ad radiura AO, ut radius AO 
ad fubtenfam OS 30°, ut fubtenfa OS 30 ad lineam 
Om . Quare cum cx tabulis flnuum , & taogemiunu* 
notae fint lineae QO, AO,OS, inveniri poterit arcus, 
cuius chorda flt linea Om. 

Corollarium XXf. 

Sit Figura decima defcripta modo , quo eam dixi 
efle defcnbendam pro folutione problematis de Eanea- 
gono . Cum demonflratum fit Corollario V. Theor. I. 
lineata PTI tranflre pcr punctum K, & cflc paratle- 

S 2 lam 
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lam QG, fitque hgc asqualis LH , ductis omnibus Ii- 
neis, ut in Figura 8. & $>. , puncla p, h, M, Z Figu- 
rse oclavse concurrent in unum pundtum Z ; cumqu&> 
ibi demonftratus fuerit arcus Sp = ZR, arcus SZ=ER, 

i 

erit in Figura decima arcus SZ = ZR = RE = En = 
Gn = QG = VS- 

Corollarium XXPl 

Quia arcus Zo = ZD, & arcus ZS = ZR, erit re- 
fiduus So = RD = EN ; erit ergo arcus ER = DN , 
& arcus RN = ZD. 

Corollarium XXFIL 

Cum arcus R N fit azqualis Z D , duas Itneaj sequa- 
les LH, & PI fe mutuo fecabunt in punclo communi 
peripheriae circuli AZE; nam angulus ABO cft a?qua- 
lis ATK; meniura autem anguli ABO = ~ RN 4- -J 

Am, & anguli ATK =-|ZD^-iAo; fcd - RN = 

- ZD; ergo - Am = - Ao; ergo integer arcus Am = 

A o ; ergo puncla m , &„ o coincidunt in idem punclum 
circumfereniiae AZE. 

Corollarium XXTIIL 

Triangula LVO, OSB funt ifofcelia, & ajqualia, 
& funt fimilia uiangulis Lwo, & muB. Item trianguU 

LVr, 



/ 



»** 
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LVr, BOq funt cequalia, & iiofcelia, & func fimilia, 
triangulis LBZ,mBt,rBS. 

Corollarium XXIX. • 

Linea OZ. bifariam fccat utrumquc arcnm SO, & 

SZ; patet ergo effe Ox : OS = OS :OZ, hoc eft chor- 

dara 20® cflc ad chordam 40 ° , ut fubtenfa 40° ad 

lineam O Z . 

Corollarium XXX, 

Quia LO RZ eft parallelogrammum , linea L Z =: 
OR = QZ; fumma ergo chordarum 80 °, & 40 ° cir- 
culi AZE aequalis ett chordas 160 ° eiufdem circuli « 
Quod fi confulamus Figuram j>. confiabit chordam Qh 
150 efle asqualcra fummae chordarum QB 00 ° , & 
Bh 30 ; & fi advertamus Corollario XXVI- Theor. I. 
conftabit in Fig. 6. chordam mc, vel Qy 140° «qua- 
lem cffe fummse chordarum QT ioo° , & Ty 20°. 
Generatim quaelibet linea Qh in Fig. 8. , erit fumma-. 
chordarum QB arcus QCB, & BS arcus BTS, qui ar- 
cus fimul femper efficiunt 120 . Hinc (uppofito arcu 
C S divifo in omnes fuos gradus facile erit deducere 

Summana chordarum arcuum 

120. h- o° = 120° 

« 

IIp* 4- I. = 121 

Il8- 4- 2. = 122 

117. 4- 3- = 123 

116. 4- 4, = 124 &C 

Coroh 
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Corollarium XXXI. 

Quia triangula B n R , R A n funt ifofcelia , erit A n * , 
fcu AR» = RAXAB+.Bn»; fed AR» = RAX AB 
4-ARXRB; ergoRAXAB4-Bn» = RAXAB.+ 
AR X BR; ergo Bn» = AR X BR. Eft igitur chorda 
AR 1400 ad Bn 8o°, ut Bn 80« ad BR. 

Scbolion L 

In Corollario X. demonftravi triangulum SBh (Fig. 
8. 9. 10.) efle a;quilaterum, adeoque cffc Sh = Bh; fed 
in Corollario XII. demonftravi arcum Sh = hR; ergo 
erit chorda Sh = Bh = hR; ergo erit triangulum BhR 
ifofceles* Cum autem in hypothefi Figurae exhibentis fo- 
lutionem Problematis de Enneagono per Corollarium-. 
XXV. puocla h, & Z in idem concurrant, triangulum 
BhR in Figura 10. non erit diverfum a triangulo BZR, 
& chorda A h eadem erit , ac chorda A Z . Quia igitur 
triangulum BZR elt ifofceles, crit RA X AB +- BZ* 
= AZ* ; fed RA X AB = AB* +- AB X BR ; ergo 
AB»+- ABXBR+.BZ»=AZ*.Dicatur autcrn AB=a, 
fi chorda A Z ea eflet , quam ponit Auclor folmionis de 

Enneagono circulo infcribcndo, effet ajqualis a y^ % ad- 

eoqae AZ» = 7*1 = AB» •♦- AB X BR +- BZ» ; fcd 

3 

AB» 
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AB» = t»;ergo 7a» = »» + ABXBR+- BZ»,*^ 

= ABXBR * BZ J »; fcd ABX BR t- BZ» =QZXBZ; 
crgo 4a* = QZ X BZ ; crgo 4a» = BZ . Eft auteflL* 

I ?QZ 

pcr Corollariuro XV. LQX QA = Qb X QB, hoc eft 
= QZ X QB, quia puocla h, & Z concurrunt in unum; 

crgo cft QB ; LQ = QA * QZ; fcd QB = ZE = a /j 
per fupradicluro Autforero , |_Q=aj/^«i- a;QA=a; 
crgo zyj;z yZ +. a = a ; QZ ; crgo QZ =s 
a/f -i- a; ergo QZ — QB = BZ = a)/~ +- a — 



a y~ zz4*y - 9 foppoCw, quod poncla h , & Z 
concurrant in unum ; fcd a i/£ * a — a yj eftqqan- 

titas roinor quantitatc 4« l/ ^ ; ergo puncla h , & Z 

non concurront in unum ; crgo linea «Oumpta ab Au* 
clore folutionis Problcmatis de Enneagono non eft ca , 
quae (blvit Problcma * Patet igitor indcpcndcnter a ta- 
bulis trlgonomctricis , m ab initio promifcrara , probari 

addu- 
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adduclara folutioaem de Enneagono circulo infcribendo 
non cfle exaclam . 

Scbolion II. 

Si radius AG (Fig.p.) dicatur asqualis a, erit LQ= 
ai^3 ^a,&LQXQA = a^jt-a» = Qy»=hQX 

QB; erit igiturQy zzr&*i/$+. a*, Qy = ^a * 1^3 +- a » . 

2 2 

Similiter,quia QB = ai^2, erit Qh = ai^3+- a ,& Qh = 

1/2 2 

ai/j +. a, & Bh = Qh — QB = at^3 +- a — avizz 

2K2 1/2 

ai/3 — a, & Bh = ai^3 — a . Quare, fi ponatur a = 

FI 2 21/2 

xooeoooo, ^3 = 1. 7320508, Vi = 1. 4142135, 

habebitur Qy = rz*v$ +• a*= itf528gi<?,& Qy = 

2 
82*54458 finus dimidii arcus QAy,qui finus in tabu- 
lis refpondet proximc fiaui arcus 35 44' 7"; pariter 
critQh = a^3 +- a = 1^3 1851 7, & Qh =965 92 5 8, 

f2 2 

qui eft finus arcus 7 5 ° ; tandem B h = a^3 — a = 

|/a 
5176 381, & Bh= 25881^0, quicft fiausarcus 15°. 

2 

6V£ot 
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Scbolion III. 



Quii Qh = a^jjj-a, & Bh = at^ — a , erh QK 

^a K2 



^Bh = a»^5 4- a -h ai^5 — a = 2ai/'3,&Qh+< Bh = 

k^a i^a k'* 

i2a* = tfa*; eft igitur quadraturn fummse chordarum 

2 

150 9 , & 30 duplum quadrati radii AL, feu AG , 
qui latus eft tiiaoguli aequilateri circulo AZE infcripti . 
Quod fi intelligatur ducla IineaLZ,qu«e eft latusqua- 
drati circulo L Z 6 infcripti , hasc eadcm linca exhibe- 
bit fummam chordarum Qh +- Bh; adeoque eius qua- 
dratum LZ* = <fa»; fed LZ* =NL X Ly +-Zy* ; 
quia , fi fupponantur duclas chordas ZN, & Zy, trian- 
gulum NZy cft ifofceles, & NLXLy = QL^LA; 
crgo LZ* = QL X LAf Zy», fcu <*a* = ja* +. 
a*^ +. Zy"*. adeoquc Zy* = ja* — a*^j , &Zy = 

a/^3 — ^3 = 1 1260325, Zy = 5*30162, qui finus 

2 
eft proxime arcus 34 15' 53". 

THEOREMA III. 

Sint duo circuli KNC, & ANE (Fig. 11.) a»qua- 
Ics ita defcripti , ut periphcria unius tranfeat per ccii* 

■ s T trum 
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trum altcrius ; fi a communi feclionc Q pcr cemrunu 
A ducetur QAK, &.i pun#0 K per quodlibct pun- 
dtum T arcus AN lioea KTG; infuper fi a centro A 
pex fe&iotfem T duieetuc AR ftetquc arcu&.KR^RO, 
& agetur BO ufquc ad Z, additis AB, AOM, AZ, 
ASO, & AG, trianfcuk KAS, .& BAO c>um imec 
fe aequiangula, & fequalia, itcro KAG, & BAZ» itera 
A8G, &AOZ* 

Demonflratb • 

Quia arcus KR pcr hypothefira etl sequalis RO, 
& AR radius, eft KT — TO. Cum igitur in triangu» 
lis KAT, OAT fit KT = OT, AT comraune, AK 
=: AO, ha?c funt aequiangula; elt ergo angulus AOB = 
AKS = ABO = ASK; ergo etiam triangula BAO, 
KAS iunt aqualia , & «equiangula , Q. c. p.w»> , Std 
etiam in triangulis KAG, & BAZ angulus AGK — 
AZB, AKG ~ ABZ ,Iatus K A = AB; etgo duo trian- 
gula AKG, & ABZ funt aequiangula, & «qualia^. , 
Q c.iec. du,n . Tandem, quia in triangulis ASG,& AOZ 
angulus AGS = AZO, GAS = ZAO, cum totus an- 
gulus GAK flt aequalis toti ZAB, & ablatus SAK = 
O AB ablato, & latus AS = AO; ergo triangula ASG, 
& AOZ funt asquiaogula, & asqualia. Q,c,|.™, 



Coroh 
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Cor$!larium L 

* * i , - » ♦ 

Qaia chorda A'Z e(| squalis AG, arcus ANZ eft 
«eqtialis AQG, adeoque etiaro refiduus.ZE asqualis eft 
rcfiduo GE, quamobrem diameter A E femper fecat 
bifariam arcum ZG tatcr utramque Iiaeam KG,& BZ 
interceptum . 

m **» p 9 

• mW * • 

Corollarium 1L 

Patet arcum XO aequalem effe yS t &,utriquead- 
dito XS, afcurn Xy aequalem efle SO. Pariter MZ aequa- 
IcaefleGDj MD-GZ; item ZR^= SO = Xy . 

Corollarium UL 

m 

Cam ZEfit diraidium fumnue arcuutn ZD-hGD, 
& Z E +■ E D fit arcus maior ,GE — E D arcus minor; 
ergo ED erit femidifterentia inter utrumque arcum_» . 
Portio jgitur arcus intercepta inter diametrum AE, & 
lineara A S produdtam in D erit femidineremia inter ar- 
cum ZD, & arcum GD . 

Corollarium IV. 

• m 
m 1 

Sl a pun£b Q pcr pubftum T ducatur QP , erit 
arcus KP = AT r & PN= TN; fed TN duplus RN; 

T 2 ergo 
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crgo PR =RN; crgo KP = NO, & TN = OC; 
dl igitur portio arcus OC iotcr BZ, & AEaequalis ar- 
cui TN, & PR eft femidifTerentia inter afcum OP, & 
KP . Arcus autem OP, OR, ON fuot io proportione 
arithmctica ; nam OP+-ON,feuOP-i-PK = % OR. 

Corollarium V. 

Conttat efle in proportione arithmetica arcum QE : 
QO = QO:EM; item NZ: AN = AN:ZE; fimili- 
ter ZE : OC = OC : MZ ; pariter GD : yC = yC : 
DE; eft coim QE +- EM = 2QO, NZ 4- Zfi = 
sAN, ZE +- MZ = 2OC, tandem GD-t- DE = 2yC. 

Coroliarium VI. 

Cum per Corollarium III. ED fit femidifferentia-. 
inter arcum GD, & ZD,& eadem ED fit differentia 
inter Z E , feu G E , & G D , patet , quod evanefccme* 
hac differentia , hoc elt congruente liaea A D diametro 
A E , arcus G D erit ajqualis GE =ZE =MZ; adeo- 
que arcus M G crit trifeclus . 

Corollariutn PfL 

Siot crgo duo circuli sequales KNC, & ANE 
(Fig. 12. ), & ducla linea QAK, a puaclo K per ceo- 
trum C ducatur KCG, & rcliqua fiani, ut ia fuperiori 

Fi- 
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Figura . Tunc AD congruct AE; adeoque oulla crit 
differcmia D E ; erit ergo arcus M G trifeclus . Eft au- 
tem arcusMG $>o°; eft igitur trife&us arcus po°. Pa- 
riter Oy eft 45« , & eft trife&us; QET 270 eft ui-. 
fedtus , & K y 1 3 5 ° eft trifedlus . 

Corollarium Flll. 

Quia QT eft Iatus quadrati circulo ANE infcripti, 
erit eius quadratumaequale dimidio quadrato diametri , 
& erit «quale reclaogulo QKA; fed reclangulum QKA 
eft «quale G K T ; ergo quadratum QT eft atqualc re- 
clangulo QKA, reclangulo G K T, & QK : QT =; 
QT:QA; GK:QT = QT:KT. 

CoroUarium IX, 

Triangula GKA,QTK, ATQ, AFC funt fimi- 

lia ; cum igkur fit KQ: QT = QT : QA = Q A , fcu 

AC : AF, quatuor linea; KQ, QT, QA, AF erunt 

continuo proportionales . Quod fi diamerer QK ponatur 

aequalis 2, fupradiclaj lineae erunt, ut hi oumeri 2: ^2 

s * • ' • Patet rectam AF eflc finum rcclum arcus 45 % 

^2 
eft enim dimidium chordas QT o ° . 



Corol- 
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Corollarium X. 

Cam triangulam KAC fit ifofccles , crit rcclaagu* 
lum KFC-h AF* = AC a .Sappofitoergo radio AC=t, 

cum fit per Corollarium prscedens AF» = -J, etiam_. 
reclangulura KFC = ■£ . Eft igitur KF : AF= AF:FC. 

Corollarium XL 

Tritngula KAC , AnC, TnO funt fitnilia; infu- 
per triangulum AnC =BAu,&TnO = KuT,& funt 
ifofcelia. Eft ergo nC = nA = uA = uB, & nO = nT 
= uT = uK. Eft vero KC: AC = AC :Cn; ergo, 
quia KC = i/3, AC = i,eritCn = nA = uA = uB = 
i T &nO = nT = uT = uK; = i — i = ^3 — 1 ; 

V% ^3 ^i 

Gn = Qu = i+- 1 - s/% *• f ; Kn^uO^k^ — jt_ 

1/3 p^ ^3 

-xj KT = TO = OM = 1/3 — 1 . 

Corollarium XIL 

Quia KT : K A = KQ: KG, hoc eft 1^3 — 1 : 1 = 

a : 1 . crit KG = a , & KG = KF = 1 ; 

1/3 — 1 K5—1 * ^3 — « 

fed 
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fed KF XFC= AF^r:-; per Corollarium X, ergo 

FC =: 1^3 — i . Eft igitur per Corollariura prsecedens 



nmmmm 

Z 



Kn = * dupla Cn = 1 , & KT 5: v$ — 1 dupUu 
FC =: K3 — i j crgo etiam Tn = kj—^i erit dupU 

mmmmmm^mmmmmmmmmm m mmmmmmWmW^mmW& mm t 

nF» qu» proptcrea erii «equalis v^ ~- i . 

Corollarium XUL 

Ex diltis paict jcclangulum KnC a?qualc effc» 
G n T ; quadratum A n ajqualc c(Te G n F j quadratura 
AF «quale GFC, 

Corollarium XIK 

Linca K T G fccans arcum A N. modo fccare po- 
teft diameuum AE inter A, & C, modo tmer C, & E, 
& modo potell cfle tota fupra diametrum A E, ut pa- 
tct in Figuris 11. 13, 14. Fro diverfitate autem pofitio- 
nis linese KTG etiam linea BTZ modo eft (ota fupra 
diametrum AE, & modo eapdem fecat, Eft igitur pri- 
jdo femper vcrum , quod diamcter AE iecat bifariam- 
arcum ZG intcr utramquc lineam BTZ, KTG fitum, 
queroadmodum dixi Corollario I. ; fecundo verum cft 
arcuro XO «qualera efle Sy in Figura 15., & detra- 

clo 
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<5to Oy, arcum SO= Xy; ac proiode ctiam DG=ZM, 
&, ablato MG, arcum MDzZG; pariter veram ell 
etiara in Figura 14. arcum XO = Sy ,&,demptoSX, 
arcura SO = Xy; atque ita ctiam MZ = GD,&MD= 
GZ; tertio , quia in Figura 13. ZD eft arcas maior, 
& GD minor, portio arcus inter utramque lineam KTG, 
& BTZ erit differentia utriufque arcus; cumque fit ZG 
bife&us a diametro AE, erit GE, vel ZE eorundem 
arcuum femidiflerentia ; fimilker , quia G D eft arcus 
rnaior in Figura 14. ZD rninor, GZcft differentia—, 
& ZE femidifferentia ; quarto in omnibos Figuris vera 
funt, quaj adnotavi Corollario IV. ; quinto , quia in una- 
quaque Figura arcus G E , five Z E femper eft «qualis 
OS, erit in Figura 13. differentia inter ZE, & ZM 
aqualis EM, qu<e eft dupla OC; ergo tres arcusZM, 
SC, & ZE funt in proportione arithmetica continua..; 
jtem in Figura 14. difierentia imer ZE,& OC tequa- 
lis SC, inter GD, & ZE xqualis ED, duplaSC; ergo 
tres arcus GD, OC, & ZE funt in proportione ariih- 
metica continua . 

Corollarium XT. 

Si linea KTG (Figura i5.)ducitur ad extremum E 
diametri A E , tunc evanefcit femidifleremia G E , adeo- 
que etiam femidiffcrentia ZE; ergo du« lineas KTG, 

BTZ 
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BTZ congruunt , atquc onam lineam efikram . Ducla 
igitur linea ATR , hsec bifecabit arcum KO , & erit 
perpendicularis lineae KTO; quare erit linea KT finus 
xectus arcus KR. 

Corollarium XPl. 

Ducla a punclo Q per O linea QO H , quia trian- 
gulum KQE eft reclangulum,&KQO pariter reclan- 
gulum, crunt tria triangula KQE,KQO,QOE fimi- 
lia; ergo crit KE : KQ= KQ: KO , item KE : QE = 
QE : EO, & KO : QO = QO : OE. Suppofita autem 
diametro = 2 , erit KE = ^7 , & KQ= 2 ; ergo KO 
= 4 , OE = 3 , KT = TO = 2 , ET=jp_. 
1/7 f7 k7 V7 

Corollarium XFIL 

Cum triangula E AK , QTK fint fimilia, erit KA : 
AE = KT : TQ, hoc eft 1 : 2 =_2_: 4 ; crgo thorda 

K7 1/7 
QT = KO. Eft autem rcclangulum KT X TO =KT* 

= QTXTP; ergo QT: KT= KT:TP, hoc cft 

4 : 2 = t : i ; fcd PT eequalis cft chordac arcus 

1/7 1^7 Vj Vj 

P N , adcoqne , PT = 1 squalis eft finui reclo ar- 

2 21/7 
cusPR; crgoQT:KT = KT:TP = TP:TP. Sum 

2 
V igitur 
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igitur in proportione geomeirica continoa quatuor fu- 
pradiclas lineae , ut funt in proportione arithmetica con- 
tinua ET: QT = QT: EO=EO:OT = OT: TP; 
nimiru m 5 : 4 =_4_: 3 = 3:2 = 2:1, Patet 

1/7 1/7 vj V7 1^7 k-7 1/7 K7 
etiam chordam QP aequalcm cfle TE . 

Corollarium XVllh 

m 

Quia triaogulum QKOeft fimile AKT, chorda 

QO crit dupla AT ; fed AT* = AK* — KT* = 1 — 

4 = 3; ergo AT = ^3 ; ergo QO = 2^3 . Sed, ob 

7*7 ^7 n 

re<5tangulum QO X OH = EO X OT, eft QO:EO = 

OT : OH, feu 2^3 : 3 = 2 : 3^7 = ^3 ; crgo 

k7 1/7 1/7 7^3 k"7 

QH = 3 «^3 ; & QO cft media arithmctica imer Q H, 

1^7 

&OH. 

Corollarium XIX* 

Com reclangulum EO X OT fir «quale reclan- 

gulo AO X OD , & fit EOX OT = _*_Xj_=JL; 

"7 "7 7 
erit pariter AOX OD =j* ; fed AO= 1 ;ergo OD=£. 

7 7 
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Corollarium XX» 

In hac Figara , & in omnibus fuperius explicatis ar- 
cus Q A T femper eft sequalis arcui K R O , & arcut 
TNM; nam, quia totus arcus QN eft duplus KN,& 
ablatus TN eft duplus RN, etiam refiduus QAT eft 
duplus KR; fed KR=RO; ergo QAT = KRO; fed 
etiam TNMeft duplus RO ; ergo QAT = KRO = 
TNM. 

Corollarium XXL 

In omnibus Figuris verum cft arcus QS, Qy, & 

A T effe in proportiooe arithmetica ; nam in triangulo 

KAG meofura anguli AGK elt arcus AT , & anguli 

2 
AKGeft arcus QS ; fed anguli AGK, & AKG asqua- 

2 

les funt externo QAy; ergo utriufque anguli menfura 
eft arcus Qy ; Eft igitur QS +• AT = 2Qy ; ergo cft 
QS:Qy = Qy:AT. 

Corollaritttn XXIL 

Cum pcr Corollarium XX. arcusQAT femper fit 
«qoalis arcui TNM, etiam chorda unius arcus femper 
erit «qualis chordaj alterius . Si ergo , data Iinea Q A K 

V 2 per 
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per cemrum A in duobus circulis KNC, & ANE, a 
punclo K ducatur KTG, ita ut TQ fit aequalis TG, 
tunc conftrucla Figura 10*. eodcm modo , quo reliqoai 
fuperiores , line» AOM, & AyG unam lineara effi- 
cient , hoc eft puncla M , & G erunt idem punclum ; 
fed per CoroIIarium XIV. arcus MDeft asqualis ZG ; 
ergo arcus D G erit duplus G E ; ergo arcus D E , item 
arcus S C erit trifeclus . 

Corollarium XXUL 

Patet in Figuris 13. & 14., quod fi arcus MG eva- 
dat aequalis GE, vel arcus DZ = ZE, tunc arcus DG, 
feu MZ, in Figura 13. , item arcus MZ, five DG \n 
Figura 14. erit ttifcctus • 

Corollarium XXXV. 

Si fuerit arcusZE duplus TN inFigura i<J., vel 
arcus TN duplus GE in Figura 17., arcus DE , & SC 
in primo cafu, & arcus MZ, vel GD, feu OX, & Sy 
in fecundo cafu crit trifeclus; etenim cx dictis patet 
arcam ZE effc aequalem SO, & arcum T N = OC ; 
ergo, fi ZE e(t duplus TN, ctiam SO erit duplus OC; 
adeoque arcus SC, ac proinde etiam DE erit trife&us, 
& linea A O producta concurret in G • Item in fecun- 
do cafu, fi TN eft duplus GE, eft etiam duplusOS; 

fed 



s. 
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fed OC = TN; ergo OQeH duplus OS ; ergo OS z? 
SC = Xy; &,demptoXC,SX = Cy; fedCy = CX; 
eigo arcus SX = CX = Cy; ac proindc ctiara DZ = 
ZE = GE. 

Scholion J. 

Facile deducitur .( in Figuris 11. 12.13. I4»iy.if«i7«) 

reclangulum GKT conftanter efle sequalc re&angulo 

QKA, feu quadrato lateris quadrati circulo ANE, vct 

KNC infcripti; infupcr facile infertur reclaagulusL* 

GKTeflc ad re&angulum ZBT, ut linea KT ad li- 

neam B T ; etenim linca? KG , & B Z femper funt in- 

ter fe asquales . Hinc data linea KT femper nota ctit 

KG, item TG; ponatur fiquidera diametcr QK = 2 a , 

& KT = b, erit aa* = KG, & aa* — b = TG; qua- 

b ~ 

re nota erit chorda arcus T G • 

Scholion IL 

Conflat in Figura 12. Hneam KT efle omniunu 
minimam, qua? duci poffit a punclo K ad peripberiam 
convexam ANE; eft cnim ea, quae cft in direcluaL. 
cum linea , quas tranfit per cemrum C circuli A N E ; 
Eric pariter linea KG omnium maxima, qu« duci pof- 
fit a punclo K ad circumferentiam concavam circuli 
ANE, quia tranfit per ccntrum. Cum itaque pfr Co? 

rol- 
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rollariura XL-linea KT fit squatis ^j — i,Iinea KG 
omnium maxima erit sequalis 1^5 +. 1 . 

Scbotion III. 

In Figura itf., quia arcus QE eft duplus AN, & 
ZE fupponitur duplus TN in Corollario XXIV.; eft 
QZ duplus AT; produclis ergo lineis QK, ZT, do- 
nec concurrant in V , triangulum AVZ erit ifofcelcs, 
•& circulus centro A radio AV defcriptus tranfibit per 
pundta G, & Z. Licebit igitur centro A , radio A V 
circulum defcribere, atque Figuram conftruere eo mo- 
do , quo diximus in Theoremate fecundo , pluraque oc- 
current fcitu non iniucunda , qu« tamen non vacat ex- 
pendere , quia ex didis nullo negotio' inferuntur . 

T H E O R E M A I V. 

Sint duo circuli scquales K R C, A N E ( Fig. 18. 
n. 1. 1. 3.) ita defcripti, ut circumferentia unius tranfeat 
per centrum alterius , & a communi feclione Q, ducla 
diaroetro Q A K , ducatur quajlibet K G fecans circulum 
KRC in aliquo punclo R; fi a centro A ad R ducc- 
tur radius AR, & a pundo K in radium AR perpen- 
dicularis KO fecans circulum KRC in O, atque a pun- 
clo Q per O linea QH occurrens lineas KG in H , pri- 
mo crit KH bifariam fccla in R, fecundo linea QH 
erfc tequalis diametro . 

De~ 
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Demonflratio < 

Quia KO pec conftructionem eft perpendicularis 
radioAR,& eadem KO eft perpendicularis QO,quia 
angulus QOK eft io fctnicirculo , erit QH parallehL» 
AR; crgo erit QK : K A = HK : KR, ac protnde erit 
KH bifariara fecla in R. Q. e. p.™««n ; ex quo patet 
etiara fec. duro ; Eft cnim QH dupla radii AR. Q e* d. 

Corollarium L 

Si Iinea KH (Fig. 18. n,i.) fecabit circulum ANE 
in G , & g , duclis QR, QG, Qg, GZ per centrum, 
& Zg, & QZ, triangula RQg, QGZ erunt firnilia ; 
natn , quia anguli QR K , Z g G funt recli, utpote in fe- 
micirculo , erit Q R parallela Z g , adeoque angulus 
RQg = QGZ; fcd anguli QRg, & GQZ recti ; cr- 
go triangula funt fimilia , & QR : Qg = QG : G Z ; 

Corollarium IU 

Si linea KH erit tangens circuli ANE ( Flg. 18. 
nl 2. ) duclis QR, QG, GZ per centruro , & QZ , 
adhuc triangula QRG,&QGZ erunt fimilia; etenim 
anguli QRG, GQZ in femicirculo funt re&i , & an- 
golus QGR eft «qualis QZG in fegmento altcrno ; 
ergo eft QR : QG = QG : GZ . 

Corol- 
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Corollarium UL 

S\ linea KH ( Fig. 18. n. 3. ) dopla KR tota eric 
extra circulum ANE, duclisQR, QH, & a punclo g, 
ubi QH fccat circulum ANE, ducla gZ parallela QR, 
& iofuper Z 6 per centrum , QG , & QZ , erit trian- 
gulura QRH = QGZ; nara erit angulus RQH = 
QgZ = QGZ, angulus QRH reclus asqualis GQZ 
reclo, & diameter QH = GZ; erit igitur etiam QG = 
QR, & addita RG , triangulum RQG erit ifofceles . 
Quia vero arcus QCR=QAG, & arcus mR = pG, 
erit etiam Qm=Qp; fed arcus QCN = QAN; ergo 
arcus mN = pN = RN = NG, & arcus mC = Ap = 
QZ=KR = RO = pg, & gN = NO. PatetRGefle 
parallelam lineae pm duclas a punclo p ad m . 

Corollarium 1T. 

In omnibus Figuris pottio arcns Sp circuli ANE 
imercepta inter radiutn A R , fi opus eft , produclura 
vcrfus X, & chordam QR femper eft asqualis arcui pN; 
nam in Figura 18. n. 3. tota pcripheria AZEG dupla 
eft femiperipheriaeXCR; eft autem arcus EZS duplus 
XC,&EN duplus CN; ergo , his ablatis , refiduus SN 
duplus eft refidui RN; fed, ob triangulum , quod fem- 
per conflat effe «quilatcr um , duclis chordis pN,<& RN, 

arcus 
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arcas RN = pN ; ergo pN = Sp . In Figuris vero iff. 
n.i., & 2. arcus ES cft duplus RC,& EN duplus NC; 
ergo refiduus SN duplus RN 9 qui, cum fit sequalis 

« 

pN, hinc pN = Sp . 

Corolhrium V. 

In unaquaque Figura linea QG fecabit femper 
fafiam portiodem arcus FN determinatam a communi 
circulorum KRC, & ANE feclione N, & a punclo F, 

* ■ * 

ubi diameter GZ lecat circulum KRC extra centrum 

C ; nam duclo radio QC in Figuris 18. n. 1., & 2. an- 

gulus GQC = QGC; fed arcus QC — Fm cft mcn« 

2 
fura angtffi QGC, & Cm eft mcnfura anguli GQC; 

2 
ergo QC^-Fm = Cm, QC — Fm = C m, & QC = 

,22 

Cm +- Fm; fcd QC = Cm +■ mN; ergo-Cm +• mN= 
Cm +- Fm, & mN = Fm. Et in Figura 18. n.3.; quia 
angulus QGC = GQC, elt arcus QF — C m = C m, 



2 2 

QF — Cm = Cro, & QF = 2 Cm ; fed, addito titrin- 

quearcuFC,QF+- FC = 2Cm +• FC = Cm+- Fm = 

Cm +■ mN; ergo Cm +« Fm =Cm +• mN, &,dem- 

pto utrinque Cm,Fm = mN. Ducla igitur in omnibus 

Figuris rccla mF, triangulum G mF efl ifofceles , ac fi- 

mile triangulo QGC; quare* eft QG : GC = GF : Gm. 

X Coroh 
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Corollarium VI. 



In Figuris 18. n. i. 2., & 3., qaU Hnc* QG fectt 
bifariam arcum NF, duc"ta a ccairo A pcr F linea AFy, 
crit arcusNy duplus NF, quadruplus N m , quadruplus 
NGzNro, ac proinde crit Gy triplus, NG ; fed eft 
totus circulus GAZE triplus EN; crgp J? demptis Gy, 
G N , eft arcus GAZy triplus G E , curacjue G E fix 
aqualis AZ = Qm , «it arcus G A Zy.etiam hormn^ 
triplus . 

CoroUarium VIL {.: .• - . 

Cum in qualibet fupradi&a Figuu demonflratum 
fit triangulum G m F ifofcelcs , patet angulum externum 
QraF duplum efle interno QGZf crgo ctiam arcus 
QF duplus eft QZ; fed totus Qy duplus eft _QF , & 
quadruplus QZ ; ergo arcus Zy eftiriplus QZ. Item 
arcus ZAGycft triplus ZE; nam totus circulus eft tri- 
plus QE, & Zy triplus QZ; adeoque, his ablat/s, refi- 
duos ZAGy cft triplus ZE. 

Corollarium FIIL 

In quavis ex allatis Figuris cum exccflus arcus QQ 
(bpra QN fit NG, arcus QN fppra QfflfitmN,* 
atcus Qm fupra QF ftt mF; fitque NG = Nm? m.F, 

crunt 
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crunt in proportione arithmetica continua arcus QG : 
QN = QN : Qm = Qm : QF , & eodem modo erunt 
in proportione arithmetica arcus QR, QN, Qp, QS, 
quia etiam cxcctius NR = pN = Sp . 

CorolUrium IX* 

Si linea KG (Fig. iS. n. t.) tangrt ctrcutum , eft ar- 
cus toKF dupfos AG, uterque enim arcus metitur an- 
gulura eoCG; fed cft KO duplus Ap; ergo cftwK -h 
FO duplus pG; fed pG = QZ, cuius eft duplus QF; 
ergo Kw +- FO = QC -t- FC ; fed K«o = QC ; «rgo 
FO = FC. Linea igitur AFy fecat bifariam arcum OC, 
cumque fit integer OC = SN, duplus pN , erit arcns 
CF = FO = Sp = pN. 

Corollarktm X» 

Cum in Figtura i& n.3. fit arcusSp = pN per Co- 
rollartum IV., & cum, ob tiiangula, qtiasdudis chor- 
dis pN, NR, Nra-, NG rcfultant icqoilatcra ez ipfa- 
conftrocYione Figurs , & squalia , fir etiam arcus N G = 
pN, patet arcum SG criplnm etfe arcus NG; curoque 
fit femiperipheria ZAG ad arcum AN, ut arcus SG 
ad arcum pN, erit etiam ZAG — SG : AN — pN = 
ZAG: AN, hoc eft erit ZS: Ap = ZAG:AN; efl 
ergo ZS iriptas Ap , & quia Ap = QZ , cft SZ tri- 
plus QZ • 

X 2 Corol- 
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Corollarium XI* 

Per Corollarium V. eft arcus QF duplus C rn , du- 
plus QZ , duplus Ap per Corollarium III., ac proiode 
eit QF = Ag ; cumquc fit AN = QC , crit gN = FC 
= AS , & Sp = Fm = mN = RN, hoc eft totus ar- 
cus FR ttiplus RN, & asqualis SG . Quia igitur totus 
circulus A Z E G eft triplus E N , & arcus SGtft tri- 
plus G N , erit etiam , his arcubus demptis a primis , 
refiduus SZEG triplus GE ; fed per Corollarium VI. 
etiam arcusGAZy eft triplus GE; ergo arcusGAZy 
= S Z E G , &, dempto utrinque arcu SZy, eft arcus 
GS = Gy. 

Corollarium XIL 

Quia triangulum QRG eft ifofcclcs, angulus QRG 
= QGR ; ergo arcus QCi = QAl ; ied arcus QG ss 
QR; ergoarcus Gl = Ri; eft autcm Gl = gN = FC» 
nam, quia Gl eft parallela AE, arcus AI = GE = AZ; 
fed A Q = A N ; ergo QZ = N 1 = p g ; fcd p N = N G; 
ergo gN = lG = Ri . 

Corollarium XIII. 

Cum chorda arcus FC fit asqualis chordae arcus Ri; 
patet effe totam GR=GF; nara, fi intelliganihr.ducte 

redtas 
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recl* Ai , & RF , crit triangulum ARi = AFC , & 
eidem atquiaBgulum ; ergo erit angulus ARi = AFC; 
fed , ob triangulum ifofceles A RF, etiam angulus AF R 
= ARF ; ergo refiduus FRG «qualis refiduo RFG ; 
ergo triangutora RGF, quod habet anguios ad bafim 
sequales, eft ifofceles, & latus GR = GF; adcoqac Gi 
sequalis radio G C . 

Corollariuxn XIF, 

Si ducantur linea? Al, AZ, EI, EZ, Zl, Xi, quia 
arcus XCi = ZAl, erit triangulum ZEl ilofceles fimile 
triangulo ARl; quare erit Zl : 1E = Al : Rl. 

Corollariutn XF. 

« 

Fatet lineam Z 1 perpendicularem. effe diametro A E ; 
eft enim A E parallcla R G ; quarc angulus externus 
Z V E = Z 1 G reclo , utpote in femicirculo . Eft igitur 
etiam parallelogrammum i V reclangulum . 

Corollarium XVL 

Quia triangulum Z Al cfl ifofceles, erit rectangulum 

ZVl +• AV* = Al* = E A X AC — CV; & quia trian- 
gulum ZEI eft ifofcclcs, erit reclangulum ZVI 4- E V* 

= EI» = EAX AC -r-CV; ergo erit El* ! _ Al* = 

EA 
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EAX AC+-EAXCV — EAX.AC 4-EA X CV = 
BAX «CV;fediCV = Gl; ergo El* -*- Ai*= EA 
X Gl, fcu GZ X GI . Eft autem etiara diffcrentia qua- 
dratorum chordarum AI, & El a&qualis reclangulo ex 
fumma laterum , feu chordarum in earundem differen- 
tiam ; ergo huiufmodi reclangulum eft atqoale rc&an- 
guIoGZXGl. 

Corollarium XVII. 

Sed , quia fumma quadratorum chordarum A I , & 
1E femper eft aequalis quadrato AE, ob ttiangulum AIE 
reclangulum ; Et , data fumma duarum quaniitatum.. , 
quantitas maior eft «qualis dimidio fummas aufto femi- 
diffcremia, quantitas minor eft asqualis dimidio fummae 
eadem femidifferentia diminuto ; ergo erit E I * := A E * 

«-GZXCV, & AI* = AE* — GZXCV.Eft au- 

2 

tcm AE * «quale quadrato lateris quadrati circulo AGE Z 

2- 

infcripti ; ergo quadratum huius lateris auclum reclan- 
gulo GZXCV = E1», & eiufdem lateris quadratum 
codem reclangulo diminutum aequale Al* , 

■ 

Corottarium XPlIh 

Cum diclum fucrit Corollario XIV. radium R I efle 
ad chordam Al, ut chorda IE ad chordam ZI , patet 

efle 
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cfle radium ad chordam cuiuslibct arcus A 1 , ut chorda 
ircus,qui cum arcu AI eft complememum ad fcmicir- 
cumfcrcntiam ad chordam arcus dupli ipfius A 1 ; vcl 
etiara patct *ffe finum rc&um arcus 3 o° ad fiuum re- 
«Stum arcus *~ Al, ut finus reclus arcus, qui cum arcu ~ 
Al eft complementum ad quadramem , ad finum rc- 
dturn arcus A 1 . 

Corollarium XIX. 

Quia arcus SZ = Zy , fuppofms chordis ZS, & 
Zy , triaugulum SZy crit ifofcelcs ; ergo crit SZ* = 
GZu ; ergo .erit GZ : SZ = SZ : Zu . 

Corollarium XX. 

Cum fit arcus SZ = Zy = XF, patet etiam arcum 
SG efle aequalem Gy = RF; erit igitur trianguluoL. 
«RAF fimile triangulo SZy; eft crgo AF: RF=SZ: 
Sy . Hinc iterum conftat, qood dixi Corollario XVIII. 

Corollarium XXI» 

pemonfiratum fuit effe arcutn A S = G I ; ergo li- 
nea SG eft paraltefa Al, & triangulum SRG eft fimi- 
lc triangulo ARf; ergo eft SG : A! = RG : R 1 , «Sc 
SG X R 1 - Al X RG. Eft autem per Coroliariom XVFT. 

fc A^=AE«-^GZXCV;adeoq;Al= l /AE»--GZxCV, 
— V .... 

» » 

-v - ac 



**o 
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/ 



GZXGV. 



Potell vero denominari AE = ia,SG = RF, qu* eft 
(ubtnultiplex AE = ma,CV = Gl = Ri = x; Cumque 

fuerit demonftratum Corollario XIII* cfiTc R 1 = G i = *; 
crit RG = a +. jx , & GZ = AE = 2a . Quo pofito 

habcbhurSGXRl = maXa,&RGXAit=aTTrx 
^aa* — aax , ac proptcrca maX a==a +-**X 
r aa* — *ax; raa^^^aa* +. *a*x — 



m*a4— 2a* +- tfaix 



- 8axi, & 
8ax*, & tandem x$ — aa»x 



+- m*aJ 
8 



ai =o; 

4 



Scbolion . 



In Figura potifltmura 18. n. 3. plares omitto lineas, 
quas fuppono duclas , ne oimia linearum copia cpnfu- 
fionem pariat. 

Problema 1. . 

Datis pofitione duobus circulis asqualibus KRCJ 
ANE, (Fig. 18. n. 1. ) & diatnetro QAK ; item , data 
quacumque linea K g fecante circumferentiam circoli 
AN E m G , & g , invcnirc chordam KR arcus RK 
circuli KRC . . 

Refoi 
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Conflr uat ut ^ufa eo motio, quo dixi Theorema- 

. te IV- , & eius Ciorbllario I. , & dicatur QK = G Z = 

QH = 2a ; Kg = ma f , ntpote , rmilWp!e* r ; vel fubmulti- 

plex QK; KG = 2a; cum& It g*rc£K~= * A : KG; 

m v 
hoc eft ma : aa = a : 2a; KH = 2KR = 2x, erit GH 

m '* ' 

= KH — KG =2x — tiy.ik'%H = KH — Kg = 

m 
2x — ma. Hoc pofito erit QR* = QK* — KR» rs 

4a* — «*§&, obtriaogalum ifofccles KQH,*crit Qg* 

= QH» I^Kg X gH = QK* - Kg X-gH = 4 a* — 

sdih^. m*a»; QG* = QH* — KG X GH = QK* 

-r KG X bH = 4a* — >ax -H '4a*;. & deoiqoe GZ* 

m Hi ** 
=QK^-4X*;"fed, ob tiiangula f-miIia,QRg„& QGZ ? 

eft QFTrQgT =-]?Gi : GZ;~adeoqqe,QR* .• Qg» ■= 
QG*:GZ»; ergo 
44* r— x*:4a* — amai-i-io*a*£=4a* — 4 ax-t- 4 a * : 4 a * , 

m m~* 
eP/e-ftremfe , 'ac*me ? dm ln fe idVicem duclis' , 
f »iia^^'4a*x*'= / ^a*x* -iimux ■»-• 20«* 

£< i . ^ 24a»x +• 4rt*a4 

■ ■ » 



« ..• * » - «. . < . ^ . 



hoc 



M ' " - 'T H * O H Ml- il •* a f U a 
hoc eft, ia*»x» — umau*.4«* _, 

^^^^^^^^^^^ • 

Jtt * 

&, divifion* p^ra^^cr. i t»» f ,; :: ; . , >{ '.:'-'_• ng 
■ 1* — nwtx % ** . . . _ . ••,■;?.-«»/• 

* * ■ __. • • »• tmwmw _ - . rf *l ' • , 1 t . 

•— ' \ 1 

— a«* -t* ra*a» 



• « ♦ 



j; S : f-iTl 



;,':-•■ _«.« 



m 3. 

-r } filil- - ._ C -«■ ■ H- - 



3m* 
& > te_miois traostatis » 

i»«^ma&s^a»~ m*a* « ^4*»» -~ *, j. 

•- :: ~-£___t 5 3 :.$**-.'. ;._}_: 

-.....' v/ . *B . - ■ -<•'.•; - -n •+ x. f ;ns 

& dcnique » extra&a radice , terrainifqu© .{$ nonpiici 0? 

rem expreffioncm ic^adlis, 

*—■_■■ ■ ___i^_B— _■■—#■ ••■ i^BBMa_____ ■ ^■MMMM * ' " V 

x_ra» 4* a 4- i/ gt-i *"-•-' -^- m* _>'^->4i»^ ; - ; ~ 



Prvbtma 11 



:<'•'- "i\ 



Datia pofitiofie duobuspCirct^Sr.a^alibp^^llC;, 
ANE {Vig.ijL)* &dUn«eiro ^R, a puo#o &ad 
circurofe.enuara concavam circuii ANR ducere lineam 
KD , qu» iw fecla fit in T , ut fit tota KD ad par- 
tem KT, ut eadem KT ad refiduum TD. 

Refo- 
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■ j JUfottnht . 

r , 

Sit QK = ia , K D = x ; Cam fit KD : QK = 
KA:KT, hoe eft ismsisKT, crit KT=2a*„ 

x 

Erlt ergo per ctndirionetn Problematis x : aa* = ia* : 

■ 

x— t aa» , & ^.*-r»aa* = 4a* , x*-^- aa*x* = 4a** 

•.*.■■ x* 

x**- a* = a*K;c, fc « = j/a*^a*Kj. . 

• v . r 

Scholion . 



« • 



Eodetn modo refolvi poterant aiia iimilia problc- 
mata: Ej.gr. inveniri poterit lioea KD, qua; Qt ad 
chprdani. T t>V jit ea^em chorda Tp acj. partern. K T ; 
itcra Tiqca feb", qu'a?'tt a'd partem KT " "»' 3«a bro- 
jportidne ~. Nofenduni tamen ' cft datam PrqpbrtioneoL» 
efle non poflc maforem e'a , quam habet 1/3 +- 1 : 1^3 — t 
ob ea , quae dixi Scholio II. Theorematis III. 

:<.,■■■ . • 

THFOREMA V. 



♦« * 



Datp c ircuto R i X ( Fig. xo.y , fi in hoc duoetup quae- 
llbev ^jardp. i|, i \ atqoc io hac , fiiropa qoalrtict par ie* 
Rl ^fttt SSiisftT» dico , qood fi per pnn&a I , ee O 
defcribetur circulus G I Z dato asqualis , & infuper ad- 

Y 2 dan- 



t*4 t 8 E G fc H M' A * A r ! • 

dantur a punclo G pcr centrum GZ , & a punclis X 
ad G, atque R ad Z,XG, RZ, ciu ZG parallcla- 
XR, & XRZG parallclogramraum . 



i > • « — 



Demonftratio 






« m 

rQuia Rl = Gi per codftru&ionejn, addita li , ttt 
R i = G l; ;«rgo arcus G 1 = R i ; fed totus arcus X i R = 
G IZ;-cfgo f efiduus Xi.= Zl ; crgor angulus XRG = 
ZGR; cumque hi angult fint alterni, & aequales,ZG 
erit parallela X R ; fed X R = Z G , quia fum diametri 
circulorum aequalium ; ergo XRZG cft parallclograra- 
mum . Q. e. d. 

Coroilarium l. : 

» • • 

,Duc*lts i punclis X, & Z acT punftaj ,.& i reclis 
X I / X i , & Zl , Z i , ctiatn Xt % '\ erit ' paralleldgram^ 
mum'; nam eft Xi = Zl , & flla huic paraltcla , .curii 
anguli X i 1, i 1 Z alterni , utpote in lcmicirculo ,' fint 



recli . 



Corollariwn II. 



QuiaXR*+-RZ*+-ZG*+. XG*=XZ* + RG», 
& Xl*+..lZ*+- Xi* P +-Zi* = XZ* +■ li*+ (IriJiitut. 
Gcom. P. Ab. GraodB par. i. CoroII. ,i.prop. tj), ccit 
priraa fumma ad. fccuridam , ut XZ*S\h RGti:^Z«[ 

1« . •• * 

1* . • . ..; :'}],-. .1\\ \ 

Corot* 
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Corollarium III 

Si a ccntris A , & C ad punc"ta N , & Q ducan- 
rue radti AN; CN, CQ, AQ, crit Figura A^JCQ 
parallelogrammum; curoque AC, & QN fint, diagona,- 
Ics, fc tnutoo bifariaru fccabum in O; & quia AR eft 
«qualis., & paralicla CG, triangula AOR, GOC erunt 
fifflilia, < & sequalia; ac proindc etiam RG erit bifariam 
fccla in O; cum igitur fit RO = GO, & Rl = Gi pcr 
conflruclioncm crit 10 = iO; quare lincas RG, XZ, 
AC, NQ, li erunt omnes bifariam feclaj in eodem pua- 
&o O. Ett autem per proprietatem clrculi RO X Oi = 
QO X CfN = ON* ; crgo RO : ON = ON : Oi = 
ON:10. 

« 

Cofllarium IF. 



* 



Cum fir AC» +-.QN*= 4CN* fitque'AC* = 
RZ», patet RZ*+-QN* aequalia cffe quadrato ZG 
diametri . 

" Corollarium , V* 

' . ' ' ■ • •• 
Me tacente clarum eft etiam «rcum X Q asquatem 

effe RZ, QG = RN, Qi = 1N, Ni = 1Q, XN =QZ, 

eorumque arcuum «qualium fubtenfas c(Te imer fe pa- 
rallelas, & aequales, quarum extrema lineis rcclis con- 

nexa 



M» THEOREMATA 

oeza efficiunt Quadrilatcra , qu* omoia funt parallelo- 
gramma . 

Corolbrium Vh 

Quia deraoriftratum fuit ON* = RO X Ol , erit 
QN* = 4ROX*0; fed 4RO X 10^RGX»t;er<. 
go RG X li = QN*. Patet igitur communem chordam 
QN inriufque arcus asqualis QiN, QiN efle mediam 
geomctricam inter totam RG,& a fupradidlis accubus 
feclam li. 

Corollarium Vll. 

Cum Iinea AC fit perpendicularls QN , erit qua- 
dratum radii AN aequalequadrato AO, & quadrato ON; 
fed ON* = ROXOI; crgo AN* = AO*+- ROX 
Ol . Ducla autem Am perpendicttlaris rccl* RG,erit 
AN* , feu Ai* =. AO* +- Qi» +- aiO X O m ; ergo 
AO*+-Oi*+-aiOXOm = AO*+-ROXOi, &, 
dcropto utrinque AO», Oi* +- 2 iO X Ora = RO X 
Ol; fedROX01 = RlXlO+-10*,&IO»=iO*; 
crgo, his demptis,RIX IO = tiO X Om, duplus iO X 
Om ; cumque (it i O = 1 ; ergo Rl eft dupla mO; 
fcd eft etiam GR duplaRO; ergo Gl eft dupia Rm, 
vd m i . 



Corol- 



AD TRlSfcGT. AUCUSSPECT. t*7 



• -'•»i - . 1 ., c 



CwHMhm PHL 

• 1 , • '. 

>Curo frt GR dupla RO, Ri dupla Rro , & Rl 
■kfopla mO.ctit GR: RO = Ri tRra = Rl :mO; 
crgo GRXRra = RO X Ri, GR X mQ =RO X 
RI, & RiX mO=RmXRI. 

Cdrollarfath J& 

Quia Rl aucla Im dfccit ftm dlmidium fumrn» 

"freel* Ri, dt li tadem Im dimittuta patitef cffich <8- 

rnidium fumm» im, erie Iw femidiflerentt* imer Rl, 

fc 1 i . Llnea vero R i crfc arhhmetice cfoifa irr 1 , £t 1», 

cum fit U +-RI - aRm.adcoquc li i Rm = ftm ; RI. 

Corollarium X. 

Cum angulus SZG fit acjualls cjCG, fitqac pri- 
- nus ad circumfcremiara . fecuodus ad ceotrom erit ar- 

cus- GS duplus qG ; erit ergo G cj = q S ; fed etianu 
' Qq = q.N ; er^o refiduus QG .= ; NS = RN, Ett jgitor 

tjiaogulum R N S' ifofceles , & reclangulura R Z $ +• 

•NS* = n£*;V ' .■!.'■'" ' : . ' '"■' 

Corollarium XI. 

Ducla perpendlculari A m b in Itncam R i , crit 
(rjangnlum AmO fimilc triapgulo RIZ; crgo angulus 

RZl 



n* •» 



l-J i* 



1*8 . ' . -T HcRO R EMjATAi t: 
RZl crit «qualis bAi , & arcus 1S duplus bt. Cunii 
•utem fit angulus AOr re&us, &Om perpendicularis 
Ar, eric Ar: AO = AO: Am, & AO* = ArX Ara; 
:fcd,ob ttiangulum ifofcelcs RAi, reclangulutn R O X 
:Oi •hAO* = A i* ; erga re<5Unguium RO X Oi ■*> Mt 
X Am = Ai», fcu, quiaROXOi = ON»; ON»f 
rAX Am = Ai*. 

Corollarium XII. 

Sit modo Hnea RG (Fig. ar.) fe&a in tres paites 
.«quales, in 1, <Sc i, fi a punclis Z, & X ao* l,&.i du- 
ceniur lineas Zl, & Xi, h* produel» tran.fibjunt ; pcr 
cemra A , & C; fccaotenirn bifawajm , & ,ad an^ulps 
re&os chordas R i , & G 1 ; quare puncita m ? <8( 1 Fi- 
guras fuperioris concurrent in unum * 

% 

CoroUarmm^lU. _..- 

Per Coroltarium VI. RG X 1 i = QN ;*Y fcd li ='Kl 
.' per confiruclionem ; ergo etiam RG X Rl = QN*; 
fed buiufraodi rcciarigulura eft aequale quadrato tangch- 
tis duclae a pnnclo R sd circulum GNZ; crgo fi (L 
punclo R ad n ducatur Rn = QN , illa ttit circtjli 
GNZ tarigensV 



Coroh 



r 



AD TRISECT. ARCUS SPECT. ttf* 

Corollarium XJF, 

Pcr CoroUariam VIH. GR X Rm = RO X RU 
fed GR XRm» fcu GRXR1 = QN»; ergoQN* = 
ROXR»,&RO:QN = QN:Ri.ItcmGRXniO 
= ROXRI> fed GR X mO = GRX Ri = QN» ; 

crgo QN* = ROXRI, & RO : QN = QN : Rl : 



mm 



2 VX VI. 

Paritef Ri XmO = RmXRI;fedRiXrnO = 
Ri_XRO = QN»; crgo QN» = Rm X Rl; fcdR» 

XRI = Ri»; ergo QN:R1 = R1:QN. 



r 



Corollarium 

Quia Rl = li, & ZI eft perpeodicularis Ri, eric 
RZ = Zi, adeoque triangulum RZi ifofceles; ergo erit 
RG X Oi 4- Zi* = ZG* . Sed, dudta Ca perpendicu- 

■ • • 

lari ZI , & addita iV, eadetn de cauffa etiam triangu- 
lum AiV eft ifofceles; ergo AZ X Z V +■ Vi* = Zi»; 
ergoRGXGi-h AZXZV+ Vi* = ZG»,&,dem- 
pto mrinque Vi», quod eft sequale qaadrato radii,RG 
XGi"--AZXZV = 5ZG». 



Coroh 



*•' 



%*> • > : T H % &X B'fflt * V\k 



** ,• 



Corollarium XFL 

♦ ' " Re cWtiguidm ? R G X Gi +.''Zf*,'= ZGS & reaa^ 
r gulum R 6' X O i +- ZO» = 2 i * * rfgo 'R<$ X £ ( J i- 
ROXOi +- ZO* = ZG*. Eftautera *kt3 ; XG1 - 
4R.OX Oi=40N»; cfgo RGXGi +-ROX'6i- 
5 #0 X Oi = 5 OH*, & .5QIS\^Z,xp».=; ZG^ fed 
ZG*<=RZ*f/cu Zi» +- 4(5n»; ergo 5ON»;"* ZO* 
r= 4O N * +• Z i * 5 argo cx^tlus qmdcati Zi fupra qua- 
dratura ZO elt ecjuafe qaadraio ON . 

Corollatium %fHh 

m % r •»•■'«■* 

Si excelTus quadrati Zi, feu RZ fupra quadratum 
ZO eft a?quale quadrato ON , crunt 4RZ*=4ZO* 
»f-40N* = XZ*+- QN»; fed , 1] imclligamur dutfas 
.«hordas ZN,Xfo, XQ, ZQ, etiaai XN* +- ZN* 4- 
XQ*+- ZQ* = XZ*+-QN* = 4RZ*; ergo fumma 
fupradi&orum quadratorum tfl quadr upla quadrati RZ. 

• ... 

Corollarium XWU. ' 



1 « 



Quia X Z* +* QN* = 4RZ» = 4RZ X ZS 
4ZR XRS, &QN* = ZRXRS; ergo eru XZ* 
4RZXZS+- 3RZXRS. 



CaroU 



• AD TJir8B.OT.?AJJ.C.aS;$RECT. 1*1 

(tyfoUarjum XIX* 

J5Ar-& WcsJffH^fHW-CVa, & a^dita- a i , jtecu 
i.Q, k a^ % J C^ via qqadr ilatera i G C a , a i C Z , R 1 C a_ 
crupj paralklogrflmrn^jk.cruni a?qqa|ia| Elt enim G.i 
«qqalis.,, & ffa|al.$a. a/^ adeoque..ai .#quaUs f £ paralj 
lela C G ; fed C G = C Z j erjgo £ Z je^ualis ; & paral? 
lela ai ; quare aZ ajqualis, & parallela Ci; cumque (it 
aC parallela, & aequ^Ji4 R l, ecic Raparallcla, & «qua- 
lis 1C. Sunt autem tria parallelogramma aG,iZ,CR 
cWla ' 'tt Mgn li' i •' a»<3 ^ fen : 4 C a J • erjgb' fuhr iatcc fc-» 
^qtiatfa? r,J -' ■* W(I '"''» • •■'* • ■ - : 

» » 

""'':• ' *•';'• ' 'Cprollarium XX. 

\ - • „ • v 

- .. Qaia ELa pii/C 3: CZ=:aj,tciaDguIum Jl*i cft ifcH 
fceles ; fed Rai eft fimile lpi, & apC }; ecgo.qtiam^ 
iila triangula funt {ibfqejra f .crgo e(i ,Ri : ai = ai : ap . 

*^ • "ddSil , u ff'(M A i M^Af a^tiombus ; WfrnW 
k-ti \ dtWtur f A a , <hWc. iSScabft. Sifafi/rfl * & a$ 4nWu'J 
Frjs' recltoS^frteam 'RiV^rgo crft Aa' parailela : 21i <ed, : 
qiiia Ctf a : "'etV p^endJcuIiH^^I , ith- p'erperidteu1aris 
eTCflii ,, X r a u . feum igtt 'Aa''effic : iat ahpum reclurfTcuTtf 
radio Ca , crit tangens circuli GNZ in puricYo'- a :i : ' ' 

Z 2 Corol- 



• • 
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Corollarium XXII 

Eft At dupla raa, & Zf dopla IV; fed raa = IV, 
quia tnVcft paraUelogrammam ; ergo Aa eft aequalis; 
& parallela 1 Z ; ergo , dudla A 1 , Z A eft paraltelo* 
grammum . Producla ergo linea Al ioL,qoia ALed 
parallela aZ, etit arcus al = ZL; fcdaccus al = aZ; 
ergo arcus 1ZL eft triplus al. 

Ccrollarium XXllh 

Cum etiam Ci fit aequalis, & parallcla Al erit CA 
parallclogrammum . Parallelogrammata autemCA,ZA 
fuper latera trianguli CIZ aequalia erunt parallelogram- 
mo Z i fuper eiufdem bafira ; eft enim ZA = Zy , 
C A = i Z , quas lunt fupcr eadem bafi , & inicr caf- 
dcm parallelas . 

Corollarium XXir. 

Demonftratum fuit Aa effe tangentem circuli GNZ 
in pundta a, & asqualem efle 1Z; erit crgo reclangu« 
lum LAI = Aa* = lZ», hoc eft, cum Al fu atqualis 
aZ, erit linea compofita ex chorda arcus dati, & chor- 
da tertias eius partis ad chordam duarum partium ter- 
tiarum ciuldem arcus , ut cadem chorda ad chordauu, 

• m 

tertiae partis . 

» • 

CwqU 



AD TRISBCT. A&CUS SPfcCT. 173 

CMlarmm XXP- 

Confiat triangula omnia alu, IGz, uCz, aCZ &e. 
efle ifofcclia , & fimilia ; erit crgo aC : aZ = al : au » 
hoc efl , quia aZ = al, erit aC : al = al : au ; fed eft 
rnfuper al : au = au : uy ; ergo quatuor lineae Ca 9 al t 
a u , u y funt continuo proportionalcs . 

CwUarium XXf>I. 

Patet cffe Al := lu = y z = zL; adeoque effe ly = 
uz, Ay = Lu , & li = Cu = Cz. 

■ 1 

N 

Corollarium XXTIL 

Si in parallelogramtno AZ ducatur diagonalis ZA, 
erit AZ* «*-aI* = 2Aa* *. 2AI*; ied Al* = al* ; cr- 
go, his demptis, AZ* = aAa* +• AI*; fed aAa* = 
2LAI ; ergo AZ* = 2LAI +. AI* . Eft autem AZ* 
= ZAn+- AZa,& ZAn = LAl; ergo AZn = LAl 
+. A 1 * ;. crgo difleremia reclanguli A Z n a reclangulo 
Z A n eil equalis A 1 * ., „ . . ' . 

CarQllarium XXVlll 

: Ob ffeornbumCi, liaca.*G eft perpendicularis iC f 
ac^que ,ei\ pc,rpcn4wul*rii.AL j cuoa crgp fit Ac .= cL, 

eru 



\ 



erit triangulura AGL ifofcelcs; ergo erit LIA +. Gl* 
= AG* ; fed, ob trianguItH». AGl^ Gzl, & eidcm_. 
aequi angulum , eft arcus ZL = Ir = Ia , ac proindo 

chorda Frd: IA; *fgofriaJh£ulura Aleliii ifeffceleV, eft- 
^tfeGl* = AGr ? + DK* ■•■•;•-.• •...■: '• 



• «■• _■• 



Conoll&ium XXIX. . : , 

*'*!*» *"* ' . i' ~ • \ ~ * »• 

Cam fit AG* = Am* +-Gra* = LIA +-GI* , 
erit Am* +- Gm*±: LlA^VGilfi/kumque fit Gm* = 
ml* +. Gl* -i- 2GIm , erit Am* +■ ml* +• Gl* +- 
t G I m =f £ I A +•< d 1 *-", : 'dt ~ (feta^ utri&jrie 1 G I * , 
Am* +■ ml*+- 2<Slm-:f 'LB. 1 . 1 feWutenr A'm*+ : 
ml* = Al*; ergo AI* ? +p 2GIra,= X^IA, & 2GI111 = 
LIA — Al*; fed LlA = zAl = AI* +■ Alz; ergo 
2/GnI ra.<=- u A 1*4-. Mz '--xAl 6.^A^*$lgo>W<&niguluai 
Alz e.0. dup|qtn; Qlra;./ s .,. « /• - .: ••• i ., .... 1 \ \ .■ .* 

•• * r ♦ ' • ;' - . 1 A r •**" * \ P 'i'C ,"• * * 

Corollariftp XXX".. v • - 



1 » 




lum aiz erit ifofqeles , & .equale ia^C; linea aH erit 
«qualis Ll, & perpendicularis GL; a punclo G ad H 
«ft&t GHj wijuip^gulbffw.GBB ^ltioQii;' -pfodu- 
£i» aC wDi&^l ia^/krtttttiBPdwttVlali^Z^/Z/fei, 

LH, 



LH, GD, GI ascjuales; cutnque fu arcus 11 - DH, 
ob aogulum UI±: DaH , em ttoam DH = lt — rl« 

■ 

£rit igitur totus circulus QZHG divifus in ocIq par- 
tes, & deerurit du# partcs tequalcs arcui rl, fiigituc 
arcus rl itf qu&uor 'pattes^aeqm.fes divrdctur, erft arctis 
"lr , deropta quam patte arcus rl acquali* otftavas parti 
totius circuli, Verum elt,quod disi , etiamfi atcusZL, 
Za, al &c, fint Xm^ull- rruqores o&ava parte circuli , 
duromodo quarta pars arcus' rl cuiiibet ex didfrs arcui 
bus addatur • 

Caroihrium XXXU 



. j 



.. • 



Diclom fahCorofiaFiq XXIX, rcftangulum Ala 
duplum etle G^myied e(V Ateslui; =^auD j cfgcj 
auD eil duplus Glm , Fatet etiam DuY ciie «equalc* 
Glm, & DV* ^oale efl^Gml; 



J 4. 



\i 



* • 



CorQlhrium XXXlls 

m • ■ 

I 

Ob triangulum rcflangulum 4 Vu , cft I n* d V * +» 
Vu*j fcd ttl lV*~DVa} ergq Iu*^DVa. +■ Vu*j 
fed intoper ett DVa +. Vm*^lDh,V} ergo Iq* -^DaV, 
£11 auttpn per Corollariuro XXV* 1 u * = al» - Cau: 
trgo Cau^DaV* 



"X 



• «. « » « 



; 1 



»*- » ■. ;V. .• » i> : . V 



1 - •-. 
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Corollarhm XXXIIL 

Cura exceffus femicircurofercntiae fupra arcam C L 
fit Z L , & exceffus arcus G L fapra G H , vel G 1 fit 
LH = ZL,erunt arcus GHZ, GL, & GH atithrac- 
ticc proportional.es . 

Corollarium XXXIF. 

Quia triangulum AGLcft ifofccles, angulus ALG 
= LAG; crgo arcus Gl eft duplus oz; fed etiam ar- 
cus 1 a cft duplus s x ; ergo totus G a cft duplus o s . 
Cum igitur fit Gr +• lr = 20x, & Gl -t- la = 2os, 
erunt arhhmetice proportionales Gr:ox=ox:lr,& 
Gl :os = os:la; comque fit diffcrentia inter arcu&L* 
Gr, & Ir aequalis arcui rl*<terit difierentia inter arcum 
Gr,&ox=rI;& pariter , cum fit differentia inter 

arcnm G I , & 1 a asqualis arcui G r , eric diffcrcntia in- 
tcr Gl, & os = Gr . 



Corollarium XXXP. 

« 

Data chorda R i , qua? femper erit pars diametri 
dati RX, nou erit RG, item RZ; inveniri ergo fem- 
per poterit, cuius arcus fit chorda portio Z S lineas RZ 

% ©pe • 



ad ramaf. ARCussrmcT. *n 

©p«> Ubularam rtigortonftctricarutn ; nam, (t ifitetligatuf 
ducla GS, hafe «tit sperpendicularis RZ in S, qala aa* 
galu£ Gt£'Z '«ffes fci fek»ictcculo ; in-triangolo igituf 
acaia\^lat R>ZS' y RG^OZ» *RZ* — zRZS^ 
a&oqae;»flZS=-<33* l '+ RZ*->- RG»; &'1S sr 
GZ* 4- R Z* -i~ R.G*. Quod fi tfiaoguhkn RZG ba* 
. • , •" i RZ J- V -• : • ' -• J ■ j\ ■ ' ■ * 

ber« ia Z arjgtit&m obtufum , ttfnc RZ fecaret fcmt- 
cteumfeixmlara =G BUZf^iro e£aHG ; » cjGfr^ 
RZ* +- 2RZS, & RG»--GZe»^RZ» = ZS. 
• -._ ■■:-. *, /...,;• : ;^RZ- • -'*• - : ' ■ i •• * 

l /. ..:•.,'. . . ■• '.) . '^- •- '•' .•.:»,•""■■ 

Dicatur modo diamcter R X ( Fig. 23. ) circuli 
RQX'^ ia, & £at?.cbaroV> Ri ^jftXr: 3 a : produ? 

' v 4 "T~ 
MW< Rl in G ita-V vt & G'\ =s R4 = a, hoc eft afequa- 
lis radio , & reliqua petficiantur ,ut in fupcriori Figu- 
ra . Cum li fit asqualis i y = Cz = a ; erit Cz = zZ_; 

.\\ ;? -. ' ',•••• 7 

quia ergo Corollario.XXUI. diclun> fu4t paraHclograra- 
miim ZA '= Zjy , & C A = i.z , efogue Zy = i z t ob 
«qualera bafim , sequalemque alritudinem , erit' etiam- 
ZA = C^. IDc^ncle^quia demoaflratura fujr.Gorollarkr 
XXV. eile C a : al = a f : a u = a uTwi y , & eft C a = af 

Aa au 



*.s 



tfft T HEOR EM AT.A 

tu = a; erit a j a_= a : j_= *j * ; Rurfut, cjiia 

eft Ci : yu = Ca : au , & aZ : u» = aC :-Cn , & cft 
Ca:au=aC:Cu, erit Ci:yu = aZrufc; f«dCi = 
aZ; crgo yu = uz=iy . Eft crgo AL fcptupla, A* 
quintupta , A u quadrupla , A y tripla , A 1 dupla u 2 ♦ 
Cura igitur fit uz = a , erit AL = 7* » A» = ya , 

Au 3 »a , Ay = %z , Al = a ; cumquc fit rec"tao> 

gulum LAl = Aa» = 1Z» = 7a», erit Aa = 1Z = tvj\ 

4 * 

& pariter , cum fit x edangulum RG X 1 i = QN * pcr 
Coroll. VI. = *a» , erit QN = a^5 . Quia tandem Au 

invcnu fuit ssqualis ^a .= af a , crit asqualis lateri qua* 

drati circulo Z16 infcribendi; &, quia la eft dimidium 
Au , erit chorda la equalis finui redb arcus 45* . 

Corollarium XXXTIL 

Pcr Coroll. XXVII. AZ* = aLAI * AI»; fed per 
CorolL pr«c. LAI = 7£2» & *LAI = 7a» , Al* = 

»* ; crgo AZ» = 8a» = 4a» gquale quadcato diaractri, 

"J. » 



AD mTSICT. AfcCUS 8&RCT. «7* 

«d<^up A £ £ "ZiG" j crt igitur AZG ttiaogslmn ifo# 
fceles. Ett avtem pcq idcm Corollarium XXVII. re&an- 
guium AZa = LAl 4- Al* :=7,g**» a*~ »a» =Ri»; 

4*4 
ergo AZ : Ri = Ri : Zn . Ex eo, quod AZ fit aequalia 

diametro, patet circumferemiam RiX eandem bifeca- 
re; cumque lincse AZ, al , ob parallelogrammum , fe 
mutud bifariam dtodam , erit earura icdlio in punclo 
circumfcfcntiaj RiX . : ' 



» • 



Corolhrium XXXPIll. 






f 



Quoniam uiangutum AZG prascedenti : Corollario 
dctnonftratum fuit ifofceles , & , fi fupponatur ducltu 

■ 

Zr, ha;c evadit perpendiculari6 AG, quia angujus isu 
fcmicirculo reclus , erit AG a circulo bifariam fecla— 
in r , quare erit rec"tan£ulura GAr "= AGr =: LAl; 
fed '. duo reeiangufa 6 Ar , &.AG r fuht «qualia qua- 
drato AG; ergo quadratum A G cft duplum L A I , 
feu Aa*. 

* * \ " — • « " i i 

Corollatium XXXIX, > 

Sit iternm circulus RiX (Fig. 24.), fitque chorda 
Ri asqualis iateri quadrati eidem circulo infcripti . Con- 
ihuacor Figora eodem modo, quo fuperiores, ' & fup- 
pouator RX =r ta, ctk« Rf-=ai^2, & Ii = a^a — a, 

Aa 2 RG 



i#H .Tf):-/gJH:gJ0feH.1C» llgrJitr QA 

= a*. ■> E(l *uwra pcr Cordl. VI.RG X" , fl i= f <2N*"; 
ergo QN^ a» j cfc QN = a , eft ^asquarts • Wdio ; crgd 
arcu6 QxN cft tfo° . : 

Corollarium XL. 



• w -» » 



i < 



Cura ip parallclqgrammo RAia angulus RA^fy 
fetStus pcr conftruclionem , etiam reliqui. erunt .redti.j, 
quare radii aR, & ai erunt tangemes circuli RiX in 
R , & i • Linea a p , quas efl pcrpcndicularis R a , erit 
perpendicularis etiam paralleUe 1C; & , quia pcr Co- 
roJL X%, cit ;R i t a i =. ai.;, 4 p, bo£ c& a*^a -: a = a^ a, 

4 _ . « «. *- • « 

eric Ri dupla ap, adeoquc erit ap finus rcctus arcus 
aT; led eft tota al'= QJ = Ri; crgo al cft dupja ap; 
ergo radius r qui fecy bifariam , & ad.angnlos rectos 
diordam al, bifariam fecat, etiana arcum all. Et,qoo- 
niam eiiam linea ArG debet fecare arcum lr = la = li, 
Hnea ArG tranfibit per extremum I linea; al^ & oul- 
luseric arcus rl; circulus ergo 1 Z H G per Corol. XXX. 
erit divifus in oclo partis xqoaks * > • 

CoroUafium XLI. 



■i * 



m\ 

Qjih arcjus GHLrl^ti, er*t tciatJgulam GX. L 
fofcclcs , & «qualc AGz = AQ# ; fimik T.ctp tiian-i 
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goifc Aa<r , ■&. Ar y ; erfc efgc*JGL ; G1 , hoc eftAG j 
Aa = Aa : Ar = Ar : ry , nirairum erit chorda, atcus 
i 5 5° ad latoa. qua^rati , ut latos quadrati adcaodcm-. 
chordam diminuiam chorda arcus 45 , ut h*c eadem. 
chorda ad duplurn difTercntia: lateris quadrati a radio • 

Corollarium XLIL 

* 

Qdomam RZ* = Zl* +• Rl* = 2a* •♦- a* = *a» ; 

crit RZ = ai/j sequalis lateri trianguli asquilateri clr- 
culo ZIGH infcnbendi . 

' * . 

Gorollarium. KLlIf' 

Arcus os 670 30' erit trifectus; nam,quia angu- 
lus LIZ eft aequalis xAs, erit ZL duplus sx; fed 
ZL = Rs = &i ; crgo si duplus xs ; fed etiam ox cft 
duplos xs; nara anguluS externus GIL eft «equalis duo<» 
bus internis rGl, GAl, & eft triplus rGI , adeoquc* 
G Al cft duplus r'Gl; ergo Ir = ox = is ; ergo ox du- 
plus sx, & oi = ix = xs . Diclum autem fuit Coroll. 
XXXIX, accuni Q^xN. efle rfo°; e$go arcus. »N.*> Qo 

= 7'°.3p!.'. : .fcu» qW^Qff^i.N^Jc^.wcas QrV Qc« 
= 7° 30' .. 



«t drliuto^Rfr (flgi 2^. J( caicTs diatfliter fc*±2a; 
cV poaatuT Rf aiqttafis lafrti nr&apU'a«jutlater1 '= a^j, 



«^ • 



n 



cm 
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erit RG = ai^3 +. a , & li = af3 — • a , ac proincfc* 

RGXli = QN* = ai^3 4. a X ai/3— a = 2a»; cr- 
go erit QN = ai^i, hoc eftsequalis lateri quadrati; 
adcoquc arcus Qi N p o • . 

CoroUarium XLV. 

Ob rhombutn RAia, Ri* 4- Aa* = 4AR* .; fed 
Ri* = 3AR*; ergo Aa* = AR*,& Aa = AR. Cum 
itaque , quae dcbet cfle tangeos circuli ZQG, fit sequa- 
lis radio, tangcc circulum ZQG in communi feclione 
N utriufque circuli ; quare puncta a , & N concurrcnc 
in unum . Cum tutem linea du&a a punclo a , fivc* 
N ad i fit ftqualis radio , erit arcus Ni 6o° ; fcd .ar» 
cus QN ctt 90 pcr Coroll. preccd. ; ergo arcus Qi 
eft 30*; quare linca RG trifecat uttumque arcum QIN, 
giN in 1, & i. 



« * 



« 

Corollarium XLVt. 



' Ex Corollario V. mantferium cft, qupd, mhteffi- 
gantur dudtaB chordas' afcuum Qi , Q l , quadrilaterum 
inde tefultans erit parallelogrammum , adeoque crit 
QN* 4. li* = *Ni* 4- 2IN*; fcct QN* per CoroIL 
XUV. cft aequale dupbu* quadratis ra^U ,• fcu »Ni* ; 
crgo li* = 2lN*, hpc eft quadratom Uneae H interce- 

ptas 
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ptas ioter utrumque arcum Ql N, QiN cft duplum_» 
quadrati chorda? 1N 30°. 



CoroUarktm XLPIL 

■ * 

Quia triangulum RIZ e(l rcdangulum , & R I » 
Z 1 fuDt duo radii , patct Iineam R Z ajqualcm cffo 
QN , fett lateri quadrati . 

Corolhrium XLTUL 

Cum angulus ALG pcr conQrucliooem fit tfo°; 
& triangulum G A L ifofcefes per CoroII. XXVIII. , eric 
idem triangulum sequilaterum ; ergo eric A G =; G L 3 
AL, adeoque linea AC fecabit bifarium arcum Ir. 

Corolhrhm XLI& 

Ex Coroll. XXXV. ZS = RG* — G2» — kZ * = 

aRZ 

&V% — a ; fed ha?c eft chorda arcas 3 o • ; ergo Z S 

^* 
eft asquilis chotd* arcus 30°; fed Z L eft arcus 30*? 

ergo Z8 doncarrit ib L f cVcfttota RL = AL, ac 

ptoiode triangolum ALR eft ; iforceles, & fimilc trilaV 

gulo ARI. Eft lgitnr AL: ARr: AR : Al ; fed per 

Coroll. XXV. eft AR<t A*,'1feu fca : alaal : ad iau * 

*y; ergocft AL : ARd ARrAte Al : aifc*«iby; 

J Corofc 
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» . ! ■ 

Corottarium L. 
Fiat circulusRiX (Fig*&),V5uiusdiameter RX = ia, 

& chofda Ri = ^ j^— a^JI 7 , hoc eft.asqualjs la- 

* 4 

teri pentagoni , erit R G X l i = / 5_1* — a ^il! ? 

"2 4 



y/5a_* , & QN = a /-i - 7 ^5 i 

4 

CoroUarium tAi 



m * • 



Qpia chorda R i eft per «onflruclionem Iaius pen* 
tagoni , «it arcus cofrcfpondens 72°; ergo arcusXi, 
feuil io.8*,-adcaquc.ZL f, -54<», & GL iitf°. Eft 
autem chorda GL = GA, ob triangutum AGL ifofcc- 
les'; ergo etiam GAeft chorda i2<J°. Scd eft , ob U 
.slr = Zl,«rcus l.r-54®; crgoVcus <5r eft 18 .. Eft 
jgitur, reclangulum AGr y apqualc : reclangul^fgb:;chor^a 
.i%6° & cborda i8<*; jfe3- huiufmodi reclanguIunL. 
cnm .quadeato chordae 4»r arcus 54 eft aequale quadrato 
3J., ob jrianguluni AJr, ybfqeles,«.& cft Gl latusj>en T 
ta^m^ <rgp;rc^ngttium ? e^ choicja ,i *<t°jn,chordain 
. ' 18« 



AD TRISECT. ARCUS SPECT. t*$ 
it° uaa cum quadrato chordas 54° eft «qoale quadra* 
to lateris pentagoni , fivc quadratis laterum hcxagoni # - 
& decagoni • 

CoroUarkm LIL 

j 

Cum fit arcus GI= Ir, hoc eft uterque 54« , & 
arcus Gr, feu II ib° , patet lineam AG trifccare ar- 
cum GI, & lineam al arcum lr. 

Corollarium LUL 

Per fe manifeftum efl arcum Gr efle vigeftmanu 
partem , arcum Ir decimam ; arcum Gl quinum , ar- 
cum deoique Hr quartam partem totius circumferen- 
tiae ZHGl. . 

Scholion L 

Etiam in Figuris ad hoc Theorema pertinentibus 
aliqua? omilfe fuerunt lineas , ob rationem aliatam in^ 
Scholio Theorematis IV. Et , fi quae defunt lineas in-. 
Figuris omnibus huius traclatus , hoc eidem caufl* ad* 
fcribatur . 

Scholion 11, 

Hoc unice notandum eft in otnnibus Figuris hu- 
cufque ad examen revocatis luppofuiiTe chordam R i ma- 
iorcm radio Rl , angulum ARl acutum , ac proindc» 

Bb ck- 
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drcolos RNX, ZNG fe matuo fecare. Yerum, mm 
Tneorema, turn fere omoia,qua5 ab ipfo dcduxi, fub- 
fiftent , etiam fuppofita chorda R i m ioori radio R! , 
anguloARl obtufo,atque propterea neutrum circulum 
fe mutuo fecare , qucmadmodum attendenti perfpicuc* 
confUbit , 

Probhma UL 

Dataqualibet recla AI f <Se qualibet RX jnaiorlAl, 
cjuas erit diametcr circuli dcfcribcodi , a circulo defcri- 
pto diametro RX arcum fecare ita, ut linea data Al 
fit chord* tcrtia? partis arcus fccli , 

Refoluth . 

Super data recla Al fiat triangulum ARI ifofce- 
Ics, cuius fingula latera Cnt sequalia dimidio liaeaj dataj 
RX, Centro A radio AR defcribatur circulus RiX, 
producatur linea R I ufcjue ad circurofcrentiam circuli 
in i , fiatque Gi aequalis RI , cequalis radio , Per I, <5c 
G defcribatur circulus Z l G aequalis circulo R i X , <5c 
producatur A I io L , erit L Z I arcus fcctus a circulo 
ZIGL, cuius diameter ZG asqualis RX. Erit autenu 
linea la = 1 A , aequalis chorda? tertice partis arcus fecli 
LZI. Demontlrauo habetur potiffimum cx Corollario 
XXIL Theor. V. 



Scbo' 



\ 
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Scbolion . 

Cum latus trlanguli acquilateri dividat totatn cir- 
cumferentiam circuli in tres partes aequales , linea data 
A 1 , quae debet efte chorda tertias partis arcus a circu- 
Jo ftc"ti , non poteft effe maior latere trianguli asquila- 
teri , ut per fe notum cft . - 

Problema JiPV 

Dati circull ZLGX ( Fig. 27.) peripheriam in-. 
quinquagiota qtittuor partes sequaks, quam prozime di- 

> • 

vidcre . 

Refolutio . 

Fiat ot duplus finus reclus quintas partis circumfe- 
rentias circuli dati , feu , ut chorda 144 6 ad triplum— 
radiom auclum dimidia radice . quadrata quinque qua- 
dratorum eiufdem radii , & diminutum tatere pentago- 
ni, ita radius ad quartam proportiona.em , hoc eft Cla- 
ritatis gratia fit circuii dati diameter ZG- ja, erit du- 
plusfinus recius quintae partis ; circumfercotia?, feu chor- 

c|a 144 asqualis y$z* +■ a f^a* = a y\ "*" t l/T~ 

& latus pentagoni «quale y j a * — a /^5 a * =: 

2 4 

£b 2 a 
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a i/i i //"77 adeoquc erit triplus radius audtus di« 

rcidia radice quadrata quinque quadratorum eiufdem ra- 
dii -, & dtminutus latere pentagoni acqualis 3 a ■»- ay j 

c 

2 



— a j/i - i ^/5 . Fiat igitur ZQ = a j/f +• f/^7, 

ZP = 3 a +. ^ y — a l/-J — «£ ^7~f & ducatur QP, 

a 
atque ex puncloC, ubi CZ = a, hoc eft aequalis radio, 

agatur CH parallela Q.P, erit ZH quarta proportiona- 
lis quaefita asqualis $a* *• a* r$ — a* j/«f — «j //'5 . 



% 



Circulo cx punclo Z applicetur ZL = ZH, & cx pun- 
clo Q applicetur G I aequalis. latcri pentagoni , erit ar- 
cus I L quam proxime quinquagefi ma quar ta pars totius 
circumferentiae . 

Ducatur a punclo Z ad punclum I chorda ZI, & 
fupponatur radius CZza = 10000000 . Hoc pofito erit 

chordaZL = ZH = 3a* •*- a*^ — a*y -J— ~#/7" 



■« 



/ 



= 154^^44*5, & ZH = 7734723. Eft autem hic 

z 

Ottr 
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numerus io ubulis finuuro finus re&us , quam proxime 
arcus 50° 40'; ergo cft ZL chorda arcus. 10 1° ao' 
quam proxime ; fed , quia chorda G I eft per conftrs. 
clionem chorda 72°, erit ZI chorda arcus io8°.Cum 
igitor fit arcus ZLI 108 , & arcus ZL 10 1° :o', 
erit , hoc fubtraclo a primo , arcus LI 6° 40', adeo- 
que erit quinquagefima quarta pars totius circumfercn* 
i'i£ ZLGX. 

Probhma V, 

Circuli dati ZLGX (Fig. 28.) peripheriam in ter- 
centum fexagima partes asquales quam proxirac dividere . 

* r 

t 

Kefolutio • 

In circulo ZLGX ducatur diameter ZG,& aponclo 
G ducatur fubtenfa G H = 3 a * +■ a^* ^5 — a * y \ — ■ 7 /^7» 



m 



producator GH in R , donec H R fit aequalis radio G C; 
& fomator GI = GC ss RH, erit tota RI = GH. 
Igitur per R , & I defcribatur circulus R ID aequalis 
ZLGX; a centro A per H ducatur AHL, & a pun- 
clo L ad X ducatur LX aequalis lateri trianguli aequi* 
lateri . Erit arcus X H quam proxime doorum graduum, 
quo bifaiiam dirifo, erit circumfereotia circuli ZLGX 

in 
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ia terCentum fexaginta partes aequales divifa • 

Etcnim ex didlis Problcmatc praecedente arcas G H 
eft ioi° 20 '; ergo arcusZH, qui cum arcu GH ef- 
ficit femicircumferentiam , eft 78 40'; fed per Corol. 
XXII. Theor. V. arcus HZeft duplus ZL; ergo ZL 
eft 3$° 20'j ergo totus arcus HL eft 11 8°; fed ar- 
cosLX eft per conftruclionem 120 ; ergo arcusXH 
cft 2° . 

ScboJion . 

Patet igitur ex diclis circulo dato infcribi po(Tc , & 
circumfcribi quam proxime eas omncs Figuras regula- 
res , quas commemoravi CoroII. XI. Thcor. I. Infuper, 
cum per fuperiora Problemata dividi poffit circuraferen- 
tia circuli in quinquaginta quatuor partes aequales , di« 
vidi poterit , fumendo duplum arcum , in viginti fep. 
tem partes aequales, & . quilibet arcus erit 13 20' • 
Cum autem detur arcus 12°, hoc fubtraclo ab arcu 
13° 20', habebitur arcus 1 ° 20'; fed prauerea habe- 
tur arcus unius gradus ; ergo , hoc fubtraclo ab arcu 
i° 20', habcbitur arcus 20/, qui eft tertia pars arcua 
unios gradus . Quare circulo iafcribi , & circomfcribi 
poterunt Figorae omoes rcgularcs , quarum latera fub* 
tendunt arcus conftantes ex integris gradibus , & tcr- 
tiis , fcxtis » deodecimis &c. partibus gradus . Ex his 
autcra ha&cnus cxpofitis , ajidax mihi cflc non vidcor^, 

& con- 
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fi concludara , Theoremata a mc excogitata non effo 
iudicanda otnnino inutilia , ex quibus talia faltem pro 
xirac confcquuntur j & Problema dc Trife&ione arcus 
geometrice tentatum non adeoeffe negligendum, ut aK- 
quis , noltris etiara temporibus , imo plures adeffc non 
debeant , qui in hac Doclrina proraovcnda ingenii fui 
vires exerant, 

T H B Q R E M A VI. 

Si ab extrcmis diametri AF ( Fig. ip. & 30, ) eir« 
culi ABEF ad quodlibet punclura D estra circulujju 
ducamur dua? lioc* FD, AD fecantcs circurafeientiam 
in duobus aliis punclis B, & E, ent quadratum diame- 
tri AF ajqualc reclangulis DFXFE, & D A X AB , 
ii triangulum DAF habebit anguios ad A, Sc F acu- 
tos , & idem quadratum erit «equalc difterentia? rcc"hn? 
guli DAB a reclangulo PFE, fi,ia codem triangulo 
unus angulus F crit obtufus, 

Dmonjlratio frima Partit ; 

Ducantur Hne» AE, BF, (Fig. %?,) addatur BB, 
& a pundo D pcr communem fc&ioncm I liacaruou 
AE, BF agatur DI producla in H j b«c erit pcrpen- 
drcularis diaraetro A F ; nam , quia anguli A E D , F B D, 
titpote confcquemei angutis AEF, : £BA re#is , fuat 

recli , 
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irecli, per quatuor puncla I, E, D, B poteft traofirc» 
circulus; ergo angulus EBD = EID; fcd EBD = AFE; 
ergo AFE = EID; fed EID, & EIH fuot aequales 
duobus re<5tis ; ergo E l H , & H F E funt sequalcs duo- 
bus tecSlis ; ergo per quatuor puocla H, F, E, I tranfi- 
re potcfl circulus; ergo anguli FEI, & FHI fuht «qua- 
les duobus reclis; fed FEI efk reclus; ergo etiam FHI 
eft reclus , adeoque DH perpendicularis AF. Per qua- 
tuor puncla ighur D, E, H, A, itero D,F,H, B tranf- 
ire poterunt circuli , ac proinde DFE = AFH, DAB 
= FAH; fed AFH •*- FAH = AF* ; crgo DFE +. 
DAB = AF*. Q. e. pr."». 

Demonftratio fecund* Partis . 

Sit angulus AFD (Fig- 30.) obtufus , & fiant om- 
oia utfopra, quia anguli IED, IBD funt recli , per 
quatuor puncla I, E, B, D tranfirc poteft circulus ; cr- 
go angulus ABE = EFA = EID; fed EFA.&EFH 
funt aequales duobus redlis; ergo etiam EIH,&EFH 
funt aequales duobus reclis ; quarc per quatuor puncla— 
I, E, F, H tranfire potefl circulus, adeoque ctiam an- 
guli I E F, & I H F fuot aequales duobus rcclis , fed I E F 
eft rc&us; ergo etiam IHF cft rcclus. PolTunt itaque 
traofire circuli per quatuor punda D, H, F, B, & per 
quatuor punfo D, H, E, A; ergo DAB = HAF; fed 

HAF 
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HAF = AF»+.AFH, & AFH = DFE; crgo DAB 
= AF» +. DFE, & DAB — DFE = AF» . Q.c fcc.o«^ 

Corollarium 1, 

Si triangulum AFD (Fig. 29.) fit acutangulum, 
duftis FN, AN, crit FN* = AFH = DFE,& AN» 
= FAH = DAB. Erunt igitur fimilia triangulaDFN, 
& FNE , itera AND, & ABN; quare erit DF ; FN 
= ND:NE, AD: AN = ND:NB, adeoque FD X 
NE = FNXND,&ADXNB = ANXND. 

Corollarium IL 

Cum fit ADXBN = ANXND, &FDXNB 
= FN X ND, erit AD X BN : FDX NE = AN:FN, 
ac proindc AD X BN X FN = FD X NE X AN; fed 
parallelepipeda asqualia reciprocant bafes, & altitudiocs; 
«rgo crit AD : FD = NE X AN : FN X BN. 

C&rollarium III- 

t 

Suppofito arcu FN sequali NB, cutn ex Corollario 
praeccdemi fit DA : DF = EN X N A : FN X NB, 
hoc cft =FN», erit etiaro DA:DF =ENXNA: 
DF XFE, ac proinde DAX FE = ENX NA; quare 
DA: AN = NE:EF; fcd DA: AN = AN : AB; er- 
go AN : AB = NE : EF, & AN X EF = AB XNB, 

Cc aoc 
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hoc efl rcclangulura fub chordis AN, FB equale cft 
xcclaogulo fubicnfarura AB, EN. 

Corsllarium IV. 

Si t pucclo N in linets D A > D F demittanrar per- 
pcndiculares NS, & NR, crunt triaogula ENR,FNH, 
FNA,AHN,BNS inter fe ilmilia,ut patet, adeoquc 
erit reclangulum AFXRN = FNXNE; FAXNS 
= ANXNB; RNXFNssENXFH; NSX^A 
= NBXAH; ENXNS = RNXNB. 

Corollarium V* 

Per hahc propofitioncm eftAF:FE = DF:FH; 
fed, ob triangula fimilia DFH,DRN,DF:FH = 
DN ; NR; crgo AF ; FE = DN ; RN, & AF XRN 
= D N X F E ; fcd per Corollarium praeced. A F X R N 
= FN XNE; ergo DNX FE = FN XNE: Eodem 
modo dcmonftrabhur DN X AB = ANX N B ; quare 
eiitDN XFE;DNX AB = FN X NE: AN XNB, 
hoc eft FE;AB = FNX^E;ANXNB. 

Corollariam VI 

Quia ex Corollarto JV. AF X RN = FN X NB ; 

& AFXNS= ANXNB, erit AFXRN:AFX 

NS 
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NS<= FN X NE : AN X NB , fcu RN : NS = FN X 
NE : AN X NB; fed ex Corollario V. etiam FE : AB 
= FN X\NE: AN X NB; ergo FE : AB = RN:NS. 

m 

Corollarium VII. 

Cum anguli ad H , R , & S fint re&i per quatoor 
pun&a F, R, N, H , & H,N,S, A tranfire poffunc 
circuli , adcoque reclangula A D S , H D N , & FDR 
funt aequalia; fedetiam ADB = FDE; ergo refiduum 
ADXSB = DFXER, & AD : DF = ER: SB. 

Corollarium PIIL 

Ex Coroliario VI. eft FE : AB = RN : NS, & al- 
tcrnando FE:RN = AB:NS; fed,ob triangula iimi. 
lia, RN : ER = SB : NS; ergo. FE : ER = AB X BS : 
N S * . Eodem modo demonllrabitur cfle A B : B S = 
FEXER:NR*. 

Corollarium IX, 

Segmenta diametri AH, HF fuot in ratione cora- 
pofita D A ad DF, & finus anguli ADH ad finurn an- 
guli HDF; funt autem finus horum angulorum pcr- 
pendiculares NS, & NR; ergo funt in ratione compo- 
fita DA ad DF, & NS ad NR; fed per CoroUarium 
IL eftDA:DF= ENXNA:FNXNB; ergo erie 

Cc 2 AH 
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AH ad HF io ratione compofita reclaoguli EN^NA 
ad FNX NB, & NS ad NR, five erit AH:HF = 
EN X NAX NS : FN X NB X NR: cumquc fit etiam 
AH : HF = AH* : HN* , erant etiam tuec quadrata» 
ot fupradicla parallelepipeda . 

Corollarium X, 

Cum diclum fuerit Corollario VI. effe FE: AB = 
RN\-NS, erit AH ad HF, five AH* ad HN», uc 
parallelepipedum ex tribus chordis EN, NA, AB ad 
aliud ex tribus fubteofis BN,NF,FE. 

Corollarium XI. 

Defcriptis duobus circulis sequalibus FN A, & C N A 
(Fig. 31.) fe mutuo fecantibus in N, & A, fi a feclione 
N ducatur tangens P N D circuli N C A , quae fecabit dia- 
metrum AF perpendiculariter in H, & ab extremo A 
diametri ad quodlibet pun&um D ducatur AD fecans 
circulos in B, & C, erit femper PD : DN = BD:DC; 
nam , duclis PB, AN, & NC, erit aogulus NPB = 
NAC = CND ; ergo crit PB parallela NC , adeoque 
PD:DN = BD:DC. 

Corollarium XIL 

Ob triangula /fimilia ABN, AND, & NCD erit 
AB : BN = CN : CD; fcd BN = CN; ergo AB :BN s 
BN:CD. CoroU 



\ 
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Corollarium Xlll 

9 
t 

Si prodacatur recla F N , donec fecet drculusu 
ASN ( Fig. 32. ) in C , & a punc*to A per C ducatur 
rccta ACD, erit arcus PF aequalis FN, ajqualis NB; 
Etenim ducla AN, aogulus AN F in femicirculo eft 
rcclus, adeoque reclus eft etiam ANC; quare ACeft 
diameter aequalis AF. Eft igitur FAC triangulum ifo- 
fceles, & quia AN elt perpendicularis bafi FC,angu- 
lus FAN = CAN, &arcusNB = NF; fed, quiaPB 
cft parallela FN, arcus NB = FP; ergo ues arcus PF, 
FN , N B funt asquales • 

Corollarium XW. 

Hinc, fi in circuloABF ducla erit quaelibet chor« 
da AB, & ab extremo A per centrum G ducetur dia- 
rneter AGF, facla AS = AB, & AC = AF, duclif- 
que reclis BSP, CF, erit arcus PNB trifeclus, ut ptr 
tct ez diclis. 

Corollariutn XK 

In Corollario XXIV. Theorematis V. demonflrari 
effe lineam compofitam ex chorda arcus dati, & chor- 
da tertia» partit arcus ad chordam duarum partium ter- 
tiarum eiufdem arcus, ut cadem chorda duarnm parr 

tium 



•is>8 \; T H*OJBL'B M ATA 

tlum tertiarum ad chordam tertias partis. Patct crgo ia 
hac Figura Trifecliouemarcus univerfalem pcndcrc a- 
geometrica folutione huius Problematis: Data quatibec 
chorda P B foper hanc cotiftruere triangotam PNB, 
fegmemo BNP infcriptum , ita ut fit PB + BN :PN 
= PN:NB. 

Scholion l 

; Hoc Theorema non difFert a Propofitione XXlfr 
Partis prima; Inllitutionom Geomctricarum eximii Ma- 
xhcmatici , & Geomctras acutiffimi P. Ab: Grandi , nifi 
in hoc , quod ego circulh proprietati tribuo , quod ipfe 
ad triangula transfcrt • 

THEORBMA VII. 

Datis duobus circulis inaequalibus FNA, & SNL 
(Flg. 33. & 34-) fe mutuo fccantibus-in N, & A , du- 
difque a fcctionibus A , & N diamctris AF, N T utriuf- 
que circuli , erit rcclangulura fub diametro F A -circuli 
jnaioris , & chorda SA minoris aequale reclangulo fub 
diametro N T circuli minoris , & chorda N O maioris , 

Dmonflratio . 

Ducamur reclas NA, & ST. Cum femicircumfc- 
semia FN A fit fimilis N ST , arcus FN fimilis S N , 
* " 7 ob 
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ob angulos ajquales FAN, STN , & arcus AO ftmi- 
lis AT, ob eandenV (attoaein ; ergo , bis demptis a fe- 
micircumferemiis, erit arcusNO fimilis SA; fed chor- 

• • • . , 

-daraTcuotri frmilium farit, ut diamctrT; ergoFA-: NT 
= NO:SA, ac proptefea Veftangutein F^A^J a^tiaffci» 
TNO..Q.e.d, : : V 7 ' - i 



Corollariam l. 



'^ I 



Quia in trianguIis..FAN, T } SN fum anguli NAF, 
NTS a?qualcs, propter arcus firailes FN,SN,& AHF, 
TSN in feroicirculo recTi ,nmngula fvmrfrroitta; cft 
crgo FAj AN = NT; r S^; quare FA XST=AN X 
NT ; cWrcus NQA ,• SAt-fumfimiles ." 

» f 

• • •' j *• * . « . * s : „\ • 

.- ; CoroUariwn II 

Cum fit feroicircumfereritia FPA fimilis NLT, 
& arcus AO fimilis AT, crit arcus FFAO firaiKs 
NLTA, &ducla,FO,.crjt FA»NT=: FOjNA; 
fcd F A : N T = AN ; ST pcr Coroil. pra?c; crgo FO; 
NA = NA;ST. . 



Corollarkui ///. 



\j 



. .- . \ r 



E* <JiAis arcoa AO,AT iftftu firoifes$;<ttgQ aogo- 
!us AST zz AFO , & linea ST paralkl* FO, Ef* et- 
«go NS perpendicularis FO w -H; fcd <sfl AO pctpca- 
dicuUris. FO ; trgo ♦ft-SHOc pafcaielogcanjnwra , • 

Coroh 
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i 

i 

Corollariwn IV, 

Diclum foitCorolI.il. effe FO: NA = NA: ST, 
•deoque FO.X £X=NA»; duc*ta autem per ccmra_ 
PL, rc£angulum PXQ=MXL = NA»; ergo 



4 
FO X S;T ** quadruplum reclanguli PXQ, ieu MXL. 

Corollarium V. 

■ 

. Si diametri F A , N T produclas concurram in B , 
ut in Fig. 33., erit tota FB ad partera SB, utquadra- 
tum chordas FO ad quadratum chordas NA; eft enim 
FB:SB=FO:ST,ob parallelas ; fed per Coroll. II. 
efl FO : ST in ratione duplicata FO ad NA; ergo eft 
FB : SB = FO x : N A*. In hac eadem ratione eric 
ciiam reclangulum NBQ ad NB.T , ut patet . 

CoroUarium Vh 

LineaGR cooneclens centra circulorum FNA, 
SNL cft media arithmetica inter fubtenfas FN, AT 
duclas a punclis F ad N, & A ad T, fi linea N A ca- 
dat imer G, & R, ut in Fig. 33.; & cadem GR a;qua- 
lis cft dimidio differenti* fubtenfas FN a chorda AT, 
fi linca NA cadat ultra centrnm R, ut ia Fig. 34. Eft 
enim in primo cafu FN dupla GX, AT dupla XR; 

crgo 
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ergo FNf AT = 2GR. In fccundo autem cafu e(l 
FN dupla GX , AT dupla RX ; ergo FN — At ell 
dupla GX — RX, hoc eft GR; ergo RG = FN — \% 

2 

&, ob parallelogrammum TANI, = FI. Hoc Corotla- 

2 

rtum rerum eft , etiamfi circuli fe mutuo non fecent ; 
& re&as FN, AT dtrclce ab extremis utriufque diamc* 
tri fint inter fe parallelae . 

Corolhritm Vlh 

Hinc , in Fig. 33. , trapetium FATN «quale erit 

fe&angulo AN X GR; eft enim aequalc FN +» AT X 

2. 
N A . In Figura vero 34. erit triangutum FAI = GR 



XAN; nam eft GR X AN =FN — AT X A N = 

2 

FIX NA,quod produclum eft aequale trianguloFAI. 

2 

Corollarium Plll. 

Cura fit fegmentum circuli F N ftmile SN,NO 
firaile SA, AO fimile AT, femicirculus deniquc FP A 
fimilis femicirculo NZT, his demptis, erit trapetiuou 
FAON fimile trapetio SATN, quse proinde erunt, ut 
circuli, feu, ut quadrata diametrorum* Idem valet in-* 
Fig. 34. Dd THEO; 
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THEOREMA VIII. 

Si duocirculi «equales FNA, SNT(Fig.$5.&$rf.) 
fe mutuo fccabuot io A, & N, du&is 8 fe&ioaibus A, 
& N per ceotra G , & R diaroetris A F , NT; itcra_ 
duc*ta per eadem ceotra lioca GRZ, & chorda AOM 
per punclum O, ubi diameter NT fecat arcum AO, 
occurreote retfas GR io Z, erit GZ ; AG = AG : AO 
= AO;OT, hoc eft lineas GZ, AG, AO, OT erunc 
continuo proportionales , 

Dtmonflrath > 

Ducatur G O % quia FAcft parallela , & «qualis 
NT, eft etiam atcus FN = AO=AT, adeoque eft 
cborda AT = AO = GR, E(r igitur AOT ifofceles, & 
fimile OZR , AGO, AZG ; crgo GZ : AG = AG \ 
AO*=AO;OT, Q.e.d. 

CoroUarhtm L 

Cota fit angulus T AM = AGO , erit arci» TM 
doplus AO; fed AO = AT; ergo TM duplus AT . 
v Patet igitur diametrum NT trifecare arcum ATM. 



Catrol' 
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CoroJlarhtm JL 

Qala trlaogalam AOTcfl ifafceles, erit TRO -k 
AO* = AR»=ZGR; fcd ZGR =GR»^ GRZ, 
& GR» = AO* ; crgo , his demptis , GRZ = TRO 
= AZO. Idem dcmonftratar eodem fere modo in-. 
Fig. $6.. 

Corolhrium IIL 

* » 

Hinc Problema iam fupra folatom , nimirura dato 
circulo ANM, & qualibet re&a noo maiore latere uian- 
guli aequilateri ab eodcm abfcindere arcum ATM ita , 
ut redia data fit chorda tertia* partis eiufdem arcus, re- 
folvi adhuc poterit hoc modo. Ducatur a ceotro R re- 
dh GR aaqualis dats^ Supra GR fiat triaaguluxn AGR 
ilofceles 9 cuius lateta AG, AR fim atqualia. radio cir- 
culi dati; centro G radioGA defcr^batur circulus ANF 
^ANM hunc fecans io A , & N ; a puodlo N per 
centrum R ducatur NT, & a pun&o A per O chorda 
AM. Dico fa<5tura. Demonltratio habetur ex hoc Theo* 
remate . , Btfevius hoc Problema xcfolvjctitr » fl fiet , ut 
radios RT ad lineam datara AT circulo appticatam rta 
eadcm AT ad teniam proportiocialem TO, atque a— 
pundta A,pet O ducetur AOM. 

- v- i D d 2 Corol- 
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Cbrotlarium IV. 



Cum cx hoc Theoremate conftec e(Tc ZG, feu 
ZA: AG = AG:AO, eric reclangulum Z AO fub rc* 
cla ZA, & chorda tcrtiac partts arcus ATM conjtantet 
aequale quadrato radii . Quod fi ex pundto Z in bafirn 
A G fupponatur ducla perpendicularis , haec fecabic bi- 
fariam bafim , adeoque erit rectanguium fub diametro 
FA, & dimidia bafi AG sequale Z AO . Arcus vero a 
punclo A ad pun&um , ubi perpendicularis fecac circu- 
lum FNA, eric *o°. 

Problema Pl> 

Dataqualibet linea AB (Fig. 37.) fuper hanc con- 
ftruerc triangulum ABC ita, ut fit fumma lateris AB, 
& lateris minoris BC ad Iatus aliud A C , ut idem la- 
tus AC ad latus minus BC . 

Refolutio . * 

Fiat in A quilibcc angulus acutus B A C , & in B 
.angulus ABC anguli BAC duplus, ita tamen, uc an- 
guli huiufmodi fimul fumpti finc minores duobus redis, 
atque producaotur latera A C , BC , doacc concurrant 
in C . Dico faclum . 

D9r 
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Dtmonjiratio *» 

'-»S TrI«flgialo.««euq|fcra>«iic cffcol*» AQBD?.guuu 
ingulu* 'A B,G pcf conftfu&joncrj) duphjs crt angult 
CAB, crfr «rcus ACrdupius arcqs Cfi^ crgo : per Co- 
roll; XXI^t. Xhcoft y.„ crit AB +• BC ,; t AQ =; AG i 

BC >,<J fcuflc:.; r, ,'• ' '...'-..•.#:'•.. i ..•<•>, r » 

••• '• ""•'' ' '> 'CbrolhriutTt : '-. ; • - •' • : > 3 

— i . > ... . ,* * 

... Pato-ctgo quolibot «wigolp, A C B, cvlpa/ JajfML* 

huic circumfcribatur circulus ACBD, erit fftmper arcua 
ACB eiufdem circuILtrife&us . ., 



h,..^.? ,*- 1 ^*, 1 * 



i. 



Si J ih : doorSus circulis Wrfcehtrfcif AN^fdiEiH 
( Fig. 38. ) ducantur .duas diametri AC, HG fe mutuo 
fecantes ad angulos Veclos , & per extrema A » & G 
djametrpi^jctofla^ fu&tc/ifa AfiF* eik cjoa.dratunL- 
#fietr.V ; mai9r^ ,$,£ dopJum r*aanguU fob rcjwda» 
F,A ^ctrculi. maioris, & ioterccpta A G intcr utiamcjuc 
diametrum , & quadraturo diametri minoris GH, crit 
^upluoL rt&iDgub fub chorda GI. circuli miaoris» & 
eadem AG inter utramque diametrum . 

Dd 3 De* 
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Dtmmflrath . 

Ducatut line* CF; quia in triangulis AFC, ABG 
angulus AFC in femicirculo cft roclos j cYaagulus AEG 
pariter reclus per conftru&iqoem , aogulus vero FAC 
titrique triangulo eft coramuois , eraoc triaogula fimi- 
lia ; ergo erit AC : AF = AG : AB, adeoque FAG'= 
CAB; fed reOanguluin CAB efl dimidium AC»; er- 
go AC* eft duplum FAG. Fft autem etiam GH* du- 
plum AGI ; nam per Tneor. VI. AGI = HGB ; fed 
HGB = GH* j crgo GH» cft duplun AGI . Q e.d. 



Corollarium I. 

Erit ergo AC» : GH* = FAG : AGl; fed FAG : 
AGI = FA : GI ; ergo AC* : GH* = FA : GI. 

Corollarium U. 

Duclis BI, & AHE; quia aogolus GBI eftsequa- 
lis EAF, erit arcus GI fimilis arcoi CF , qui eft di- 
midium arcus ECF ; crgo erit AC : GH = CF : GI, 
& AC* : GH* = CF* : GI* ; fed per Coroll. prasc. 
AC*:GH* = FA:GI; crgo FA:GI = CF*:GI*. 



Cbroh 
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Ctrollarivm IIU 

1 ) i ;Cum per X2pftil ffraced. fit F A : G I = C F * : <3 1» , 
critrFAXGI*.=:GI XCF», hoc cttFA.XOI = 
CF» . Eft igitur rtclaoguium fub chorda FA, &chor- 
da Gl xquzle qoadrato fubtenf* CF, & cft FA :CF 

= CF':GJ. 

••-•■'•.• '.i 

Corollarium IV. 

Quoniam reclangulum CAB squale eft quadrato 
circulo A N C F infcripto , & rectangulum H G B ajqua- 
le cftquadrato circulo minori IGLH infcripto , etiam 
reclangula FAG, & AGI erunt dictis quadratis gqua-. 
lia . 

Corollarium V. 

Duclis ergo lineis Q G , Q I ; cum fit Q G latus 
quadrati circulo minori infcripti , erit A G : GQ =GQ: 
X3I; quare erunt triangula AGQ, GQI fimilia: erit 
igitvr rcclangulum AQG = AG X QI, boc eft rcctan- 
.gulqnt tx fumraa radM circuli majoris , & radii mino- 
ris ia iatus quadrari circulo miaori rafcripti «quale eft 
redUngulo fub recla A G intcrccpta inter utramquc* 
diamctrutn , & chorda QI circuli miooris . 



Coroh 



** .t: t»»w>M.»i;aaT cia 

. • r Si per cewrdtti -ff Acaiav !ty BfDfj &: q futi&o G 
pertt tSrfJSr.fitqoe MBF0£aJal!bU reclii ft ?', &TCN, 
du<5ris'£D,0C, EC, EF, iS-KvPK, PQ, lecTangfuU 

E^DCX DC, AC X £X ,PK +- P<3 X PG,& 
FA X GI erunt inter fe sequalia ; funt enlnY «quaiuu 
CE% feu CF», feu GJC*. 

Scbcliqu: , . 

» 

, , ', Nqt js . dia r rnetris, A, C , R Q , patet ex Corollar io V 
nota.ni effe ch.ordam QI, ac proinde etiarn arcum Qt5T, 
a quo , fi fubtrahatur arcus QG conftanter po a ,habe- 

■ 

bitur arcus GI. cui flmilis cll arcus £C 9 feu CF/ 






THEOREMA X. 

»•'-'•' ' •' ' ' • • \j ' : : >:i-> .•.ft .'.'1 



* -i 



. » > 



Si fuerint duo circoli ingquato : LFtt Mj IGHK, 
(Figi jp. ) feH' non cohceutrici > cii<usdia«eir» t]m<R E), 
GH, atque ? ab extrerms^inWBiameui K; 6t*ipwieat- 
trema alterius G , &, H diidanrttH- dif*'rd<5i^TA^fE,^. 
concurremes in A, erft feclangulufti fob-tou FA ; , & 
parte IL a- feclione t ad-fecliontfm L ^iutk Fotflaa- 
gulo fub AM , & H E pofita ifrier utrata^ue diametntm . 
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Dmonftrath . 

Ducamur chordae EL, FM in circulo maiorl; item 
H I , G K in circulo miaori . Triangula A M F , A I H 
funt fimilia , cum habeaoc aogulum A M F asqualcm-. 
AIH utrumquc reclum , & angulum A commuoem ; 
ergo AM:AF = AI;AH; ergo AMX AH = AFX 
AI ; fed per circuli proprietatem AM X AE = AF X 
AL ; ergo ab his , demptis primis , erit AM X HE = 
A F X I L . Eodem modo demonflrabitur A E X K M = 
ALXGF.Q.c. d. 

Corollarium ", 

Reclangulum fub linea I L inter utramque chor- 
dam HI, EL, & linea FG inter utramque diamctrum 
G H , E F cfl aequale reclangulo fub linea K M mier 
utramque chordam GK, FM, & linea HE inter utram- 
que diametrum GH, FE; nam , ob triangula fimilia— 
FAM, GAK, cfl FA: AM = AG: AK, ac proinde 
F A : AM = FG : KM; fed, ob triangula fimilia FAM, 
ALE, efl FA: AM = AE: AL = FG:KM, &, ob 
triangula fimilia ALE, AIH, eft AE: AL= AH:AI 
= HE : IL ; ergo HE : IL = FG : K M , & HE X 
KM=ILXFG. 

4 

Scbo- 
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Scbolion • 

Idem , quod diclum fuit fupra, verum crit etiarn, 
fi duo circuli inaequales fe mutuo fecibunt , vel unuj 
crit intra alium , ut duo circuli FMLE,GKIH, 
(Fig. 40.)& eodem modo demonflrabitur , quemadmo- 
dum clarum eft . 

Problma VIL 

Data qualibet linea LA, ( Fig. 41.) que circulo 
poflit applicari, &circuIoLAMF ab eodem fecare ar- 
cum F M ita , ut rccla F E =: L A fit fubtenfa duarum 
partium tertiarum eiufdem arcus. 

4 

Refolutio . 

Circulo applicetur rcda data L A ; bifariam divi- 
datnr in B, & a puoclo B per< centrum ducatur BCE: 
addamur AE, LE, & fiat LF parallela AE: a punclo 
L per C docatur LCM , & coniuogantur FM , FE : 
dico factua . 

■ * 

Demonfiratio . 

* 

Cum fit L F per conftruftipnem parallela A E , 
chorda LA = FE, & triangola EOA, FOL funt ifo- 
fcelia , adcoquc tou EL = FA = AE; quare triangula 

LEA, 
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LEA, FAE funt ifofcelia ,- & «rqualia; ergo angulue 
LEA = LCB = FAE=: ECM; fed angukw FAE ad 
circorofcrcmiam, & ECM ad centrum; ergo arcusFE 
duplus E M . Q. c. d, 

Corollarium * 

Cura fit per conflruclionera F L parallela A B , 6c 
jlla (lt perpendicularis FM, erit etiara AE eidero pcr- 
pendicularis ; quare erit FA^EM^FE^AM*; 

fed per Coroll. XXIV. Theor. V. FE» = FM<-EMX 
EM;ergoFA»*- EM*=FMX EMt EM^AM», 
&,demptoutrinqueEM*,FA*:=FM X EM+- AM*» 

SchoUon , 

Hunc cgo Tradteturo infcripft ; Tbtoremata ad TH- 
feflionem arcuf fertinentja . Duplex autera me impulit 
caufla , ut hunc hifce Theorematis titulum impooerem ; 
Problema nempe Taurinenfe dc Enqeagono in circulo 
defcribendo, quod ad ba?c exaranda eft adhortatum ; 
& nonnull» chordarum relationes , quaj ex iifdem infc- 
runtur , quseque , ob refpeclum , quem habent chorda? 
ad arcus, ad corum perfccliorcrn cognitionem coodu- 
cere fortaffe nos poiTent ; ex qua poftca , etfi vix fpc* 
randum , Probleroatis etiam folutio geomctrica dc tri- 
fedtione arcus , vel etiam univerfalior de ciufdem divi- 

fiooe 
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fione in dau quacumque tatione poflet prodire . Cste- 
tum vcrios ipfum dcbuiflem Traclatum infctibete : Tbto- 
remata de variis Cirenlorum potijjftmum fe mutuo fecantium 
affeCiimibus . Veritates autem , quse ex mutua duotum 
citculotum fedtionc oriumur.ab iis profeclo non erunt 
tejiciendae , qui notunt , quid commodi attuletint Ma- 
thefi mutuas cutvatum feclioncs ■ Fateot tamen , me_. 
hanc vix delibafle matetiem , ut eius potius ideam ex- 
citatem, quarn, ut ttte eandem perpenderem: eam ni- 
hilominus geometricis non carere ptoprietatibus non ob- 
fcure animadverti . Hinc fpero alios acutiori ingenio 
prxftaotes Geometras , atque tranquilliori fruentes otio , 
quam mihi Gt conccflum , illud efle petfccluros , quod 
cgo vix indicavi. 
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